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for the Blunt Crack Model and the Sharp Crack Model
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Introduction
In assessing the safety of a liquid metal fast breeder reactor
(LMFBR), a major concern 1s that of hot sodium coming Into contact
with either unprotected concrete or steel-lined concrete equipment
cells and containment structures. An aspect of this Is the ootential
of concrete cracking which would significantly Influence the safety
assessment.
Concrete cracking 1n finite element analysis can be modeled as a
blunt crack 1n which the crack 1s assumed to be uniformly distributed
throughout the area of the element. A blunt crack model based on the
energy release rate and the effective strength concents which was
Insensitive to the element size was presented by Razant and Cedolin
[1], Some difficulties were encountered In Incorporating their
approach Into a general purpose finite element code [2]. An aonroach
based on the J-1ntegral to circumvent some of the difficulties was
proposed by Pan, Marchertas and Kennedy [3].
Alternatively, cracking can also be modeled as a sharn crack
where the crack surface Is treated as the boundary of the finite
element mesh. The sharp crack model Is adopted by most researchers
and Its 0-Integral has been well established [4,5]. It 1s desirable
to establish the correlation between the J-1ntegrals, or the energy
;release rates, for the blunt crack model and the sharp crack model so
that data obtained from one model can be used on the other.
J-Integral for the Sharp Crack Model
If a crack of length a Is assumed to advance In the x-d1rect1on,
the rate of energy change can be shown to be the well known J-Integral
[4]
0 « / (Wdy - T ~ d t )

(1)

where x and y are Cartesian coordinates with y perpendicular, to the
crack surface, W is the strain energy, T Is the surface traction, U 1s
the displacement, d£ Is a line segment In an arbitrary integration
loop surrounding the crack tip. If the Integration is reduced to an
linfinitesimally small loop surrounding the crack tip, then
0 - /t1p Mdy
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J-Integral for the Blunt Crack Model
I f the same crack described 1n the above section 1s modeled as a
blunt crack, then the material In the crack s t i l l retains Its load
carrying capacity In the x-d1rect1on. In this case, the rate of
energy change associated with the crack advancement was shown In Ref.

[3] X

where CL I S the stress and e^ Is the strain In the x direction before
crack advances. It Is noted that the first term 1n Eq. (3) Is eaual
to the well known J-Integral and the second term accounts for the
remaining load carrying capacity of the cracked element. Hence, G and
J differ by a constant
G - k • J » k • / (Wdy - T • |j- di)

(4)

where the Integration is performed in an arbitrary path surrounding
the crack t i p .
Since the tip of a blunt crack is not the same as that of a sharp
crack, J values evaluated by Eqs. (1) and (4) may not be the same.
However, i f the distribution of the elastic field of a blunt crack is
similar to that of the sharp crack, then a correlation can be established between the two J values.
Numerical Results and Conclusions
Numerical results for the J-Integrals of the sharp crack model
and the blunt crack model were obtained for the static problem of a
center-cracked plate subjected to uniaxial loading. The f i n i t e element mesh for the sharp crack model 1s shown 1n Fig. H a ) . Three
different meshes for the blunt crack model are shown in F1gs. K b ) and
(c) where the solid line shows the coarse mesh and the dotted line
shows the refined mesh. The shaded area Indicate the blunt crack.
The zig-zag crack band in the slanted mesh shown in Fig. H e ) was
predicted by the procedure reported in Ref. [ 3 ] . All computations
were carried out for E * 2.193 MN/mz, v « 0.2, b « 0.24 m, h » 0.26 m
and J c * .0236 MN/m. The applied stress a was kept at 5000 H/vr for
all runs. The Integration loop for the J-integral 1s shown as the
bold Hne In Figs. H a ) - ( c ) . The calculated J-integral values and the
stress multiplier a, where ao gives the critical stress for crack
extension, are plotted in Fig. l ( d ) . I t is noted that the values for
the sharp crack model and the blunt crack model correlate with each
other very well. Hence, the following conclusions can be made:
(1)

The J-integral approach Indeed can be used with the blunt
crack model. Also, I t can be seen that the zig-zag crack
band can be used to represent the straight crack as long as
the length of the crack is taken to be the projected length
on the crack direction.
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Sharp Crack.Model
Blunt Crack Model In Rectangular Mesh
Blunt Crack Model In Slanted Mesh
Variation of the Load Multiplier and the J-Integral
vs. the Crack Length to Plate Width Ratio.

(2) Since the J-Integrals for the blunt crack model and the
sharp crack model are the same, they can be used Interchangeably.
References
[1] Bazant, Z. P. and Cedolin, L., "Blunt Crack Propagation In Finite
Element Analysis," Journal of the Engineering Mechanics Division,
ASCE, Vol. 105, April 1979, pp. 297-315.
[2] Marchertas, A. H., Kulak, R. F., and Pan, Y. C , "Performance o*
the Blunt Crack Approach Within a General Purpose Code," in
"Nonlinear Numerical Analysis of Reinforced Concrete," ed. by L.
E. Schwer, The American Society of Mechanical Engineers, N.Y.,
1982.
[3] Pan, Y. C , Marchertas, A. H. and Kennedy, J. M., "Finite Element
Blunt Crack Propagation - A J-Integral Approach," Transactions of
the 7th International Conference on Structural Mechanics 1n
Reactor Technology, Chicago, 1983.
[4] R1ce, J. R., "A Path Independent Integral and the Approximate
Analysis of Strain Concentration by Notches and Cracks," Journal
of Applied Mechanics, Vol. 35, 379 (1968).
[5] Kanninen, M. F., Popelar, C. H. and Rroek, D., "A Critical Survey
OP the Application of Plastic Fracture Mechanics to Nuclear
Pressure Vessels and Piping," Nuclear Engineering and Design,
Vo?. 67, 1981, pp. 27-55.

DISCLAIMER
This report was prepared as an account of work sponsored by an agency of the United States
Government. Neither the United States Government nor any agency thereof, nor any of their
employees, makes any warranty, express or implied, or assumes any legal liability or responsibility for the accuracy, completeness, or usefulness of any information, apparatus, product, or
process disclowd, or represents that its use would not infringe privately owned rights. Reference herein to any specific commercial product, process, or service by trade name, trademark,
manufacturer, or otherwise does not necessarily constitute or imply its endorsement, recommendation, or favoring by the United States Government or any agency thereof. The views
and opinions of authors expressed herein do not necessarily state or reflect those of the
United States Government or any agency thereof.

Pan

