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ABSTRACT
Results of series of studies, on natural convection heat transfer in decay-heated core melt
pools which form in a reactor lower plenum during the progression of a core melt-down
accident, are described. The emphasis is on the modeling and prediction of turbulent heat
transfer characteristics of natural convection in a liquid pool with an internal energy
source. Methods of computational fluid dynamics (CFD), including direct numerical
simulation, were applied for investigation. Since, the studies performed resulted in papers
published in proceedings of the technical meetings, and in journals, copies of a set of
selected papers are attached to provide details. A summary of the results obtained is
provided for the reader who does not, or cannot, venture into the perusal of the attached
papers.
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. INTRODUCTION

This report describes the studies performed at the Division of Nuclear Power Safety on
analysis of natural convection heat transfer in a core melt pool which forms in the reactor
pressure vessel lower head during the progression of a core melt-down accident. These
studies, which started in 1994, are sponsored by US Nuclear Regulatory Commission (US
NRC)in cooperation with the Swedish Nuclear Power Inspectorate (SKI). This report is
submitted to US NRC and SKI as final report for the project.

2 . BACKGROUND
Recently, the concept of arresting the progression of a severe accident in a light water
reactor (LWR) vessel, through external cooling, has gained a substantial following. The
concept has considerable appeal, since the ex-vessel progression of the severe accidents,
and major threats to containment integrity, are eliminated.
The vessel external cooling concept, employed as an accident management measure,
was investigated for the Loviisa pressurized water reactor (PWR) plant in Finland [1][6] and has been approved by the Finnish regulatory authority STUK. In the USA, the
design of the advanced passive reactor AP-600 employs flooding of the complete vessel as
the reference accident management measure [7]-[10] to contain the core melt within the
vessel, and terminate the severe accident. More recently, vessel lower head cooling, as an
accident mitigation measure, has been investigated for the Zion PWR [11]-[13] and for a
BWR [14].
The thermal loading imposed by the melt on the reactor vessel lower head has been
the major focus of the above studies. The objectives were to determine (a) whether the
imposed heat flux exceeds the heat removal capability (critical heat flux) on the vessel
external surface, (b) the potential for melting of the vessel wall under the thermal loading
from the inside surface and (c) the pressure bearing capability of the vessel wall held at
high temperature inside and low temperature outside.
These studies have been supported by experimental programs conducted at various
facilities. The COPO experiments, conducted in Finland, have provided data for heat
fluxes as a function of the azimuthal angle for a half-scale two dimensional slice representation of the torospherical lower head of the Loviisa reactor. The UCLA experiments
[7],[8] have employed a three dimensional vessel head at a much smaller scale than the
COPO facility. The French have started a program named BALI [15] using a full scale
slice geometry representation of a the spherical lower head of the French PWRs. These
experimental programs have employed simulant materials to represent the corium melt
1

and the vessel wall.
An experimental program using prototypic materials for core melt and vessel, started
in July 1994 at the Kurchatov Institute under the sponsorship of the OECD/CSNI/NEA
and the Russian Ministry of Atomic Energy have recently conducted a ~1/5th-scale experiment. Simultaneously, experimental programs pursued at UCSB in the ULPU facility
[5], and at Sandia National Laboratory in the CYBL facility [16], have investigated the
critical heat flux for the boiling process initiated on the flooded outer surface of the vessel.
The progress in the evaluation of the technical areas and the experimental programs
was last reported at the OECD/CSNI/NEA Workshop on Large Molten Pool Heat Transfer held in Grenoble, France. The lead paper by Okkonen [17] provided an overview of
the issues and the progress made to date in the analysis, and the experimental programs.
The key distinguishing feature of the large self-heated core melt pool, resident in the
lower head of the vessel of a LWR, is natural circulation at very high Rayleigh number
(1014 — 1016). The flow is turbulent and the imposed heat flux on the vessel wall varies
greatly over the azimuthal angle. The COPO data [2], measured at Rayleigh numbers of
1014 — 1015, have shown that the heat flux is very low at the bottom part of the head and
rises to substantial values in the upper elevations of the head; and along the vertical wall
of the vessel. This measured behavior is very fortunate, since the heat removal capability,
due to the boiling process on the outside surface of the head, has also been found to vary
in the same fashion. Thus, the feasibility of in-vessel melt retention becomes possible,
if it can be demonstrated that the heat removal capability is substantially larger than
the thermal loading everywhere along the circumference of the lower head. Prediction of
the heat fluxes, in prototypical situations, have relied on representation of the turbulence
in the high-Rayleigh-number melt pool, through the standard (k — e) models. Analysis
of the COPO and the UCLA experiments, performed with these models, have not been
successful, since the discrepancies between the measured and the calculated results have
been very large. It has been found that advanced turbulence models would be needed to
correctly predict the flow field and the heat transfer characteristics of a high-Rayleighnumber melt pool. The work [18], which formed the basis of this statement, was reported
in Grenoble.
Natural convection flow and heat transfer in fluids with internal energy sources are
also of interest for geophysical and astrophysical systems. Fluid dynamics and heat transfer in such systems (e.g., earth mantle, stars, and decay-heated nuclear reactor core melt)
are driven by natural convection, induced by the volumetric heat generation. Dimensionless groups for the description of the natural convection process are the Rayleigh number
(Ra = ^——gP) and Prandtl number (Pr = vja). The Prandtl number is a liquid property, however, the Rayleigh number strongly depends on the characteristic size (height)
of the liquid pool (H) and the rate of internal heat generation (qv), as well as the physical
properties of fluid. Thus, the Rayleigh number is high (~ 1016) in a large system, and

in systems with high heat generation density. Since, a significant fraction of the heat
generated in the pool has to be removed through its upper isothermally-cooled boundary,
the flow field consists of countercurrent ascending hot-plumes and falling cooled-blobs.
The flow field is inherently unsteady and unstably-stratified. It may be turbulent, even,
at relatively low Ray lei gh number (~ 106). Analytic description and prediction of the
flow field has been hampered by our knowledge of the character of turbulence in such
flow fields.
Turbulence modeling for such flow fields has been a subject of study at KTH. In a
previous study [18], we showed that the widely-accepted engineering approach, employing
a low-Reynolds-number k — e model, failed to describe both energy splitting (upward vs.
downward heat transfer) and local heat flux distribution for the high-Rayleigh-number
conditions of interest. In order to provide a basis for developing the appropriate description and prediction methods, data on turbulence structure and characteristics are needed.
There is only one measurement of the temperature fluctuations in an internally-heated
fluid layer [19]. No systematic experimental studies to obtain the turbulence data in such
flow fields have been performed.
In order to produce a turbulence data base, direct numerical simulation (DNS) can be
employed. In this method, the full three-dimensional time-dependent conservation equations of mass, momentum, and energy are solved on grids which resolve the largest and
the smallest scales of turbulence. The calculated time-dependent flow and temperature
fields can, then, be analyzed for the fluctuations induced by turbulence. In general, such
a calculation has to be performed with a very fine grid structure to adequately represent
the small scale turbulence in the flow fields of interest. In the past, DNS has been used
(in FZK, Germany) for analyzing natural convection heat transfer in fluid layers with
internal heat generation with low values of Ra numbers (3-104 4- 4 • 106) [20].
Since, the in-vessel melt retention may become an important safety objective in the
design of the future and, perhaps, in the accident management of current plants, care
has to be taken in studying the various phenomena which are related to the issue resolution. The basic objective is to predict the relevant phenomena for the prototypical
accident conditions. Thus, the applicability of the measured data, or the correlations
derived from the measured data, has to be established and the uncertainties determined.
In this context, most uncertainties are introduced by the non-prototypicalities in the
experiments. Examples of those for the melt pool experiments are (i) use of simulant
fluids, (ii) differences in the boundary conditions from those at prototypic conditions,
(iii) differences in the mode of heat generation and/or in heating uniformities. The uncertainties in the application of the data base, or correlations, can be evaluated, through
detailed calculations which have been validated as much as possible. That is the focus of
the studies, summarized in the following pages, and published recently in proceedings of
various meetings and in the archival literature.
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. OBJECTIVES

Present studies aim to develop understanding of physics of fluid and heat transfer in liquid
pools with internal energy source. Both experimental and analytical bases, on which
current reactor safety assessments are built, are examined with respect to applicability of
existing knowledge for predicting reactor prototypic processes. In particular, engineering
turbulence models and experimental heat transfer correlations, obtained from simulant
and small-scale experiments, are analyzed. It is crucial to identify and assess effect of
non-prototypic conditions of experiments on heat transfer results of interest. For example,
special emphasis was placed on thr potential effect of Prandtl number of core melt.
Predictive capabilities of k — e models and Reynolds stress turbulence models are
examined. We believe that advanced turbulence models, and reliable numerical schemes,
have to be developed before it becomes possible to obtain good estimates for the imposed
heat flux on the vessel lower head wall in prototypic situations. For this purpose, turbulence "data" have to be obtained, and analyzed, in order to validate specific engineering
turbulence models.
Experimental methods, in particular, the methods for simulating internal heating,
are examined, namely, side-wall heating, direct electric heating and transient cooldown
method.

4

. APPROACH

Methods of computational fluid dynamics are employed for analysis purposes. The
methodology employed in our studies is to extensively validate computational models
against available experimental data, and, then, apply the models as research vehicle for
predictions and comparative analyses.
A commercially available, general-purpose computer code CFX (FL0W3D) [21] is
employed for calculations. Analyses are performed to evaluate grid resolution and time
step requirements for the DNS calculations. The time-average of top wall heat fluxes, the
temperature fields and the Reynolds stresses are determined. Performance of different
assumptions used in k—e, and Reynolds stress, modeling are examined against turbulence
"data" obtained from DNS.
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. SUMMARY OF RESEARCH RESULTS

The research work performed at RIT, within US NRC project, can be divided into three
parts, namely, 1) investigation of turbulent natural convection heat transfer characteristics, and examination of the capability of turbulence models, 2) examination of experimental methods and experimental heat transfer data base with respect to their applicability for reactor prototypic conditions, 3) prediction of potential effect of Prandtl number
of core melt.
In the first part, development, validation, and application of numerical methods and
models were performed to analyze turbulent heat transfer characteristics in a liquid pool
with an internal energy source, with particular emphasis on physics of the unstable stratification region.
In the second part current understanding of experimental data base was advanced by
comparative analyses, and by simulations of experiments performed in the past.
In the third part systematic examination of potential effect of core melt Prandtl
number on surface-average and local heat transfer characteristics was performed through
a computational fluid dynamics (CFD) code,

6.1

Turbulence modeling and turbulent heat transfer characteristics

6.1.1

Turbulence modeling (paper No.l)

Natural convection heat transfer in a volumetrically heated liquid pool under highRayleigh-number (up to 1015) conditions is investigated. The available turbulence modeling techniques are first reviewed, with a particular emphasis on selecting models capable of treating the mechanisms of turbulence relevant to high-Rayleigh-number natural
convection. As a practical exercise, numerical analyses are performed for experiments
simulating a molten corium pool in the lower head of an externally cooled VVER-440
reactor pressure vessel (COPO) and Steinberner-Reineke experiments in a square cavity.
It is shown that standard forms of the low-Reynolds-number k — t model fail to describe
turbulent natural convection heat transfer regimes prevailing in these experiments.
Natural convection in a volumetrically heated corium pool at high Ra numbers is,
then, analyzed with a new low-Reynolds-number k—e model to describe the stratificationinduced non-isotropy of turbulence with the eddy-diffusivity approach. The buoyancyinduced turbulence anisotropy is modeled by means of the local Richardson number.

Phenomenological corrections are proposed for the turbulent Prandtl number and the
near-wall viscosity, accounting for the effects of density/temperature stratification on
turbulence.
These corrections were employed in the k — e model to produce excellent agreement
with the experimental data obtained in the Finnish COPO experiments [22], [2] and
Steinberner-Reineke tests [23]. Most importantly, local heat fluxes on vertical and curved
pool boundaries are correctly predicted by the model. Nevertheless, we should note that
these modifications of the low-Reynolds-number k — e model are experiment-specific: they
cannot compensate for the fundamental deficiencies of the two-equation turbulence model.
For reactor cases, the proposed corrections should be validated, and this requires greater
experimental data base at high-Rayleigh-number conditions. Local temperature and
velocity measurements, and data on turbulent intensity distribution in different regions of
density/temperature stratification, are essential for development of more general models
to describe the turbulence characteristics.
The analytical estimates of turbulent heat fluxes have shown that the buoyancyinduced stratification in the vicinity of the upper horizontal cooling surface induces very
complicated effects on turbulence, and creates difficulties in accounting for these mechanisms in the k-e framework. By making certain assumptions about relative values of
turbulent stresses and turbulent heat fluxes, in corresponding regions of liquid pools,
theoretical correlations for turbulent Prandtl number and turbulent viscosity can be obtained for the turbulence field. These results can then be employed in a k-e model to
reduce the phenomenological inadequacy and empiricism of this model.
In general, description of turbulent buoyant flows will, eventually, require application
of an advanced Reynolds-stress model. However, there are significant uncertainties in
the formulation of the higher-order models; and difficulties in implementing these models
into a general Navier-Stokes code. The aim of any additional development in turbulence modeling should be is to find the level of modeling, which can provide acceptable
agreement with experimental data, but still remain simple enough to be employed for
the solution of complex three-dimensional flows with irregular boundaries. In fact, most
computer programs developed for reactor applications are based on the two-equation turbulence models. It is believed that the approach developed in this study can contribute
to further development of efficient computational methods for estimating heat transfer
in large volumetrically-heated liquid pools. After further checking and validation, these
methods could be fruitful in analyzing prototypic melt pool behavior, and, in particular,
the sensitivity of heat flux distributions to variations in the geometry of the vessel lower
head and of the properties of the prototypic core melt material.

6.1.2

Direct numerical simulation (Paper No.2)

Direct numerical simulation (DNS) of naturally-convecting flow in internally-heated fluid
layers, with a constant temperature boundary condition on the upper surface and an adiabatic boundary condition on the bottom surface, was performed using a finite-difference
method. This approach enabled the determination of the top wall heat fluxes, the mean
temperature fields, the distributions of Reynolds stresses and turbulent heat fluxes. Good
agreement with heat transfer data was achieved for Ra numbers up to 5 • 1012, but reliable turbulence data were obtained only for several Rayleigh numbers in the range 5-106-§5-108. In particular, the calculated Nusselt number, temperature distributions within the
fluid layer and temperature fluctuations are in good agreement with the experimental
data of Kulacki et al. [19], [24]. Also, the calculated turbulent heat fluxes agree well with
those predicted by the analytical model of Cheung [25].
The turbulence data obtained are important for developing Reynolds-stress type correlations and finding reliable methods for describing turbulent natural convection heat
transfer to the isothermally cooled upper surface in an internally-heated liquid pool.
The calculated turbulent characteristics (Reynolds stresses and turbulent heat fluxes)
indicate significant anisotropy of turbulent transport properties. So, the isotropic eddy
diffusion approach cannot be used to describe turbulent natural convection heat transfer
under unstable- stratification conditions.
Analysis of the thermal-variance-balance showed an important role of diffusive transport of T'2, and remarkable non-equilibrium of thermal-variance ET- Turbulence constants, needed for modeling of turbulent diffusion, and of dissipation of thermal-variance,
are shown to be strong functions of Rayleigh and Prandtl numbers, and are non-uniformly
distributed in the fluid layer. Thus, developing a higher order turbulence model for this
type of flow, is not straightforward.
Fluids with two different Prandtl numbers (Pr = 7 and Pr = 0.6) were investigated.
Similar thermal fields were obtained for different Pr numbers, however, remarkably different hydro-field results were calculated. As a consequence, important turbulence parameters and constants are shown to be strongly dependent upon the fluid Prandtl number.
Finally, it is worth mentioning that the numerical method and simulation approach,
utilized in the present work, are sufficiently robust and general. The technique can,
therefore, be used for studies of turbulent natural convection flows in complex geometries.

6.2

Applicability of experimental heat transfer data base

6.2.1

Quantification of non-prototypic conditions: a scoping study (Paper
No.3)

As the in-vessel melt retention is becoming an important accident management measure
for some existing plants and for some advanced, medium-power light water reactor designs, some care has to be taken in studying various phenomenological aspects relevant to
issue resolution. The basic objectives of the past, and current, experiments and analyses,
related to large core melt pools in the reactor vessel lower plenum, are (a) obtain insight into the physics of the heat transfer process and (b) determine the thermal loading
imposed on the lower head under prototypical conditions of interest.
Experimental investigations of heat transfer under conditions of interest might be
classified into two main groups: (i) large scale simulant experiments and (ii) small-scale
real material tests. In present study, it was found that that careful scaling and other
design considerations are crucial for planning and analysis of the core melt tests, and to
assure the applicability of data from the simulant experiments to prototypical situations.
In general, one should consider four different experimental scaling and design issues, which
are caused by (1) physical properties of the simulant fluids, (2) geometrical configuration
of melt in the tests, pools, (3) boundary conditions, and (4) heating methods.
The common approach to melt pool simulant material experiments is to express the
measured heat flux data in the form of correlations, Nu — f(Ra). The relatively smallscale experiments using reactor materials, as a rule, involve problems to demonstrate
their relevance to prototypic conditions e.g., due to applied heating methods, slice geometry of melt pools, low values of the Rayleigh number, and other measurement and test
performance problems. Analytical modeling has not, so far, proved reliable to describe
turbulent natural convection flows and heat transfer at Raleigh numbers of 1016 that
would exist in the large core melt pools in the lower head. Moreover, the set of identified,
important physical phenomena may require separate-effects investigations by experiments
and/or modeling. Certainly, the highest priority has to be given to the phenomena, that
could have the largest effect on heat fluxes imposed on melt pool boundaries.
In the present study, an overview is provided for the scaling and other design-effects of
internally-heated natural convection heat transfer experiments. The most reliable calculations performed have modeled relatively low-Rayleigh-number regimes (Ra up to 1012).
These are adequate to predict thermal hydraulics in small-scale corium-melt experiments,
and to assess sensitivity of heat fluxes to selected separate effects. However, for Ra > 1012
there are several phenomena whose significance can only be assessed reasonably. We have
performed original computations for liquid pools with internal energy sources to quantify
the general trends of the effects of various parameters.

First, calculations performed for Ra < 1012 in square and semicircular cavities show
that descending boundary flows are able to penetrate into the bottom part of liquid
pools with small fluid Prandtl numbers (Pr = 0.6-1.2), rendering thus conditions for
destabilization of the lower fluid layers and, therefore, enhancing heat transfer to the
lowermost part of cooled pool walls.
Second, it was shown that effects of temperature dependence of physical properties
have to be taken into account when melt superheat over the melt solidus point is low
which could be the case in small-scale corium melt experiments, since corium properties
chang significantly near the solidus temperature for the particular corium mixture.
Third, slice thickness-to-height ratios, Ax/H, should be more than 0.25 for slice
experiments, in order to eliminate wall effects of face and back surfaces.
Fourth, the side-wall heating method would be useful for experiments with prototypical core melts, should related design effects be accounted for in experiment analysis and
interpretation.
Finally, it was shown that the magnitude of of the Lorentz force are proportional to,
both, the electrical conductivities and their temperature variations. In order to achieve
conditions where influence of electromagnetic forces on natural convection flow and heat
transfer is minor, the height-to-power and oxide-to-metal ratios should be chosen through
test of design calculations. For this purpose, an appropriate analysis method was developed in this paper.

6.2.2

Three-dimensional effects and side-wall heating (Paper No.4)

Computational modeling has been carried out in order to explore the heat transfer characteristics of naturally convecting volumetrically and side-wall heated melt pools in order
to delineate the differences between the two methods of heating to represent the prototypic conditions. Rather high Ra numbers (~ 1012) were selected for the numerical
analysis. For such Ra numbers, uncertainties in turbulence modeling do not overwhelm
other uncertainties in modeling. Even if the flow field at Ra = 1012 may be quite similar
to that for higher values of Ra number; extrapolation of the summary given below to Ra
numbers higher than 1012 should be made with caution.
3D computations of natural convection flow field provide higher heat transfer rates
to the cooled upper pool surface than the 2D simulations. Therefore, 3D modeling is
recommended for the analysis of slice geometry experiments.
The 3D modeling results confirm the significant effect of fluid Pr number on heat
transfer rate distribution in the lowermost part of the hemispherical pool. It was found
10

that the descending boundary flows penetrate the stagnant fluid layer at the bottom part
and increase the heat transfer. This is significant for the convergent geometry of the
spherically bottomed lower head.
The numerical analyses performed, have provided a more solid basis for obtaining
insight into the physics of side-wall heated natural convection flows and heat transfer.
The calculational results indicate significant 3D effects in the side-wall heated melt pools
when slice thicknesses is varied. These effects are quite minor for the internal heating
case. In general, the side-wall heated experiments would not simulate the prototypic
decay-heated melt pool in the lower head. However, for certain slice thickness-to-pooldepth ratio the heat transfer characteristics at the downward surface are similar in the
side-wall and internal heating cases. The upward heat flux magnitudes are, however,
significantly different.

6.2.3

Transient cooldown technique (Paper No.5)

A recently developed experimental approach to determine natural circulation heat transfer characteristics of a volumetrically-heated liquid pool, namely, transient cooldown [26],
was examined numerically. The finite-difference method was employed to obtain the heat
fluxes in the fluid layers and in a hemispherical cavity under transient cooldown conditions, which were compared to those obtained with the internal heating experimental
method. The pseudosteady-state experimental technique was also examined and the results obtained were compared with those of transient cooldown and internal heating cases.
The results of analysis may be summarized as follows:
The transient cooldown method provides an excellent representation of the internal
heating in the unstably stratified regions of the pool, since it provides equivalent mixing
level and turbulent motion length scale;
The stably-stratified regions near the pool bottom, whose volume may depend upon
the Ra number, may not be as well represented. The heat flux from those regions to the
pool wall is determined primarily by conduction and not by the boundary layer flows,
as in the unstably stratified regions. The absence of the volumetric heat source in the
transient cooldown case, and the low level of fluid motion may result in storage of cold
fluid on the cooled bottom, resulting in lower heat flux measurements. These remarks are
derived from the results calculated for Ra = 1012 to 1014. It is possible that for Ra = 1016,
prevalent in the prototypic accident conditions, the extent of the stably stratified region
may be smaller than that found in this study, i.e. 0 < <f> < 15°.
The large effect of the Pr number, below Pr — 1, on the calculated heat flux from
the stably-stratified region of the pool, found earlier for the internal-heating simulation,
may not be well represented by the transient cooldown method. However, the pseudo11

steady-state natural convection calculation agreed much better with the internal heating
calculation.
We believe that the numerical method developed here provides good estimates and
trends for the characteristics of the liquid pool natural convection heat transfer. An
analysis of various experimental options can be performed. The simulations described
here, however, do not extend to the conditions of Ra = 1016, where the turbulence effects
axe large, and whose general representation in the 3D numerical calculation has not been
achieved so far.
We recommend that comparison of the internal heating (IH), transient cooldown
(TCD) and pseudo-steady-state natural convection (PSSNC) methods, e.g. in the COPO
test facility with Ra ~ 1016, be performed. The heat fluxes in the pool bottom region,
where stably-stratified liquid layers may develop and accumulate, should be examined
experimentally, to delineate any difference between the three methods.

6.3

Prandtl number effect (Paper No.6)

The work is devoted to a systematic analysis of the physics of natural convection in
internally-heated fluid pools with different Pr numbers, in isothermally-bounded, twodimensional closed square, semicircular and elliptical cavities, three-dimensional semicircular slice and hemispherical enclosures.
The results of the calculations showed that the fluid Pr number has relatively a small
effect on the averaged Nu numbers in the convection-dominated regions. The decrease
of Pr number may cause the decrease of averaged Nu numbers on the top and side
walls of cavities, up to 30% for the Pr number range considered (Pr ~ 0.2 H- 7). In the
conduction-dominated regions (stably-stratified bottom part of enclosures) the influence
of fluid Pr number on heat transfer is more significant and it grows with increasing Ra
number. Fluids with lower Pr number have relatively low viscosity and high thermal
conductivity in comparison to those for fluids with higher Pr number. The low viscosity
(i/-phenomenon) causes weak resistance of the stratified layers to the penetration-attack
of the descending flows from the convection-dominated side wall region; and from falling
thermals from the unstably-stratified top wall region. So some parts of the bottom layers
for low Pr number fluids may cease to be stably-stratified. In such cases, flow convection
may lead to higher Nu numbers. The other effect is from the relatively higher thermal
diffusivity- a-phenomenon in fluids with low Pr number. This leads to the higher heat
conduction rates in the stably-stratified regions. The size of stably-stratified regions, and,
therefore, the extent to which the two v or a phenomena dominate, depend on the cavity
geometry (curvature of the bottom wall) and on the Ra number.

12

The Nusselt number around the bottom surface of the square cavity is, thus, affected
by the fluid Pr number. Both the averaged Nu number and its local distribution on
the bottom wall are higher for lower Pr number fluids. The curved downward wall
of the semicircular cavity can be divided into the convection-dominated part and the
stably-stratified part. The Nusselt number is lower in the convection-dominated part
and higher in the conduction-dominated part, as the fluid Pr number decreases. These
effects, however, compensate each other on the average and the overall bottom wall Nu
number is not significantly affected by the fluid Pr number. Similar behavior of the
bottom Nu number was observed in cases with elliptical cavity.
Three-dimensional computations for semicircular and hemispherical cavities confirmed
the fluid Prandtl number effects discovered by two-dimensional computations. The geometrical 'convergence' of the curved bottom wall in hemispherical enclosures leads to
stronger Pr number effects than those in a semicircular cavity.
We recommend that simulant experiments using low-Prandtl-number fluids and pool
configurations of interest, such as semicircular, elliptical or hemispherical cavities be
performed. The objective will be to validate the local Nu number effects found in this
paper, and to account for them in correlations for the local Nusselt numbers along the
cavity wall. Computational analysis similar to that presented in the paper has yet to be
performed for high Ra numbers (1013 4-10 17 ), since a reliable turbulence model, verified
by an experimental data base has not yet been developed.
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. CONCLUDING REMARKS

We believe that the situation with respect to prediction of thermal loadings on the vessel
wall due to the natural circulation heat fluxes can be summarized as follows:
• The decay-heated corium melt natural circulation flow fields for the prototypic
conditions, during the postulated severe accident, are highly turbulent.
• The Rayleigh number (Ra) serves as a reliable correlation and scaling parameter
for the average heat fluxes, imposed on the boundaries, by the melt pool. The
correlations, derived from the data obtained in the scaled experiments with simulant
materials, may, even, be extended to higher values of Ra numbers, and, thus, apply
to the prototypic conditions.
• The experiments, however, are not always perfect, i.e., they may have non- prototypicalities in heating and heating-uniformity, in boundary conditions, use of
simulant fluids instead of corium, etc. The effects of such non- prototypicalities on
the measured thermal loadings can be determined, either through further separateeffect and integral experiments, or, through detailed calculations,
• It has been demonstrated, through analysis of the many experiments performed
with naturally-circulating pools, that detailed mechanistic CFD calculations can
predict the average and local heat fluxes measured in many of the experiments.
Thus, the CFD calculations can, also, predict the thermal loadings exerted by the
naturally-circulating melt pools.
• The above conclusion about the reliability of CFD predictions, however, applies to
low-turbulence pools, where the laminar flow approximation is sufficiently accurate.
For description of the prototypic highly turbulent melt pools, a general turbulence
model, which would represent the highly unusual turbulence field in the unstablystratified flows, found in the prototypic accident situation, has not been developed,
yet.
• Measurements of turbulence flow field parameters have been performed, only, in
small scale, and in simple, natural circulation experiments. Turbulence flow field
characteristics can also be derived from very detailed, and time-consuming, direct
numerical simulation (DNS) calculations, as has been achieved in this report. The
derived characteristics may provide sufficient information to construct an accurate
turbulence model which, could, then, be used to determine thermal loadings for
prototypic conditions reliably.
• The calculations, at present, however, can be used to great advantage for determining the effects of non-prototypicalities in the experiments, from which the correlations on thermal loadings are derived. This obviates the need for countless
14

separate-effect and integral effect experiments to assess the effects of those nonprototypicalities. The calculations may not be able to obtain "exact" estimates,
since the turbulence flow fields are not "exactly" modeled. However, the importance of specific non- prototypicalities can be assessed, and good estimates on trends
of their effects on the correlations, derived from the experiments, could be obtained.
• The calculations can also be used to design experiments and to assess the fidelity
and accuracy of measurement techniques. Thus, innovative techniques e.g., using
melt heat capacity, rather than heating, as the source for natural circulation, can
be (and has been in these studies) investigated for generality of application.
• There are very few experiments on natural circulation with prototypical materials
(UO? — ZrC>2 — Zr) melts ( the only large-scale tests are in the RASPLAV facility).
They are also not at prototypic scale (Ra < 1011 — 1012). CFD analyses of these
experiments with the laminar flow approximation is valid and accurate. Thus, any
differences observed between the prototypic and the simulant material experiments,
can be successfully rationalized through CFD analyses.
• The simulant material experiments performed so far have not modeled the presence
of a crust at the boundaries, as it would be in a prototypic corium pool. While,
it appears that the Ra number scaling would apply to a pool enclosed in crusted
boundaries, an experimental confirmation of this has not been obtained so far. Projected COPO experiments and the salt and corium experiments in the RASPLAV
Project may provide the data base needed.
• The CFD analysis of the various experiments in which crusts are formed will provide
information on the effects of a crust on the thermal loadings. In particular, analysis may be used, intelligently, to merge the conclusions derived from the high Ra
number watery experiments of COPO and from the salt experiments of RASPLAV
Project, together with those derived from the analysis of the corium experiments
in RASPLAV and of the uncrusted pool experiments in spherical geometry of the
ACOPO facility. In this manner, the results of such diverse experiments could be
applied to the prototypic melt pools that could undergo natural circulation in the
lower head.

From the above summary, it is clear that the analyses efforts described in the report
and in the attached published papers are appropriately focussed and need to be continued.
We have, also, recently performed preliminary analyses on the effects on the effects of
crust on natural convection and on thermal loadings. These are reported in references
[27]-[28].
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ON TURBULENCE MODELING FOR LARGE
VOLUMETRICALLY HEATED LIQUID POOLS
T.N.Dinh and R.R.Nourgaliev
Royal Institute of Technology, Division of Nuclear Power Safety
Brinellvdgen 60, S-10044 Stockholm, Sweden
Fax.: + (46)(8) 790-76-78, e-mail: nam@ne.kth.se
Abstract
In this paper, the natural convection heat transfer in a volumetrically heated liquid pool
under high-Rayleigh-number (up to 1015) conditions is investigated. The available turbulence
modeling techniques are first reviewed, with a particular emphasis on selecting models capable
of treating the mechanisms of turbulence relevant to high-Rayleigh-number natural convection.
As a practical exercise, numerical analyses are performed for experiments simulating a molten
corium pool in the lower head of an externally cooled VVER-440 reactor pressure vessel (COPO)
and Steinberner-Reineke experiments in a square cavity. It is shown that standard forms of the
low-Reynolds-number k — e model fail to describe turbulent natural convection heat transfer
regimes of interest. Phenomenological corrections for the near-wall turbulent viscosity and
turbulent Prandtl number, based on the local Richardson number, are proposed to model the
stratification-induced non-isotropy of turbulence in the eddy diffusivity approach. With such
corrections, a reasonable agreement is achieved with the experimental data (averaged and local
heat fluxes) obtained in the Finnish COPO and Steinberner-Reineke experiments, which involve
two-dimensional turbulent convection of water at Rayleigh numbers ranging from 1012 to 1015.
It is, however, considered that reliable computations of the reactor conditions in question require
at least second-order corrections to the two-equation turbulence models. The physical aspects
related to developing such models are also discussed in the present paper.
Keywords: severe reactor accidents, core melt-vessel interactions, natural convection, heat
transfer, turbulence modeling, buoyant flows.
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dius) between 1011 and 1014 are also reported.
Kymalainen et al. have performed large scale
natural convection experiments in a test facilThe behavior of a large volumetrically
ity named COPO, which is a two-dimensional
heated melt pool is important to nuclear reac- slice of the torospherical lower head of the VVERtor design and safety aspects related to severe 440 reactor vessel in linear scale 1/2 [6],[7]. In
accidents, in which pools of molten core mate- the COPO tests, Joule heating is used to prorial (corium) might form in the reactor core, in duce thermal energy into water, and Rayleigh
the lower plenum of the reactor pressure ves- numbers (based on pool depth) of the order of
sel, or in the containment. Quite recently, the 1014 - 1015 can be obtained. Steinberner and
feasibility of external vessel flooding as a se- Reineke have conducted natural convection exvere accident management measure, and the periments in a square two-dimensional cavity,
phenomena affecting the success in retaining in which the Ra numbers were of the range 1010
molten core material inside the vessel, have re- - 3.7-1013 [9].
ceived wide attention; see e.g. ref. [1]. As
a particular motivation for the present study,
In this paper, the attention is focused on
the evaluation of thermal loads against the ves- modeling of turbulent natural convection. To
sel lower head during in-vessel melt retention determine the rate and mechanism of heat rerequire fundamental understanding of natural moval from boundary surfaces of heated fluconvection heat transfer from a large decay- ids, the eddy heat transport within the fluheated corium pool. Such a configuration in- ids must be investigated. For an internally
volves some exceptional characteristics, most heated fluid layer, analytical work has been
notably the turbulent nature of corium con- performed by many authors; see e.g. refs. [9],
vection due to high Rayleigh (Ra) numbers.
[10], [11], [12], [13], [14], [15]. Some of these
studies were restricted to the low and tranIn past, many experimental studies have sition Rayleigh number flows, so the laminar
been performed for natural convection with vol- and standard low-Reynolds-number turbulent
umetric energy sources; see e.g. refs. [2],[3],[4]. approaches gave good results. In some studHowever, the former experiments did not reach ies, the top and bottom walls of a rectangular
high reactor-scale Ra numbers not cover all cavity were considered adiabatic and the verspecific geometries of interest, and very limited tical side walls cooled, and, thus, there were
experimental data on local heat fluxes were no significant heat transfer effects of density/
provided in the available reports. The exper- temperature stratification over the whole cross
iments were performed at too little scales (in- section. Recently, Kelkar and Patankar have
ternal Rayleigh number lower than 1012) and reported that the low-Reynolds-number k — e
the lateral boundary layer flow regime may not turbulence model can predict the experimenhave been representative of reactor situations; tally observed heat transfer characteristics in
the internal Rayleigh number could reach 1016 an internally heated fluid layer up to high Ra
in reactor scale, and the laminar-to-turbulent numbers [15]. They have also performed systransition in the lateral boundary layer is ex- tematic examination of models for turbulent
pected to occur at 1013 [5]. All these aspects natural convection in a reactor-scale core melt
are of outmost importance for safety assess- pool. In ref. [15], natural convection in an
ments on in-vessel melt retention, and, con-internally heated semicircular cavity is invessequently, new experimental efforts have been tigated numerically by means of the standard
initiated; see e.g. refs. [6],[7]. A comprehen- Jones and Launder k — e model and its varisive review of the most recent experiments on ation that includes both the buoyancy correcnatural convection heat transfer in volumet- tion by means of an eddy viscosity model and
rically heated pools may be found in the re-the phenomenological Yap correction [16]. The
cent paper by Asfia and Dhir [8], in which ex- transition to turbulence is reported to occur
periments with partially filled spherical cavi- between Rayleigh numbers 1O10 and 1011, and
ties and Rayleigh numbers (based on inner ra- the overall Nu numbers to be in good agree-
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ment with the data available from experiments tential applicability of the phenomenological
of Jahn and Reineke for 108 < Ra < 1011 [12].corrections, based on the Richardson number.
In ref. [17], this model was applied to de- Finally in section 6, a summary is given.
scribe natural convection experiments of Steinberner and Reineke [9] in an internally heated
square cavity and of Frantz and Dhir [18] in an
internally heated hemispherical cavity. Vari- 2 Turbulence modeling
ous combinations of the isothermal and adiabatic thermal boundary conditions were anA wide variety of models have been utilized
alyzed. For the square cavity with isother- to describe natural convection heat transfer.
mal walls of interest here, the computational The available models can be divided into the
model of ref. [17] underpredicted upwards av- following categories [16],[19]:
erage Nu numbers as much as 1.5-2 times for 1. Laminar flow model
1012 < Ra < 1014, and, most notably, under- 2. Algebraic model of turbulence
predicted downwards average Nu numbers (40- 3. One-half equation model of turbulence
100%) for 106 < Ra < 1014.
4. One-equation model of turbulence
5. Two-equation turbulence models
Other attempts also have been made to pre- (a). Standard k — e model using wall functions
dict the heat transfer from in-vessel corium (KEM)
pool to the reactor vessel lower head at high (b). Low-Reynolds-number k — e model (LRN
Ra number, yet good comparisons to measured KEM)
data have not been obtained so far. It is gen- (c). Modification of LRN KEM for buoyancyerally agreed that modifications of the lowdriven flows
Reynolds- number two- equation models of tur- 6. Reynolds stress models (RSM)
bulence are required to model specific features (a). Algebraic stress model (ASM)
of buoyant flows. Applications of the stan- (b). Partial differential stress model (DSM)
dard k — e or some lower-order algebraic tur- 7. Multiple-time-scale models
bulence models for describing strongly stratified 8. Large-eddy-scale simulation
flows of turbulent natural convection (or buoy- 9. Direct numerical simulation
ant plumes) have proven futile in the past. No
well-validated calculational results, with speApplication of the laminar flow model ofcific emphasis on local heat fluxes, of most in- ten enables determination of the heat transterest in the problem under consideration, are fer characteristics in internal natural convecgiven in the literature. In this paper, an at- tion flows. In a previous study, the unsteady
tempt is made to take a step further towards Navier- Stokes equations were solved and the
turbulence modeling that can treat, with rea- results (Nu numbers) were averaged over time
sonable calculation times, the details of high- intervals [20]. It was confirmed that up to
Rayleigh-number natural convection in volu- Ra number ~ 5-1011, the laminar approach
metrically heated pools. In section 2, various produces very good agreement with measured
analytical modeling approaches for turbulent data in an internally heated semicircular cavflows are first reviewed to facilitate selection of ity [12]. On the other hand, if the Ra numthose suitable for our interests here. Section 3 ber exceeds the critical value, the flow becomes
describes the technical approach used to per- turbulent. Direct numerical simulation of turform the numerical analyses. In section 4, the bulent flow by solving the unsteady, three- dieffects of thermal/density stratification on tur- mensional Navier- Stokes equations is beyond
bulence are analyzed, and, as a result, the con- the capability of present-day computers. Concept of buoyancy-affected modifications based sequently, turbulence has to be modeled with
on the Richardson number is chosen. Section some loss of resolution on the spatial and tem5 presents the results of numerical analyses and poral fluctuations.
their comparison to the COPO and SteinbernerReineke experiments, demonstrating the poAlgebraic models and standard k — e mod22

els (KEM) using wall functions utilize assumptions and empirical constants that are strongly
dependent on the geometry and the forced convection flow regimes. Thus they can not describe the complicated phenomenon of turbulence in an internally heated natural convection flow regime in a satisfactory manner. In
such models, the boundary layer behavior is
approximated by "universal profiles", the logarithmic wall functions. In contrast, the lowReynolds-number models (LRN) such as the
models of Jones and Launder [21], Launder
and Sharma [22], Chien [23], and Lam and
Bremhorst [24], employ the so-called damping
functions and allow integration of the set of
turbulence equations into the laminar sublayer
of the flows. One can find a comprehensive review of the LRN turbulence models in ref. [25].
Although these models were originally developed for forced convection flows, they also have
been used, with success, to predict recirculating and buoyancy-driven turbulent flows. An
advantage of the LRN models is that they enable simulation of the laminar, transition and
turbulent regimes, and determination of the
critical Ra number as a bifurcation point of
the flow equations. Numerical studies of external natural convection flow in a square cavity
have shown that the results of the LRN models of Chien, and Jones and Launder, are in
reasonable agreement with experimental data
[26].

cosity model across the sublayer in the KEM,
ASM and DSM * still remains as a significant
drawback. For instance, by using the LRN of
Launder and Sharma with the so-called Yap
correction in the transport equation of e, or
the basic second-moment closure of Gibson and
Launder, only poor agreement with results of
experiments with turbulent jet impinging orthogonally onto a large plane surface has been
achieved. The former model has the basic weakness of the eddy viscosity stress-strain relation and the latter an incorrect response of the
"wall-reflection" process in a stagnating strain
field [27]. Another common inability of the
above-mentioned models is that these turbulence models cannot account for non-equilibrium
turbulence due to the single time scale used
to describe both transport and dissipation of
the turbulent kinetic energy. In that sense, a
multiple-time-scale turbulence model might be
a good option when the relation between the
production and dissipation rates varies strongly
in space. In this case, the turbulent transport
of mass and momentum is described using the
time scales of the energy-containing large eddies, and the dissipation rate follows the time
scales of the fine-scale eddies [28],[29].
Despite the above-described difficulties in
modeling non-isotropic turbulence, some efficient approaches have been developed for turbulent flow under gravitational influence. The
generalized gradient diffusion hypothesis of Daly
and Harlow [30] and WET hypothesis of Launder [16] avoid the necessity of the constant turbulent Prandtl number in tackling with heat
transfer problems. An efficient approach for
two-dimensional parabolic flows has been developed and used by Gibson and Launder [31],
Ljuboja and Rodi [32] and De Lemos and
Sesonske [33]. In these works, the algebraic
stress and heat-flux equations are simplified to
expressions for "turbulent effective viscosity"
(ut) and turbulent Prandtl number (Prt), both
of which are dependent on the relative generation and dissipation rates of turbulence energy
(Pfc/e), and in buoyancy-affected flows, on the
local Richardson number (Ri). The presence
of wall is accounted for by adding an extra

The KEM, perhaps the most widely used
turbulence model, uses the eddy-diffusivity concept to model the Reynolds stresses and turbulent heat fluxes. This concept describes turbulence as a diffusion process characterized by
a locally isotropic turbulent viscosity. A strict
analogy between the Reynolds stresses and turbulent heat fluxes is assumed, as expressed by
the turbulent Prandtl number Prt being constant in the k - e approach. In many cases, the
poor capability of the two-equation turbulence
models in resolving complex turbulent flows
has been attributed to the inability of the turbulence models to account for the anisotropy
of turbulence. Algebraic stress models (ASM)
and differential stress models (DSM), or some
hybrid forms, have been utilized to overcome
a
The development of a low-Reynolds-number
such problems but the use of the eddy vis- second-moment closure is at an early stage [27],[41].
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term [32], [33], originating from studies of ref.
[34]. Successful employment of KEM and ASM
for natural convection heat transfer on vertical
plates and in cavities is reported by To and
Humphrey in refs. [35] and [36].
The decay phenomenon of a buoyant jet
has been predicted from a differential k — e 02 turbulence model of Chen and Rodi [37].
In this approach, the turbulent stresses and
heat fluxes are modeled by algebraic expressions while the differential equations are solved
for the kinetic energy of turbulence (k), the
dissipation rate of turbulence kinetic energy
(e), and the fluctuating temperature (92). Furthermore, algebraic flux models also have been
developed for turbulent buoyant jets [38] as
well as natural convection in rectangular enclosures [39]. The major conclusion in ref. [39]
concerns the modeling of the turbulent heat
flux vector, which was found to strongly influence the applicability of the model to a broader
class of buoyant flows. Variants of the gradient diffusion model with isotropic and nonisotropic eddy diffusivity, and corresponding
components of temperature gradients, were
found to produce results of inconsistent quality.
A striking disagreement appears between the
LRN calculations with the wall correction term
of Yap, and measurements concerning profiles
of the vertical heat flux component (u9), which
plays a central role in the dynamics of turbulence kinetic energy in buoyant flows and influences directly the prediction of boundary heat
transfer characteristics [39].

the other, the more complex are the models,
the greater is the amount of empirical input
needed in form of empirical constants, not to
mention the increase in computing time. As
pointed out in ref. [45], the ASM and DSM (especially the latter) are computationally much
more expensive than the KEM, and they are
also numerically very unstable which can lead
to serious convergence problems. Moreover,
the wall damping functions for both of these
types of Reynolds- stress models have to be
validated even for simple flows and their turbulence empirical constants are not yet well- established. The LRN KEM, on the other hand,
is well-known and well-validated for low Ra
number flows, and it seldom leads to convergence problems.
Most of the current computer programs of
nuclear reactor safety analysis comprising turbulence modeling are based on the two-equation
approach. In this context, the capability of the
selected models has to be balanced against the
available resources and the wide spectrum of
applications in reactor accident analyses. Based
on the discussion above, reflecting the difficulties in reaching a satisfactory calculational
method, we are interested in answering the following questions:
(i) What are the most significant effects
of buoyancy on turbulence in a large molten
decay-heated corium pool?

(ii) Could k — e models be able to handle, to
adequate precision, the phenomena of naturalThe turbulent natural-convection boundary convection heat transfer in this case?
layer for air flowing along a heated vertical
plate, as experimented in ref. [40], was inves(iii) How should one develop the phenotigated numerically with an algebraic (ASM) menology- based corrections to the low-Reynoldsand fully differential Reynolds- stress model number k-€ model and to the simplest higher(DSM) by Peeters and Henkes in ref. [41]. It order models?
was shown that the turbulent Prandtl number
(Prt) is certainly not constant over the whole
The next sections of this paper are devoted
flow as also seen in experiments [42]. Prob- to these questions by studying one specific aplems of wall modifications and constants, with plication.
respect to sensitivity of the ASM and DSM
applied to natural convection flows, were analyzed and discussed in refs. [33], [39], [41],
[43], [44]. On the one hand, the universality of
a model increases with its complexity, but, on
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3

Technical approach

is used to calculate time-dependent flow and
temperature fields and boundary heat transfer
characteristics. The results obtained are then
In this section, we introduce the applied averaged over time intervals to produce quasicalculational scheme. It is also shown that steady values.
the standard forms of the low- Reynolds- number k-e models require further modification unThe set of mean flow equations in complex
der high- Rayleigh- number natural convection domains is solved using the technique of twoconditions.
dimensional algebraic coordinate transformation developed earlier [46] and described elsewhere [47]. The technique is actually a two3.1 The mean flow equations
dimensional extension of the method proposed
by Faghri et al. for domains where one boundary does not lie along a coordinate line [48].
The mathematical model of the problem is
The control volume methodology and the SIMbased on the set of governing equations forPLE solution procedure for pressure-linked eqmulated in an axisymmetric two-dimensional
uations [49] are adopted for numerical treatform. Conservation of mass, axial and radial
ment. The dependent variables are the conmomentum, as well as energy, are shown in
travariant velocities, pressure and temperature.
equations (1),(2),(3) and (4), respectively.
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Figure 1: Averaged Nu number for Ja/m and
Reineke natural circulation experiments in a
semicircular cavity; (Jk.R experimental correlation: Nuexp = 0.6 • Ra02, [12]).

The resulting computer code has been named NARAL, and it has been subjected to various validation efforts [20],[50]. The code red(PCpT-U)
dz
sults have been compared to natural convection
experiments of heat generating fluid (radioactive tritium) in closed vertical cylinders with
(4)
Ra numbers ranging from 103 to 106, as well as
experiments of the volumetrically heated semiand Reineke with Ra
In case of relatively low Ra numbers (less circular cavity of Jahn
11
than 5-1011), the unsteady laminar approach numbers up to 5-10 ; the experimental results
25

bulent fluxes pu^j and putf are assumed to
obey gradient-type relations via turbulent viscosity (fit), turbulent conductivity ( T S ^ ) , and
turbulent Prandtl number (Prt) [21],[45]. As
the flow near the walls is very important here, a
low-Reynolds-number turbulence model, which
can handle the strong viscous effects in the
viscous wall sublayer, is used. The model by
Chien [23] for turbulent kinetic energy (k) and
dissipation rate (e) can be written as shown in
equations (5) and (6), respectively.

0

10 20

30 40 50 60 70 80 90
ANGLE, DEGREE

Figure 2: Measured (circles) and computed
(line) Nu number distribution for the semicircular cavity, Ra = 1O10.

k)
dt

dz

1 d(rpV • k)
r
dr

d

Prk}dz
(5)

have been obtained from refs. [52] and [12]. In
ref. [20], the laminar approach, the coordinate
d(pe) d(pU-e)
ld(rpV-e)
transformation technique and a fine grid have
dt
dz
r
dr
been employed to produce a very good agreement with the data of ref. [12], which have
been successfully predicted also by the lam(6)
inar approach of the COMMIX-IAR/P code
[53]. Figure 1 depicts our calculational results,
the experimental data and subsequent correThe turbulent characteristics are defined belation (Nu = O.6Ra02) [12], as weU as the
low
[21]. The turbulent viscosity is
COMMIX code results [53], for the average
Nu number in a semicircular cavity. Figure
2 presents the computed and measured local
Nu numbers. The NARAL model has successfully predicted the average Nu numbers to all
/*t =
(7)
isothermal walls of an internally heated square
cavity for Ra numbers up to 1011.
where the wall damping function of Chien
[23]
for the turbulent viscosity has the form
Also, the CFDS-FLOW3D code [54] has
been utilized in confirmatory calculations for
some additional cases of interest.

3.2

= l-ea;p(-O.O115-2/ + )

The low-Reynolds-number twoequation model of turbulence

(8)

The source terms of k — e equations are
The turbulent natural convection flow in a
large volumetrically heated liquid pool is simulated numerically in the present work. Maintaining an analogy with laminar flow, the tur26

= Pk - pe + D + Gk

(9)

e

4- CstGk) - C2t
•f2-e]e/k + E

= [Cu • h

(10)
Prk

where

1.0;
1 - 0.22exp[-(Ret/Q)2]

h
h
y+

Ret

=

k2/u€

(11)

= 0.09
= 1.8;
= 1.0;
= 0.9

= 1.35;
= 1.3;
(16)

The approach proposed by Chien for the
wall damping functions has been chosen also by
Peeters and Henkes for their Reynolds-stress
modeling of turbulent natural convection [41].
The generation of turbulence due to buoyancy
(Gk) also had to be introduced to that model
3

The LRN KEM of Launder and Sharma
The turbulent generation/destruction due
[22]
was employed in FL0W3D calculations.
to shear stress (Pk) and buoyancy (Gk) can be
calculated by formulas (12) and (13), respecThe model developed above has been aptively.
plied to analyze the data received from the
Finnish COPO experiments and SteinbernerReineke experiments with very high Ra numbers [6],[7],[9]. Under such conditions the effects of buoyancy on turbulence are most ex* • *
plicit. By doing this, we try to highlight the
feasibility of using the two-equation models of
turbulence, and, if possible, determine the phenomenological aspects to be investigated and
modeled. The experimental data received from
the COPO facility include both the averaged
heat transfer characteristics and their distribution along the vertical and curved pool boundrp p
aries. All this information is analyzed. In order to simulate the freezing of the melt nearby
The wall damping functions of Chien for k the cooling surfaces, the first kind (constant
and e are
temperature) of boundary conditions is employed for the top, vertical and curved boundaries
of the rigid pool.
D = -2fik/y2

-^-exp(-0.by+)

E=
y

(14)

The COPO test facility pool and its parameters are depicted in fig.3.2. The body-fiting
two-dimensional grid system is employed for
numerical simulation of processes in the COPO
test facility pool. The nodalization with 61 ra(15) dial and 61 axial nodes and very dense grid
at the near-wall regions of the top, side and

The turbulent constants are 2
2

The model of Chien was originally developed for
isothermal flow [23]. The PT° = 1.0 was introduced
and validated for natural convection flow in ref. [26].

3

By definition, Gjt = - (up'gr+vp'gz)/p = - /3(u8gT
v6gz) with gT = 0 and gz = - g. In order to simplify
from the form of eq.(13), one should assume constant
turbulent Prandtl number Prt or Prp = 1 in the eddy
viscosity/diffusivity correlation.
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Figure 3: The COPO test facility pool.

Figure 5: Variation of the average Nu numbers
on the vertical pool boundary with Ra numexperimental
curved boundaries is used. Table 1 presents bers. Calculational results vs. 019
correlation,
Nu
=
0.85
•
Ra
, [9].
sd<exp
the results of a preliminary study using the
NARAL code. With the mesh 61x61, the calculated results converge with sufficient accu- tional simulations of natural convection heat
racy. From the comparison of the computed transfer in internally heated liquid pools. Varresults with the COPO data (Table 1), one can ious physical models have been examined, inconclude that deficiency of the physical model cluding the laminar model (LM), the LRN k-e
involved was much more significant than that model of Chien (CHM) and LRN k-e model of
of the numerical scheme.
Jones and Launder (J&LM) and its variation
with the wall correction term of Yap (J&.LM +
Y), the LRN k-e model of Launder and Sharma
10'
(Lk.SM). In all these cases, the same conclusion can be drawn: the upper surface heat
flux is underpredicted (about 70-100%) for Ra
numbers more than 1012. The calculated Dam•10'
kohler numbers are also much underpredicted;
— SAR (square cvrttf, eip. correlation)
see fig. 7. Therefore, even though the side-wall
I
0 L M , NARAL ISSHI
• C H M , NARAL (S*R)
and, in some cases, downwards average Nu
TL4SM, FLOW3D (S*R)
numbers are in a good agreement with experiX COPO (WER-4W pometrT, u p . dan)
OLM. NARAL ICOPOI
QCHM, NARAL (COPO)
mental
correlations, the corresponding heat flu10'
<CHM+Y, NARAL (COPO)
•CBM«PrT,VBT(Rl.Y«), NARAL (COPO
xes
imposed
on these surfaces are overpredicted.
j|rCHM>PrT,VIST(RLY«, NARAL (S*«)
VLfcSM+PrTTRUW, ILOW3D (SftR)
Obviously, the underestimation of upwards heat
fluxes is related to the overestimation of side10' 10' 10' 10' 10" 10" 10u 10" 10" 10"
Ra
wall and downwards heat fluxes through the
heat balance. It is worth noting that the employment of the Yap term does not change the
Figure 4: Variation of tie average upwards Nu results significantly towards experimental obnumbers with Ra numbers. Calculational re- servations, when modeling COPO experiments.
sults vs. experimental correlation, NuuPtexp = The disagreement between the computed heat
fluxes and the measured ones has became smal0.345 • Ra0233, [9].
ler with decreasing Ra number. Most interestingly, three LRN k-e models examined have
Figures 4-6 summarize results of computa28
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Figure 6: Variation of the average down- Figure 7: Variation of the Da numbers with
wards Nu numbers with Ra numbers. Cal- Ra numbers. Caicuiationai results vs. expericulationai results vs. experimental correlation, mental correlation, Daexp = 1.93 • Ra0205, [9].
iVudn,e:cp = 1.389-iia 0095 , [9].
provided reasonably consistent results. For conditions of Steinberner- Reineke experiments
(Ra ~ 1013), the peaking behavior of the sidewall Nu number distribution can be predicted
by most of the reviewed models; see fig. 8. In
contrast, a considerable discrepancy between
calculated heat fluxes and measured data is observed at the vertical part of the COPO pool
as shown for Ra = 1.5-1015 in fig. 9; the experimental heat flux is not peaked like the calculational result (thin line). It is worth noting that
in the COPO experiments there is a significant
increase of heat fluxes from the bottom to the
side wall. Heat flux distribution on the vertical
surface, however, is somehow uniform. Such a
distribution is perhaps due to (i) relative small
length of the vertical part to recognize significant peaking of heat fluxes; (ii) destabilization effects of curvature, intensifying convective heat transfer in the lower part of the vertical wall; and (iii) high level of turbulent mixing in the top regions under much higher Ra
number conditions (1014 - 1015) in the COPO
experiments, compared to those of SteinbernerReineke experiments {Ra numbers up to
3.7-1013).

bility of the LRN k — e models for evaluating
heat transfer characteristics of a volumetrically
heated natural convection pool. An improvement in the turbulence model is aimed at in
the next two sections.

4

Analysis

The first kind boundary conditions employed
in the COPO experiments and Steinberner-Reineke experiments create density/temperature
stratification in the vicinity of the upper surface and the bottom part of the curved boundary of the pool. The buoyancy-induced turbulence generation and destruction in natural
convection flows has been widely discussed in
the past, but only a few references in the literature have been devoted to cases with sharp
temperature gradients at the top and bottom
surface of an enclosure. A turbulence model
accounting for the density/temperature stratification by means of the local Richardson number has been developed by Gibson and Launder
[31], who defined the flux Richardson number
by relating the rate of turbulent energy removal
by buoyancy forces (-Gk) and the rate of turThe above-described numerical analyses ha- bulent energy creation by mean shear (Pk)ve clearly demonstrated the very limited feasi- The general symbolic form of the Richardson
29
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Figure 8: Side-wail Nu number distribution Figure 9: Side/bottom wall heat flux distribu(Steinberner-Reineke data, Ra = 1013, [9]).
tion (COPO experiment with Ra = 1.5xlO15).
number is employed in the present study in- mately coincides with the location of the maxstead of that derived for horizontal free shear imum eddy heat flux [10]. The eddy diffusivflows [31].
ity of heat is found to be a monotonically increasing function of the local Ra number. Measured data of axial turbulent intensity shown
in fig. 10 for neutral, unstable and stable density/temperature stratification in the horizonRi = -Gk/Pk = tal flat channels, as reproduced from ref. [55],
are consistent with the above-described observations of ref. [13]. In addition, the very good
mixing observed in the inner core of the COPO
facility confirms that the significant peculiarities of the turbulent intensities, due to stratifiIt is well known that a stable density gra- cation, are apparently suppressed in the bounddient strongly inhibits turbulent mixing. This ary layers of the pool. The violation of the
fact can be explained on the basis of the turbu- Reynolds analogy between momentum and heat
lent energy balance. In stably stratified flows transfer in stably stratified flows was discussed
the vertical fluctuating turbulent velocity com- by Turner in ref. [56]. Experimental data on
ponent is damped, while the horizontal com- the turbulent Prandtl number as a function of
ponent is amplified. This is the mechanism the Richardson number were presented in ref.
whereby the buoyancy forces destroy the tur- [57] and are reproduced in fig. 11. One can see
bulence. The experimental [13] and theoretical that the turbulent Prandtl number increases
[10] studies of natural convection in a horizon- when flows become stably stratified (Richardtal fluid layer with volumetric energy sources, son number is positive and increasing) and that
and an isothermal upper surface, have shown the turbulent Prandtl number decreases when
that production of thermal variances (P^) is flows become unstably stratified (Richardson
significant only near the upper wall (unstable number is negative and decreasing).
stratification). Temperature fluctuations in this
region indicate a downward release of cooled
In recent literature [31], [32], [33], [39], [44],
fluid blobs from the thermal boundary layer on [45], [58], [59], different kinds of second-order
the upper surface. Moreover, the occurrence of corrections of the k — (. models have been depeak production of thermal variances approxi30
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Figure 10: Distribution of the vertical turbulent intensity (It = y/v?/U) for unstable (1),
neutral (2) and stable (3) density/temperature
stratification (data for horizontal Sat channels
from ref. [55], with H as the layer thickness).

Figure 11: Dependence of Prt on density/temperature stratification, [57] (1,2,3 stable stratification; 4,5 - unstable stratification).

veloped to account for non-isotropic effects of
buoyancy. However, none of these studies consider internal natural convection flows or flows
with non-adiabatic and/or isothermal horizon-

number, and the value of R increases for unstable stratification conditions. For instance,
this fact can influence the value of the thermal variances (02) at the upper surface of an
internally heated liquid pool through e^.

tal walls, invoking sharp flow temperature gra-

The most important factor in determining
dients. An applicability of turbulent "constants"
the
local Nu numbers is thus the distribution
and assumptions is uncertain under stratification and wall-affected conditions. We are un- of turbulent heat flux of eq.(18) across the subaware of any work, providing second-order cor- layer or, since a k — e model is used in this
rections of LRN KEM for conditions of strongly region, the distribution of turbulent thermal
unstable stratified flows. The local equilibrium diffusivity (UJO).
assumed for 02 in refs. [31] and [41] is probably
not applicable to this condition. Therefore, the
behavior of thermal variance has to be modeled. Only the ratio between the mechanical
t
n —a
(18)
and thermal dissipation time scales (R), used
?, = -Pcpu3e =
to determine the dissipation rate (c^) of the
2
mean squared temperature (0 ), is evaluated
in ref. [43] for the differential Reynolds stress
To our knowledge, fundamental expressions
model and in ref. [44] for the algebraic stress for the turbulent Prandtl number Prt and "turmodel. It was found that for strongly stable bulent viscosity" ut were derived originally by
stratified buoyant flows R = 0.25 instead of Gibson and Launder in ref. [31] for predomithe accepted value 0.8. Based on an analysis nantly horizontal thin shear flows remote from
of the thermal mixing layer, Elghobashi and walls. In such non-equilibrium shear flows (P^ ^
Launder proposed the value of 1.25 for R [60]. e), the turbulent Prandtl number and turbuThe wall effect on the value of R is analyzed in lent viscosity are shown to be dependent on the
ref. [33]. In our view, the ratio of time scales Richardson number and turbulence kinetic endepends, significantly, on the local Richardson ergy production/dissipation rates ratio, Ne =
31

e. Simplified forms of functional dependencies Prt = f(Ri, Ne) and C^ = f{Ri, Ne) applied to a limited range of Ri numbers are presented below [see eqs. (19-20)].
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Figure 12: Dependence of Pr t on Ri and iVe
under stratification conditions.

the presence of a wall by the wall damping
(21) function [34]. A similar scheme was presented
by Ljuboja and Rodi for horizontal and vertical
turbulent buoyant wall jets [32] and developed
by De Lemos and Sesonske for pipe flow [33].
To derive equations applicable to pool natural
Ci = 1.8; C2 = 0.55;
convection heat transfer the schemes presented
Cie = 3.4; C2e = 0.5;
in refs. [31] and [32] can be used. However, re-C2
circulation flows and stagnation at upper surR = 0.81; 4> =
face can make this consideration much more
complex. In the COPO geometry, dominating
[de +
oMXe-i)}-1;
(22) mechanisms of turbulence transport can differ
<t>'a = 4>g(l — C2B)
between the inner core, upper surface, side wall
and bottom wall regions of the pool. The most
Figure 12 depicts strong dependencies of uncertain part is the vertical turbulent heat
the turbulent Prandtl number, Prt, on the Ri flux (by convention, uff) in the unstably stratnumber and turbulence non-equilibrium factor, ified flows of the upper isothermal cooling surNe. According to eq. (19), the order-of-magni- face. As can be seen from an evaluation of qt,
tude variations of Prt can eventually be larger a positive vertical temperature gradient, ( U
than those of experimental observations (fig. > 0; stable stratification) decreases the verti11), depending on JVe. However, one has to cal turbulent heat flux, and vice versa for the
note the coupled nature of Ne and Ri number unstable stratification (|~ < 0). In such stratunder density/temperature stratification con- ification conditions of interest here, even simditions. The stronger are unstable/stable strat- plified forms of Prt and fit are expected to be
ification (| Ri |), the larger is the buoyancy- functions of the local Richardson number (Ri),
induced turbulence generation/ destruction,
turbulence kinetic energy non-equilibrium (^L
and therefore, the more is the turbulence nonp
- 1), thermal variance non-equilibrium (-£2 equilibrium, Ne — 1.
k2

e

1), wall factors (D, f) and local temperature
Further, Gibson has modified the transport and velocity gradients (dT/dzj, dUi/dzj).
equation for stress and heat flux in turbulent
flow with streamline curvature, accounting for
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diffusivity concept [(eq.(25)] or in the generalgradient diffusion approach [eq.(26)] [30].

ized

Prt =

(25)

£
- pv,j6 = Ce-

In the internally heated natural convection
heat transfer, the non-equilibrium of turbulence
kinetic energy and thermal variance are basically caused by the density/temperature stratification in the near-wall regions. Thus ( ^ -

r

^

(26)

with Cg = 0.3 and

dUt
1), (-£ - 1) and the time scales ratio, R, can be
pu3ut = -63tpk (27)
— +—
expressed in terms of the Richardson number.
Ultimately, one can assume a functional dependency of the turbulent Prandtl number [Prt =
In other words, if one adopts the commonly
f(Ri)] and turbulent viscosity [fit = f(Ri))] on made assumptions of the two-equation models,
the local Richardson number.
the turbulent "constant" CM [see eq.(7) for fit ]
must be determined empirically on a case-bycase basis.

5

Numerical evaluation

By admitting violation of the Reynolds
analogy as the dominant factor, and modeling
the turbulent Prandtl number as a direct function of the local Richardson number Prt=f(Ri),
a nice agreement between the computed and
measured heat fluxes of the COPO experiments
(runs fhl, fli2 and fhS) is achieved (see Table 2). More importantly, the computed and
measured distributions of the local heat flux
along the side-wall boundary of the pool show
similar behavior [fig. 9, thick line, CHM +
Prt(Ri, j/+)]. The calculated velocity and temperature fields depict the sharp temperature
stratification in the vicinity of the walls and
good mixing in the core.
However, gravitational forces influence not
only turbulent heat flux, but turbulent stresses.
Therefore, non-isotropic effects on the turbulent heat flux in the vertical direction [see
eq.(2)] might be caused also by incorrect definition of turbulent viscosity (fit) in the eddy

Sini and Dekeyser have developed the buoyancy-extended version of the k — e turbulence
model for numerical prediction of turbulent plane jets and forced plumes [58]. In the limiting
case of the pure plume, an empirical relation
was introduced by assuming CM to be influenced by buoyancy and given in terms of the
Froude number (Fr). This improved significantly the model's ability to describe the mean
flow characteristics requiring no solution of additional equations for stresses and heat fluxes.
Note that the physical sense of the Richardson
and internal Froude number for the layer is the
same, and the analysis can equally well written
in terms of Fr or Ri. Dealing with the application of the buoyancy-extended k — e model to
the calculation of turbulent natural convection
in a volumetrically heated molten pool, we can
follow the work of ref. [58] in correcting the
formulation of the turbulent viscosity (fit). As
it was mentioned, in our case, stratification is
significant in the vicinity of the walls, giving
the reason to modify the wall damping function of Chien (/M) by a function of the local
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1.5

Richardson number. Based on an analysis of
the COPO experiments data by the LRN KEM
of Chien, the phenomenological corrections for
the turbulent Prandtl number [Prt; eq.(28)],
and the wall damping function of turbulent viscosity [/M; eqs.(29),(30)], are proposed as follows.

1.0

t 0.5
Prt = Pr°t • {O.OI + 50 • \tanh (6.7 • (j/ + ) 2

—
•
•
•
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COPO, RUN 30A (Ra=6.79E+14)
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•eip(-0.02y + ) • {-Ri) - 2.3) + l] }(28)
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fb(Rt))

Figure 13: Distribution of Nu number on the
(29) vertical pool boundary. Calculational results
vs. COPO experimental data.

h{Ri) = 0.5 + 103 • {tank [-6.7 • (y+)2
•exp(-0.Q2y+) • (-Ri) - 4.15] + 1} (30)

part of the lower, curved boundary. It is not
surprising that the developed modifications affect the local heat transfer coefficient, because
this is determined to a large extent by the variation of the effective diffusivity within the immediate vicinity of the wall [16]. Results of
some COPO experiments are compared to calculational results in figs. 4 - 6 . In general,
a qualitative agreement is obtained both for
the averaged heat transfer characteristics and
their local distribution along the vertical side
wall and the curved lower boundaries of the
pool (see figs. 13-14); the top boundary local
heat flux data are not yet available from the
COPO. We believe that this is the first time
such agreement for very high Ra numbers has
been achieved. These results and the conclusion about the principal limitation of the LRN
KEM given in the foregoing are not controversial. On the contrary, the results obtained
allow us to understand the order-of-magnitude
influence of gravitational forces in the vicinity
of the cooling walls. Nevertheless, the model

An employment of these empirical correlations to the conditions of Steinberner-Reineke
experiments led to a significantly improved prediction of heat transfer characteristics in an internally heated square cavity. As can be seen
from figs. 4 - 7 [CHM + Prt(Ri, y+) + vt{Ri,
y+)], the upwards Nu number and Damkohler
number, Da, are in a good agreement with corresponding experimental data for Ra number
about 1014. It is worth noting that empirical eqs. (28-30) are correlated with theorybased eqs. (19-20), even though the former
depend on the Ri number and j / + , whereas the
later ones depend on the Ri number and Ne.
Thus, one can choose such values of y+ and
Ne, that empirical and analytical dependencies
of Prt and C^f^ on the Ri number are quite
similar. In fact, quite reasonable results have
also been obtained from additional calculations and corrections proposed are empirical, and thus
[L&SM + Prt(Ri, Ne)], which were carried out their global feasibility is limited4.
for Ra numbers 1012 -10 1 3 and have employed
4
It is perhaps instructive to note that specific feaan approximation Prt = f(Ri,Ne) of eq. (19).
For the chosen COPO geometry, functions
(28-30) are significant only in the near-wall regions of the upper boundary and the bottom

tures of the LRN KEM of Chien are not favourable for
modeling recirculating buoyant flows of interest here.
Moreover, the use of y+ in that model renders difficulties in interpreting empirical correlations proposed. In
this sense, the LRN KEM of Launder and Sharma is
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namic boundary layers, due to the thicker thermal boundary layer, and, the resulting smaller
temperature gradients and less significant stratification effects. Secondly, in near-wall regions
the values of the melt viscosity can change two
or three orders of magnitude due to the sharp
decrease of the melt temperature approaching
the solidus point. This phenomenon causes
an additional laminarization, makes the effect
of unstable stratification less important, and
thus affects the heat flux distribution. Thirdly,
also the effects of a non-Newtonian fluid behavior have to be considered. For nuclear reactor
safety issues related to in-vessel melt retention,
the significance of these phenomena should be
determined.

CHM+PrT,VISTaU1Y+), (Ra=S.7«E+14)
• C O P O , RUN 21A
A COPO, RUN 30A (Ra=6.79E*14)
• COPO, RUN 3IA (R««l 43E* 15)

0.0
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20
COOLING UNITS
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Figure 14: Distribution of Nu number on the
lower, curved pool boundary. Calcul&tional results vs. COPO experimental data.
6
One way of accounting for buoyancy in this
model is to develop appropriate expressions for
the turbulent Prandtl number [eq.(23)] and turbulent viscosity [eq.(24)]. The set of Reynolds
stresses and turbulent heat fluxes have to be
used to obtain algebraic expressions for Prt
and fif In fact, both multi-dimensional and
wall effects have to be taken into account. It
is important for the condition under consideration that no turbulence equilibrium has to
be presumed when deriving eqs.(23-24). Additional assumptions for transport of thermal
variance (02) and its dissipation rate (c^r) have
to be made, describing specific upper-wall effects (unstable stratification) on the thermal
variance. It is our view that theory-based correlations [eqs. (23),(24)] are crucial for further
development of the k — e approach in modeling
the turbulence in volumetrically-heated highRay leigh-number melt pools.
To conclude this numerical evaluation, let
us briefly highlight some aspects that can have
significant effects on natural convection heat
transfer in a large molten pool in a real reactor situation. Firstly, the Prandtl number
of the core melt is much lower than that of
water. This necessitates a separate reactorspecific consideration of the thermal and dyeventually more preferable in further development.

rummary

Natural convection in a volumetrically heated corium pool at high Ra numbers is treated
numerically by introducing a new low-Reynoldsnumber k — e model. The buoyancy-induced
anisotropy of turbulence is modeled by means
of the local Richardson number. Phenomenological corrections are proposed for the turbulent Prandtl number and the near-wall viscosity, accounting for the effects of density/temperature stratification on turbulence.
These corrections were employed in the k-e
model to produce very good agreement with
the experimental data received from the Finnish
COPO experiments [6], [7] and SteinbernerReineke [9] tests. Most importantly, local heat
fluxes on vertical and curved pool boundaries
were correctly predicted by the model. Nevertheless, we should note that these modifications of the low-Reynolds-number k — e model
are experiment-specific: they cannot substitute
for the fundamental deficiencies of the twoequation turbulence model. For reactor cases,
the proposed corrections should be refined, and
this requires greater experimental data base
under high-Rayleigh-number conditions. Local
temperature and velocity measurements, and
data on turbulent intensity distribution in different regions of density/temperature stratification, are essential for the model development.
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The analytical estimates of turbulent heat
fluxes have shown that the buoyancy-induced
stratification in the vicinity of horizontal cooling surfaces induces very complicated effects on
turbulence and creates difficulties in accounting for these mechanisms in the k-e framework.
By making certain assumptions about relative
values of turbulent stresses and turbulent heat
Table 1: Influence of the grid parameters on
fluxes in corresponding regions of liquid pools,
the NARAL code results.
theoretical correlations for turbulent Prandtl
number and turbulent viscosity can be obtained
|
Me.h
Spatial grid
Itov
Iside
'bottom
for conditions in question. These results can
.
point/first mm
kW/rn-'
kW/m'J
2
2.1
4.7
2.7
then be employed in a k-e model to reduce its
20x30
4
2.6
4.8
2.2
41x41
phenomenological inadequacy and empiricism.
2.7
8
4.9
2.1
61x61
6.1

COPO run fh3
(Ra=4.2xlO 14 )

In general, reliable computations of the specific features of turbulent buoyant flows will
eventually require application of an advanced
Reynolds stress model. However, there exist
uncertainties in higher-order models and difficulties in implementing these models into a
general Navier-Stokes code. The aim of the further work is to find the level of modeling which
can give acceptable agreement with experimental data for the problem under consideration,
but still remain simple enough to be employed
for the solution of complex three-dimensional
flows with irregular boundaries. In fact, most
computer programs developed for reactor applications are based on the two-equation turbulence models. It is believed that the approach developed in this study can contribute
to further development of efficient computational methods for estimating heat transfer in
large volumetrically-heated liquid pools. After
further checking and validation, these methods
could be fruitful in analyzing prototypic melt
pool behavior, and, in particular, the sensitivity of heat flux distributions to variations in the
geometry of the vessel lower head and properties of the prototypic core melt material.

2.S

1

1.1

Table 2: Preliminary analyses with the modified LRN k — e model (turbulent Prandtl number as a function of the Richardson number)
and related COPO data.
Control parameters

Ra
-

A T

COPO run fhl
Calculation with
Pr, = /(Ri)

1.3xlO i5
1.3xlO15

14.

COPO run fh2
Calculation with
COPO run fh3
Calculation with

-

Pr, = f(Ri)
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Pr, = f(Ri)

Qtov
«W/m J

kW/m2

fstdc

^bottom

15.1

15.2
13.8

6.2
6.5

2.9
3.9

l.SxlO1!>
l.SxlO 15

12.6
13.7

18.5
15.7

5.8
6.3

2.6
4.4

4.2xlO 14
4.2X1014

5.9
5.8

6.1
5.9

2.5
2.3

1.1
1.4

°C

kW/m 2

Nomenclature
Latin letters
Cp
Cit,C2e,C3C
Cfi
C\, C2
C\t,Cit
D
Da
E
fi,h,ffi
Gk
g
H
k
Nu
Ne
P
Pk
Pj5
Pr
q
qv
R
Ra
Rac
Ri
r
S
T
t
U, V
u, v
y
y+
z

specific heat (J/kg-K)
coefficients in e-equation (-)
coefficients in /jf-equation (-)
coefficients in Reynolds stress expressions (-)
coefficients in turbulent heat flux expressions (-)
low-Reynolds-number source term in /t-equation
Damkohler number, Da = qvH2/XATmax (-)
low-Reynolds-number source term in e-equation
low-Reynolds-number corrections for C\c,C2e and C^, respectively (-)
rate of turbulence generation due to buoyancy (m 2 /s 3 )
gravitational acceleration (m/s 2 )
height of the liquid pool (m)
turbulent kinetic energy (m 2 /s 2 )
Nusselt number, Nu = qH/XAT (-)
turbulence non-equilibrium factor, Ne = Pk/e
pressure (Pa)
rate of turbulence generation due to shear stress (m 2 /s 3 )
rate of thermal variance production (K 2 /s)
Prandtl number, Pr = (iCp/X (-)
heat flux (W/m 2 )
volumetric heat generation rate (W/m 3 )
time-scales ratio
Rayleigh number, Ra = gqv(3H5/av\ (-)
Rayleigh number based on the height of the curved part of the pool (-)
Richardson number, see eq.(17) (-)
radial coordinate (m)
source term
temperature (K)
time (s)
mean velocity in the z and r-directions, respectively (m/s)
turbulent fluctuation velocity in the z and r-directions, respectively (m/s)
distance to the closest fixed wall (m)
dimensionless coordinate (-)
vertical coordinate (m)

Greek letters
a
(3
6ji
e
ep6
A
fi
v
p

thermal diffusivity ( m 2 / s )
coefficient of thermal expansion ( K - 1 )
Kroeneckers delta
dissipation rate of turbulent kinetic energy (m 2 /s 3 )
dissipation rate of thermal variance (K 2 /s)
turbulent fluctuating temperature (K)
thermal conductivity (W/m-K)
dynamic viscosity (Pas)
kinematic viscosity (m 2 /s)
density (kg/m 3 )

Subscripts
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c,dn
dn

hi
k
q
sd

t
up

¥

downwards to a curved surface
downwards
i and j directions
turbulent kinetic energy
heat generation
side-wall
turbulent
upwards
dissipation rate of turbulent kinetic energy
thermal variance

List of abbreviations
CHM
CHM + PrT(Ri, Y+)
CHM + PrT(Ri, Y+) + VIST(Ri, Y+)
CHM + Y
Jk-LM + Y
Jk,R
LM
L&cSM
LkSM + PrT(Ri, Ne)
SLR

Chien model
Modified Chien model, using Prt(Ri,y+)
Modified Chien model, using Prt{Ri, y+)
and i/t(Ri,y+)
Chien model, including Yap term
Jones and Launder model, including Yap term
Jahn and Reineke
Laminar model
Launder and Sharma model
Launder and Sharma model, using Prt(Ri, Ne)
Steinberner and Reineke
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THE INVESTIGATION OF TURBULENCE CHARACTERISTICS
IN AN INTERNALLY-HEATED
UNSTABLY-STRATIFIED FLUID LAYER
R.R. Nourgaliev and T.N. Dinh
Royal Institute of Technology (KTH)
Division of Nuclear Power Safety
BrineUvagen 60, 10044 STOCKHOLM, SWEDEN
Fax + (46)(8) 790-76-78, e-mail: robert@ne.kth.se
vessel during the course of a postulated core
meltdown accident. The most important dimensionless grouping governing this problem is the
Rayleigh number (Ra = ^^r<7/#), w n i c n c a n attain values as high as 1016 in the reactor case.
A significant fraction of the heat generated in
the pool has to be removed through its upper
isothermally cooled surface. It is also known that
the flow in the upper pool portion is inherently
unsteady, with countercurrent flow of ascending
plumes and falling cooled blobs.

Abstract
Turbulence characteristics of the hydro- and thermal fields in an internally-heated horizontal fluid
layer are numerically investigated for Rayleigh
numbers up to 5 • 108 using a finite-difference
code for direct numerical simulations. Calculated results indicate significant anisotropic turbulent behaviour and non-equilibrium of turbulent kinetic energy and thermal variance under
unstable-stratification conditions. It was found
that important turbulence constants are remarkably non-uniformly distributed across the layer
and strongly dependent upon Rayleigh and fluid
Prandtl numbers. These factors pose the principal difficulty in developing a generic higher order
turbulence model for these type of buoyant flows.

As a result, flow and heat transfer in the unstably stratified region becomes turbulent even at
rather low Rayleigh numbers. Despite the importance of this phenomena for various applications, the understanding of turbulent transport
features as well as their predictability are limited. As was shown in a previous study [1], the
widely accepted engineering approach employing
low-Reynolds-number k — e models failed to describe both energy splitting (upward vs. downward transfer) and local heat flux distribution
under the high-Rayleigh-number conditions of interest. In order to improve the current knowledge of turbulent flow and heat transfer under
unstable- stratification conditions, and to provide
a basis for developing the appropriate description and prediction methods, data on turbulence
structure and characteristics are needed. However, there exists no known systematic experimental study, related to the turbulence data of interest here. Only in reference [2], measurements of
temperature fluctuations in an internally-heated
fluid layer were reported, while the local distribu-

Keywords: natural convection, heat transfer, fluid layer, internal energy source, unstablestratification, turbulent characteristics, direct numerical simulation.

1

INTRODUCTION

Natural convection flow and heat transfer in a
fluid layer with a volumetric energy source are of
interest in certain geophysical, astrophysical, and
technological problems. For example, turbulent
heat transport in a decay-heated molten corium
pool is the driving force for processes which occur
in the lower plenum of nuclear reactor pressure
43

tions of eddy heat flux and production of thermal
variance were deduced from interferometric mean
temperature data in reference [3].

proach used. Second, the problem is well defined
to demonstrate turbulence characteristics under
unstable-stratification conditions, without distortions caused by side-wall flow or stably-stratified
bottom layers (in case of cooled lower surface).
Therefore, for this case, the turbulence data may
be correlated in a simple manner and a better
understanding of the physical picture may be
achieved. Also, simplicity of the geometry is of
importance for such a numerical exercise, at least
at the current stage. Furthermore, the Rayleigh
number range is limited to 1012, and the chosen
fluid Prandtl numbers are Pr ~ 7 and Pr ~ 0.6,
which correspond to physical properties of water and corium, respectively. Formulation of the
numerical problem is given in the next section,
which is followed by the validation against the
available experimental data and comparison to
other theoretical results. Next, calculated turbulence statistical features of the hydro- and thermal
fields are presented and analyzed. Finally, the
major findings from the present numerical study
are summarized.

In order to produce a turbulence data base,
direct numerical simulation (DNS) can be used.
This means that the full three-dimensional timedependent conservation equations of mass, momentum, and energy are solved on grids which
resolve the largest and smallest scales of turbulence. DNS has already been established as an
important tool in studying the physics of turbulence; see e.g. [4]. DNS was also employed for analyzing natural convection heat transfer in fluid
layers with internal heat generation for Ra numbers in the range 3-104 to 4 • 106 [5]. Calculations
were performed for fluid layers cooled from both
top and bottom, using a finite-difference code.
Problems of spatial resolution were numerically
investigated. The predicted eddy conductivity
was shown to be positive near the lower and upper walls, but negative between the plane of zero
turbulent heat flux and of maximum temperature.
It was concluded in [5] that the eddy conductivity was not a proper model for natural convection
flows at moderate Rayleigh numbers, because it
cannot account for the counter gradient heat flux.
Turbulence data presented in [5] were limited to
the vertical distribution of the kinetic turbulent
energy and terms of equation for its conservation,
and energy spectra for the velocity fluctuations.
Ref. [5] clearly shows that turbulent natural convection flow and heat transfer in fluid layers with
an internal energy source can be numerically simulated by a finite-difference scheme, without the
use of an empirical model.

2

NUMERICAL MODEL

2.1 FORMULATION OF THE PROBLEM
The fluid layer, with height H and internal heat
generation rate qv, is bounded by the upper
isothermal surface (TZ-H = Tw) and bottom adiabatic surface (qz=o = 0); as shown in fig.l. In order to simulate flows and heat transfer within the
fluid layer, the complete three-dimensional timedependent governing equations of mass (eq.l),
momentum (eq.2) and energy (eq.3) conservation
are solved:

In this study, the DNS method is applied to
establish turbulence characteristics in internallyheated liquid pools. Since the physics of unstablestratification is of primary interest, the analysis focuses upon turbulence characteristics in the
internally-heated horizontal fluid layer, with an
isothermally cooled upper surface and adiabatic
bottom surface. Such a configuration is chosen
for several reasons. First, the availability of heat
transfer and (limited) turbulence data provides
the opportunity to validate the numerical ap-

(1)

dpV
dt

(2)

= ^
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+ qv (3)

where h is the total enthalpy, P is pressure, and U
= [U, V, W] is the velocity vector. The Boussinesq
approximation is assumed. It can be shown that
the only dimensionless groups of interest are the
Rayleigh (Ra) and Prandtl (Pr) numbers.
z(w)

and T = Tw) is used as the initial conditions for
the time integration, which corresponds to previous experimental work. Furthermore, it can be
expected that the statistically-steady state results
are insensitive to the initial conditions in the fluid
due to the chaotic nature of the analyzed natural convection flow and the heat transfer transient
periods, that are much longer than the characteristic time of blobs.

ISOTHERMAL WALL

2.2 NUMERICAL METHODS AND
PROCEDURE

PERIODIC B.C.

Spectral and finite-difference methods are generally used to integrate nonlinear partial equations for DNS studies. The main advantages of
finite difference methods, in comparison to spectral methods, are their simplicity and flexibility with respect to boundary conditions. Recently, it was found that spectral schemes and
finite-difference schemes are of similar accuracy
and roughly equivalent computational expense
[7]. If finite-difference methods can be used for
DNS studies, turbulent flows in complex geometries can also be investigated. Applications of
finite-difference methods for DNS studies of turbulent natural convection flow and heat transfer have been reported, for example, in ref. [5]
for internally-heated fluid layers and in ref.[8] for
Rayleigh-Benard convection. However, it should
be noted that the validity of numerical schemes
used for DNS studies must be empirically determined, since there exists no comprehensive information and generalization about the accuracy
of various finite-difference methods for specific
types of flows. The particular reasons for this
are the high costs associated with DNS studies
and, therefore, their limited use, experience and
systematic examination.

Figure 1: Coordinate system and computational
domain.
Boundary conditions - No-slip boundary conditions are applied to all velocity components at the
upper and lower surfaces. Constant wall temperature and adiabatic conditions are specified for the
upper and lower surfaces, respectively. In addition, periodic boundaries are imposed in two horizontal directions (x,y), and it is assumed that
both hydro- and thermo-fields have the same periodic length in the horizontal direction. Periodicity lengths, D, and simulation time periods
must be selected in such a way, that large scale
vortex systems can be captured. In particular,
the periodicity lengths decrease with increasing
Rayleigh numbers [6]. However, comprehensive
data on the maximum wavelengths observed are
not known, so the validity of the selected periodicity lengths must be determined from analysis
of calculational results. It is believed, however,
that this shortcoming can be accounted for by using large averaging time periods (as much as 3000
time steps), so the turbulence statistical result is
not influenced by the periodicity length. In the
present work, D is chosen equal to H and 2 • H
(depending on the Ra number).

In the present study, the numerical calculations were performed using the AEA code CFDS
FL0W-3D release 3.3. [9]. The basis of the code
is a conservative finite-difference method with all
variables defined at the centre of control volumes,
which fill the physical domain being considered.

Initial conditions - The quiescent state (U = 0
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In order to compute the pressure and velocity
fields, the SIMPLEC pressure-velocity coupling
algorithm is utilized. The linearized momentum
and energy equations are solved using Stone's
method; while the pressure correction equation
is solved using the preconditioned conjugate gradients method.

methods have been used in other DNS studies.
In such cases, the so-called Courant-FriedrichsLevy (CFL) condition (At < {***v**)1>3) m u s t
\

Umax

)

be satisfied to ensure stability.
However,
the spatial resolution required is very small
[min(Ax,Ay, Az) < 10" 3 • H] to resolve all turbulence scales. It should be noted here that the
time-averaged flow velocity may tend to zero, but
the instantaneous velocity of a blob can range up
to U = y/figATH (typically 10~3 to 10~2 m/s).
In such a case, the time step becomes too small
for the physical process simulated here. Therefore, a fully implicit backward Euler differencing
scheme is chosen in the present investigation. It is
assumed that the second-order amplitude damping, associated with the 1st order accuracy of
the chosen time discretization scheme, is negligible. As shown in the next section, the method
is capable of providing sufficiently accurate results, which agree well with existing experimental data on both turbulence level (temperature
fluctuations) and heat transfer (Nusselt number,
temperature profile).

Discretization schemes - For spatial integration
by means of finite-difference methods it is absolutely necessary to use schemes of at least second
order accuracy to suppress or to minimize numerical diffusion [5]. Therefore, in the present investigation all terms, apart from the advection terms,
in all the equations are discretized in space with
second-order centered differencing.
For the advection terms, there exist several
schemes, including those of second-order and
third-order accuracy. To avoid chequerboard oscillations in pressure and velocity, the improved
Rhie-Chow interpolation method is used when
determining the convection coefficients. Central differencing (formally second-order accurate)
has been used in some DNS studies because it
gives relatively low numerical diffusion. However, this scheme is not robust, and often requires
very small under-relaxation factors or gives nonphysical overshoots [9]. The applicability of the
second-order upwind differencing HUW, and the
third-order accurate CCCT upwinded schemes for
DNS studies was examined in this study. The
HUW scheme is made second-order accurate by
extrapolating to the face from the two upwind
points. The CCCT scheme is a modification of
the QUICK scheme which is bounded to eliminate possible non-physical overshoots. Comparison of calculational results obtained with the two
schemes indicates that the results (kinetic turbulence energy and its budget, thermal variance and
its budget) are roughly the same, although more
dissipation (up to 10%) was observed in the HUW
result. The third-order accurate CCCT upwinded
scheme is, therefore, chosen for all calculations
presented here.

Computational grids - All three-dimensional
calculations were performed using a 35 X 35 x 74
grid (or 90650 nodes). The mesh was uniform in
the horizontal directions (x, y). In order to obtain
a sufficiently accurate prediction of the flow and
heat transfer characteristics, a very dense grid
is required in the vertical direction, z, near the
layer's upper and bottom surfaces. Hence, a factor of geometrical progression (1.01 to 1.18) was
utilized when generating the z-grid. Thus, subgrid scale terms are neglected as the grids are
shown to record all relevant structures.
Procedure - During calculations, the overall energy balance in the fluid layer is checked. From
the energy balance point of view, computations
led to steady state solution for relatively low Ra
numbers (Ra < 106), while for higher Ra numbers the resulting upward heat flux qup, and, consequently, the overall energy balance and temperature difference within the layer, exhibit an oscillatory behavior. The local upper-most wall heat
flux was evaluated using a Taylor's series expan-

With respect to time advancement, explicit
Euler-Leapfrog or semi-explicit Crank-Nicholson
46

sion of the temperature at the three upper nodes
of the computational domain.

from above, with an empirical correlation (4)1 .

The computations were continued and "measurements" of turbulent correlations were started
after the statistically steady state energy balance
and statistically-unchanged horizontally-averaged
temperature profile were achieved. During a
given time interval (Atmeas) of simulation, vertical distributions (Nz grid points) of instant velocity (u, v, w), pressure and temperature were
measured, at every time step, at chosen locations ([xk, Vk]i k = 1, JVjfc). Local second-order
one-point momentums were then calculated as

The correlation is valid for the Rayleigh number
range 2 • 103 < Ra < 2.2 • 1012. It is worth mentioning that the Nusselt number must be defined
with the time and horizontally-averaged temperature difference within the fluid layer (over bottom
surface A) as it was in the measurements made by
Kulacki et al. [2],[10], i.e. Nu = ^f- = 3^-,
with

Nu = 0.389 • Ra0-228 ± 15%

AT = Tup - —

dicates averaging over the measurement time
Atmeas)- About 80 parameters are needed at
Nk • Nz mesh points for the statistical analysis of the kinetic turbulence energy budget and
the budget of thermal variance. These include
ujJ^.,mu-,^9^^,M.^^
etc. In order
to optimize the number of time steps (Nt =
Af
A°") a n d the number of vertical measurements,
Nk, needed to provide sufficiently accurate statistical analysis, different cases, with Nt ranging
from 300 to 3000, and Nk ranging from 100 to
1225, were examined. The result indicates that
these two parameters (Nt and Nk) compensate
each other for the chosen ranges. However, due
to small values of D/H, extended simulation time
periods (3000 time steps) are preferable.

VALIDATION

3.1

HEAT TRANSFER DATA

f Tdn dA dt

(5)
Calculations were first performed in twodimensional formulation, with a 100 x 100 grid. It
was known from the systematic numerical study
of three-dimensional effects in various geometries, and under different boundary conditions,
[12], that three-dimensional computations provide higher heat transfer rates to the cooled upper pool surface than two-dimensional computations. This is related to the fact that the third
spatial direction provides additional freedom of
movement to the naturally-convecting flows. In
fact, the present 2D computations indicate that
a two-dimensional approach provides reasonably
accurate prediction of the Nusselt number for
relatively low Rayleigh numbers (< 107), while
for higher Ra numbers two-dimensional computations lead to an underestimation of the Nusselt number. Moreover, two-dimensional numerical solutions have extremely unsteady (oscillatory) behaviour. Oscillations in energy balance
are about 35% at Ra = 5 • 1O10. Serious problems in achieving the convergence of numerical
schemes were observed in two-dimensional computations for higher Ra numbers. Instead, threedimensional computations (with grid 35 x 35 x
74) are much more stable for Ra numbers up to
5 • 1012. For Ra = b- 1012 the calculated Nusselt
number (as well as heat balance) oscillated with
r.m.s deviation of 12% around the averaged values. Infig.2,one can see good agreement between

<fr[(f)'2 = (j>\4>2 — <t>\ • 4>2 ( h e r e t h e o v e r l i n e in-

3

I

(4)

Kulacki and Emara [10] combined their experimental data with those of Kulacki and Nagle
[2] and summarized the measurements of Nusselt
number in internally-heated fluid layers, cooled

'The Rayleigh number defined in the present paper has
the form Ra = ffivH which is consistent with the definitions used in the experimental papers of Kulacki et al.
[2],[10] and the theoretical study by Cheung [11],
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calculated and measured values of Nusselt numbers (±15%) in the complete range of Ra number
investigated.

the mixing region of the internally-heated fluid
layer. In such a case, convective heat transfer
can be characterized by a time scale of tbiob ~
j , H—, which is much smaller than the conducu

blob,max

— K&E, experimental correlation (eq.4)
• PRESENT WORK, 2D formulation
• PRESENT WORK, DNS

tion time scale tconci ~ ^ - . In order to properly
describe transport phenomena in the upper layer
region, the calculations! time step must be much
smaller than tbiob, so that all blobs are resolved in
time. In other words, AFo = ^^ < Fobiob =
j**"^ This condition is actually satisfied for all

101

l

cond

computed cases, as shown in fig.4. In the figure, characteristic times of blob movement were
defined from calculational results of Ubiob,max10"

Figure 2: Prediction of Nusselt number.

If*

Fig.3 depicts the calculated dimensionless temperature profile across the fluid layer for Ra =
9.3 • 107. The deviations of the present results
from the measured data [2], and the empirical
correlation [10], are within the measurement uncertainties [2] (±20%, shown in a gray color).
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Figure 4: Time scales and time step.
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Similarly, blob resolution in space requires horizontal mesh size which is less than blob size
dbiob and vertical mesh size which is much less
than the thermal boundary layer thickness 6T,
i.e. Ax = Ay < dbiob and Az < 6j. In the
present work, the characteristic blob size is determined from the computational result as length
scales of areas with local heat flux larger than the
average one, see fig.5. One can see that the condition Ax = Ay < dbiob is satisfied for the cases
given in Table 1. In addition, observations from
the present DNS study indicate that the thickness
of the thermal boundary layer, 6x, has the same
scale as the blob size, i.e. dbiob — <5y. Hence, the
spatial resolution in the vertical direction near the
upper wall is quite sufficient to describe the steep
temperature gradients in the thermal boundary
layer; see Table 1.
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Figure 3: Prediction of temperature profile.
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TURBULENCE DATA

As mentioned, heat transfer to the cooled upper
surface is governed by unstable-stratification convective flows, with cooled blobs falling down to
48

Figure 5: Example of calculated instantaneous temperature field. Ra = 9.3 • 107, Pr = 7.
results in the restriction on mean grid width A <
min(w-T),Tr-T}t). Fig.6 shows that such spatial resolution requirements are fulfilled for Ra = 5 • 106
and Ra = 9.3 • 107. Again, length scales were
defined from calculational results of ffc.

Table 1: Blob length scale <4/o& and grid sizes
Ax, Ay.
Ra
Ax Ay
FT ' H

H

5-1O6
0.029
0.00096
0.03
0.136

9.3-10'
0.029
0.00096
0.03
0.061

5108
0.029
0.00096
0.03
0.034

The validity of simulation results is demonstrated in fig.7 by comparing measured and calculated temperature fluctuations. Even though the
data shown are for maximum fluctuations [2] and
the calculated data represent root-mean-square
temperature fluctuations, they exhibit quite similar behavior. In both cases, the maximum oscillations were observed close to the upper cooled
surface. Thus, it is believed that the important
turbulence structures can be captured, with reasonable resolution, in the present numerical investigation.

In order to simulate turbulent transport, the
smallest scales of turbulence, namely the Kolmogorov length scale, 77 = (z/3/efc)x/4, and the
thermal scale, rjt = (a^/efc)1'4, must be resolved.
Theoretically, the maximum wave number to be
recorded by the grid is kmax = %, where A =
(AxAyAz)1?3 is the mean grid width [5]. The
wave number must be greater than I/77 and l/jfc.
Although all estimates here are approximate, this
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4.1
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Analyzing turbulence statistics of the hydro-field,
one must keep in mind that the flow velocities
should be zero as they are averaged over long
time periods. Fig.8 shows the calculated vertical
distribution of Reynolds stresses across the fluid
layer with Ra = 9.3 • 107. All the values are dimensionless with respect to (jj) (where jj is a
characteristic velocity). It can be seen that the
turbulent shear stresses (u^u1-, i ^ j) are negligibly small in comparison to the normal Reynolds
stresses (v'v',u'u',w'w'). This result can be explained by the following algebraic formula of the
turbulent shear stress
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Figure 6: Turbulence scales and mean grid width.
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TEMPERATURE FLUCTUATIONS (3)
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As will be shown, the horizontal turbulent heat
flux, u'T', tends to zero. At the same time, the
squared vertical fluctuating velocity
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TURBULENCE STATISTICS OF
THE HYDRO-FIELD
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are almost linearly dependent upon the vertical
turbulent heat flux w'T', which is the major heat
transfer mechanism in unstably stratified layers
with internal heat generation. More strictly, parameters CJ,C| and CJ" depend also on turbulence non-equilibrium and wall effect.

Figure 7: Temperature fluctuations.

4

TURBULENCE STATISTICAL DATA PREDICTION
AND ANALYSIS

In addition, one can see from fig.8 that the
vertical stress, w'w', overshadows the horizontal
stresses (u'u',v'v') in the turbulent core region,
and, hence, k ~ ^ - . The turbulent kinetic energy
is, however, dominated by the horizontal normal
stresses in the near-wall regions, i.e. k ~ " ^ v .
This is due to the damping effect of the horizontal
walls on the vertical fluctuating velocity, transferring thus the kinetic turbulence energy to the
horizontal fluctuating velocity.

In order to provide systematic turbulence data
for analysis, Reynolds stresses and turbulent heat
fluxes are presented in the following section. However, for the buoyancy-driven flows considered
here, separate considerations of the hydro- and
thermal fields results are very much conditional.
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4.2

-500

TURBULENCE STATISTICS OF
THE THERMAL FIELD

Fig. 10 shows the vertical distribution of turbulent heat fluxes across the fluid layer with Ra =
9.3 • 107. All the variables are in dimensionless
form, with respect to a ( r -^- r «'). The vertical
turbulent heat flux w'T' is the dominant component of the total turbulent heat flux, Hu'/T' =
VT + v/f1 + w'T', in the entire fluid layer. It is
worth noting that since the energy source is uniformly distributed in the fluid layer, the local heat
flux must be a linearly increasing function of distance from the lower wall. Combining fig.3 and
fig.10, one can see that the region of highly turbulent mixing (nearly constant temperature distribution) corresponds closely to the region of linear
turbulent heat transport. This indicates that turbulence is the predominant mode of heat transfer
in those regions. The DNS-measured vertical turbulent heat flux, w'T', is in a good agreement with
the analytical model by Cheung [11], in which
similarity between the upper stagnant fluid sublayer and the conduction sublayer was assumed.
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Figure 8: Distribution of Reynolds stresses.
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Figure 9: Budget of kinetic turbulence energy.
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Fig.9 presents the budget of kinetic turbulence
energy in dimensionless form, with respect to the
viscous dissipation scale TY?-. One can see that the
shear-induced turbulence generation is negligibly
small in comparison to buoyancy-induced turbulence generation, i.e. Pk = - « i u j f ^ <• Gk —
—Pgu[T'. The result indicates the absence of local turbulence equilibrium (Pk + Gk — «fc) in the
fluid layer and the significance of diffusive transport of kinetic turbulence energy, k.
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Figure 10: Distribution of turbulent heat fluxes.
An algebraic formula for the vertical turbulent
heat flux has the form [14]

w'T' = -<f>e-\ w'w'
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- (1 - C3e)PgT'2 \ (7)
)

with

can write
Pg = -W'T'

-i

Having the dissipation rate of thermal variance in
the following form

Using eqs.(6,7) we have

(dT'
dT'
dT'\2
+
+
° ~ \~dx~ ~dy~ ~d~T)

e

w'T' =-6B

(9)

—

a

(10)

the balance equation for T'2 becomes

(8)
In eq.(8), the squared temperature fluctuations,
(thermal variance) T'2, are the major component, which determines the vertical turbulent
heat flux. Therefore, the success of a Reynoldsstress description of turbulent heat fluxes under
unstable- stratification conditions would depend
significantly upon how the thermal variance T'2
is modelled. Also, as can be seen from eq.(7),
the parameter 6$ depends on non-equilibrium of
kinetic turbulence energy {Ek = ^ - 1), nonequilibrium of thermal variance (ET = 7? — 1),

(11)
with the diffusion term Tj consisting of the molecular diffusion (a dJ ) and turbulent diffusion
(
QZ ' ) 01 thermal variance.
From fig.11 one can see that temperature fluctuations are generated in the region of 0.90 <
jj < 0.99. This is also in accordance with the behaviour of temperature fluctuations given by fig.7.
Fig. 11 also presents other components of the the
budget of thermal variance in dimensionless form
(with respect to "ffi*1) for Ra = 9.3 • 107. In addition, the comparison with the generation term
calculated with Cheung's model [11] is given.

0

and the ratio between the thermal and mechanical dissipation time scales, R. Thus, if the
non-equilibria Ek, Ej prevail, knowledge about
Ek, ET, R is needed for determining the vertical
turbulent heat flux.

4.3 BALAN£E OF THERMAL VARIANCE T'2
The experimental [2] and theoretical [11] studies
of natural convection in a horizontal fluid layer
with volumetric energy sources and an isothermal upper surface, have shown that the production of thermal variance {Pg) is significant only
near the upper wall. Temperature fluctuations in
this region indicate a downward release of cooled
fluid blobs from the thermal boundary layer at the
upper surface. Moreover, the occurrence of peak
production of thermal variance approximately coincides with the location of the maximum eddy
heat flux [11]. Since mean velocities averaged over
long times are zero, no convective transport exist in the transport equation of thermal variance.
Since there is no contribution from (x,y) directions in the generation of thermal variance, one

-10

A- - A MOLECULAR DIFFUSION (PRESENT WORK)
9 - - ^TURBULENT DIFFUSION (PRESENT WORK)

-15

0.80

Figure 11: Budget of mean temperature variance
in the upper region.
The present DNS result indicates that the local
equilibrium assumption (Pg = e^), used in most
previous studies to model T'2, is not valid for the
flow field under consideration here. Thus, nonequilibrium of thermal variance must be modelled
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the application motivating the present investigation is turbulent natural convection heat transfer
in corium melt pools. In such a case, the working fluid has Prandtl numbers in the range 0.4 to
1.2. Moreover, major relevant experiments were
conducted by employing simulant liquids (water,
freon) with fluid Prandtl numbers in the range 3
to 15, so the data base may not be directly extrapolatable to reactor situations [13]. Further,
there exist significant technical challenges in obtaining heat transfer and turbulence data for prototypical melts, with temperature levels of 3000K.
In the present study, direct numerical simulations
are used to distinguish the difference in the turbulence characteristics with Pr = 0.6 from those
with Pr = 7.
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Figure 12: Budget of mean temperature variance
in the mixing core region.
in the unstably stratified region, where diffusive
transport of thermal variance plays an important
role.

5.1

THE THERMAL FIELD DATA

Heat transfer results obtained from computations
for Pr = 0.6 indicate that the thermal field results
are roughly the same as for the case with Pr = 7.
For Ra = 9.3 • 107 the Nusselt numbers are ~ 25
and ~ 29 for Pr = 0.6 and 7, respectively. Hence,
the dimensionless bulk temperature is about 1215% higher and dimensionless turbulent heat flux
is about 12-15% lower when Pr — 0.6. However,
it is worth mentioning that the components of the
thermal variance budget have similar behaviour
for Pr = 0.6 and Pr = 7. More importantly, the
non-equilibria of thermal variance ET are nearly
the same for two different Prandtl numbers, as depicted in fig.13. Similar results are also obtained
for Ra = 5 • 106.

Due to large gradients of thermal variance near
the upper wall region (fig.7) and the wall effect on
the turbulent diffusion, the molecular diffusion is
able to provide more than 50% of the diffusive
transport of thermal variance in the top sublayer
(fig. 11). However, one can see from fig. 12 that
the molecular diffusion term is very small in comparison to the turbulent diffusion in the turbulent mixing core region. Negligibly small (and
even negative on the very bottom) thermal variance generation rate in the mixing region is due to
the small (and positive) temperature gradient | j j
in that region; see eq.(9) and fig.3. Thus, under
moderate Rayleigh number conditions, the turbulent diffusion is the only mechanism, which transfers the thermal variance to the lower region of
the fluid layer.

Temperature fluctuations in dimensionless form
(with respect to the driving temperature difference across the fluid layer), ^ y , are presented
infig.14 for different values of Ra and Pr numbers. For Ra = 9.3 • 107, in the turbulent mixing core region the temperature fluctuations are
in the range of 4-7%, and vary up to 20% in the
near upper wall region. It can be seen that the
fluctuations behave similarly in both cases, even
though relatively higher temperature fluctuations
were predicted for Pr = 0.6. This can be ex-

EFFECT
OF
FLUID
PRANDTL NUMBER
The above presented computations were made
for electrically heated water layers, which have
Prandtl numbers in the range 6 to 7. However,
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THE HYDRO-FIELD DATA AND
REYNOLDS ANALOGY

It is interesting to note that smaller time steps
were necessary for solving the governing equations
in case of Pr = 0.6. It was found from calculations that fluid velocities are as much as one order of magnitude larger than those for the case of
Pr = 7. Therefore, the time scale of blob movement becomes significantly smaller. This also resulted in significantly higher values of Reynolds
stresses,'buoyancy-induced turbulence generation
Gk, and kinetic turbulence energy k for Pr = 0.6
(fig.15), compared to Pr = 7 (fig.8). Also, contributions from the horizontal fluctuating velocities in the kinetic turbulence energy are larger
for Pr = 0.6. This means that the anisotropy is
relatively less in this case.

1.0

Figure 13: Non-equilibria of thermal variance and
kinetic turbulence energy; Ra = 9.3 • 107.

plained by the fact that the fluid with Pr = 0.6
has relatively higher thermal diffusivity, so the effect of temperature fluctuations in the upper wall
region are transferred deeper into the turbulent
core mixing region. In fact, the molecular diffusion of thermal variance in the near upper wall
region of the fluid layer with Pr = 0.6 is about
30% higher than that for Pr = 7. Even for lower
Ra number the dimensionless temperature fluctuations in fluid with Pr = 0.6 are higher (see
[Ra = 5-106;Pr = 0.6] vs. [Ra = 9.3-107;Pr = 7]
in fig. 14).
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Figure 15: Distribution of Reynolds stresses for
Ra = 9.3 • 107, Pr = 0.6.
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The numerical results indicate that even
though the Rayleigh number is the dominant dimensionless group for the thermal field data, the
hydro-field data are very much determined by
the fluid Prandtl number. Since the process is
fully buoyancy-driven, velocity fluctuations are
caused by, and Reynolds stresses are determined
by, the temperature fluctuations. In this sense,
the fluid Prandtl number Pr = ^ is an indicator,
showing the similarity in temperature fluctuation
field and velocity fluctuation field (Reynolds analogy). Since relatively lower viscosity is present

1.0

Figure 14: Dimensionless temperature fluctuations.
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temperature field of the turbulent mixing core region is almost uniform, so temperature gradients
tend to zero (see fig.3). Due to the sign change of
the temperature gradient §£, the thermal diffusivity is negative in the lower region and positive
in the upper region. Discontinuity takes place at
the location of ^ = 0 Dimensionless thermal diffusivities ^f- are presented infig.16. Peculiarities
can be observed also, when calculating the turbulent thermal diffusivities in the horizontal directions GIT,xi or,y For sufficiently long time periods,
both the time-averaged horizontal turbulent heat
fluxes and horizontal temperature gradients tend
to zero. Nevertheless, it can be shown that OLT,X
and ax,y —• 0. Thus, turbulent thermal diffusivities are strongly anisotropic in the space. It is
interesting to note that similar approach (in determining ax,i) cannot be used for determining
the directional turbulent viscosities, because all
time-averaged velocity components are zero over
the computational domain. In this sense, the turbulent viscosities VT,% are undefined.

for smaller Pr numbers, the relatively lower dissipation rate (^-) and the higher non-equilibria
of kinetic turbulence energy Ek can be predicted
(fig.13).
Considering boundary layers in the upper wall
region of the fluid layer, one can see that the
fluid Prandtl number may affect the relative location of stagnant (hydrodynamic) sublayer and
conduction (thermal) sublayer. For Pr >> 1, the
thickness of the conduction sublayer 6a is smaller
than that of the stagnant sublayer <$„. Therefore,
the turbulent mixing core region is not overlaping the conduction sublayer, which has large temperature gradients. The situation is, however,
changed for Pr < 1, when mixing mechanisms
in the core region are able to disturb the conduction sublayer and intensify the blob release. As a
result, the characteristic time of the blob was reduced and higher temperature fluctuations were
observed (fig. 14).
Effects of fluid Prandtl number can also be seen
from an analysis of the turbulence model constants in the next section. It must be noted
that the capability of different modelling approaches for describing natural convection turbulent flow and heat transfer are very much
determined by insensitivity of major turbulence
constants (micro-parameters or model level) to
(i) local field conditions (field-parameters), like
^ J ( Z ) , K , etc., and (ii) governing dimensionless
groups (macro-parameters or problem level) such
as Ra and Pr.

le+04
lte+0)
<Sc+OJ

C! B

O ©Pr=0.6
o — a Pr=7.0

OIIOOO O O-

0.0 0.1 0.2 0.3 0.4 0.5 0.6 0.7 0.8 0.9 1.0
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Figure 16: Verticai turbulent thermal diffusivities, Ra = 9.3 • 107.

PARAMETERS OF TURBULENCE MODELLING
6.1

In order to investigate qualitative behaviour of
turbulence in unstably stratified layers, an attempt was made to define the eddy transport
properties. By using ut = C^kxl2Lm = C^k2/e*
(Op = 0.09), one obtains the conventional kinematic eddy viscosity, which is rather small [^ ~
(1 -h 2) for Ra = 9.3 • 107, as depicted in fig.17].
The isotropic eddy diffusivity for heat transfer is
defined by using a mixed time scale as follows

PARAMETERS OF k - t MODELLING

Based on an eddy diffusion formulation, one may
define turbulent thermal diffusivities of the flows
as aj,i = ;=' —. However, the time-averaged
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1.6

at = Cxky/(k/6k) • (T'yej), with Cx = 0.11. If
a. k — e model is utilized, turbulent Prandtl number, Prt = %-, is the most important turbulence
constant for calculating turbulent heat flux. The
turbulent Prt number is in the range 0.6 to 0.8
in the turbulent core region for Ra = 5 • 106, and
drastically decreases in the nearwall regions; see
fig.18). Also, the turbulent Prandtl number decreases with increasing Rayleigh number; Prt a
0.48 for Ra = 9.3-107in the turbulent mixing core
region. These results confirmed the conclusion of
the previous study [1], which is based on k — e
modelling and analysis of specific experiments in
internally-heated liquid pools, with water as the
working fluid. For considerably higher Ra numbers (say 1014 to 1015), Prt may even decrease
well below unity (Prt < 1).
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REYNOLDS STRESS AND TURBULENT HEAT FLUX MODELLING

In this section, we examine the applicability of
various formulae related to turbulent heat fluxes.
Fig.19 presents the ratio between calculated [by
eq.(7)] turbulent heat fluxes w'T'tr and DNSmeasured w'T'. It can be seen that an orderu
of-magnitude agreement -^£ ~ 1) is achieved
over the turbulent mixing core region. However, there exist strong wall effects from the upper and lower surfaces. The validity of eq.(7)
is maintained only in a limited part of the core
region for Pr = 0.6. As a consequence, turbulence "constant" C^e is not constant, as proposed
(~ 0.4 4- 0.5) in previous studies of buoyant flows
[14] [15] [16]. The "constant" C3e varies in the
range [0.4-=- 1] for Pr = 0.6 and [-0.64- 1] for Pr
= 7.
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Figure 18: Turbulent Prandtl number for variable
values of Ra and Pr.
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Figure 17: Turbulent transport properties; Ra
9.3 • 107, Pr = 7.

The simplest way to model T'2 is to use the
truncation of the T/2-equation [16].

The method described was used to determine
Prt in fluid layers with Pr = 0.6. The Prt was
found to range between 1 and 1.5 in the turbulent mixing core region and to be insensitive to Ra
number over the range (5 • 106 4 9.3 • 107). This
result indicates a limited applicability of turbulence models, based on the eddy diffusion concept.
Even if such a model is validated against data for
one Pr number, it may not work for another.
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ejt

where ^ 2 = 2 ( ^ - 1 - ^ )
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Calculated values of C^ are presented in fi.g.21.
The "constant" is very much non-uniform over
the fluid layers. The effect of the lower and upper walls penetrates further into the core region
for higher Pr numbers. The recommended value
Cl62 = 0.3 (see e.g.[8]) occurs only for one case of
Pr = 0.6 and Ra = 9.3 • 10 7 .
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Figure 19: On applicability of the truncated algebraic form of the vertical turbulent heat flux.

of eq.(12) can be seen from fig.20, which depicts
the ratio between calculated [by eq.(12)] T'2tr and
DNS-measured T'2. Negative and small values of
T'2tr are related to positive and zero-tending temperature gradient ^ —» 0 in the turbulent mixing
core region, while turbulent heat flux w'T', and
k,ek are positive over the entire fluid layer.
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The ratio between the thermal and 2 mechaniT
T*2 lit—
lit—
cal dissipation time scales (R — ~p- — k>* 66) has
~p—
>*
) rate
k
been widely used to determine the dissipation
i
(ej) in the differential Reynolds stress model and
in the algebraic stress model. The common range
for R is 0.4 to 0.8, though R = 0.25 and 1.25 were
used in some studies to match experimental data.
It has been proposed in the study [1] that the ratio
of time scales depends, significantly, on the local
Richardson number, Ri = - p " - , and the value
of R increases for unstable-stratification conditions. The wall effect (wall-reflection of buoyant
plumes against the cooling upper wall) has also to
be taken into consideration. Fig.22 depicts distribution of R across fluid layers for different values
of Ra and Pr numbers. In fact, R drastically increases in the upper wall region, where the temperature gradient | J < 0. The effect of the lower
wall on R also results in a similar increase. It can
be seen from fig.22 that R is a function of both Ra
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Figure 21: Turbulence

• — • Pr=0.6; Ra=5.0E+<KS
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Figure 20: On applicability of the truncated algebraic form of the thermal variance.
In order to solve eq.(ll), the turbulent diffusion
and dissipation of thermal variance must be modelled. Using the gradient-type approximation for
the triple correlation w'T'2, one can express the
turbulent diffusion in terms of
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and Pr numbers. Dependence of R on Pr number and turbulence level was also observed from
a DNS study of Rayleigh-Bernard convection of
air and sodium [8]. In the present work, the dependence of R on Pr number is remarkable for a
ten-fold change of Pr. In order to establish qualitative dependence R ~ Pr, additional data are
necessary. From fig.22 one can observe a noticeable dependence of R on Ra for Pr — 7, while
that one is weak for Pr = 0.6 in the investigated
range of Ra numbers.

layer with a volumetric energy source.

7

1. Direct numerical simulation of naturally convecting flow in internally-heated fluid layers, with a constant temperature boundary
condition on the upper surface and an adiabatic boundary condition on the bottom surface, was performed using a finite-difference
method. This approach enabled the determination of the top wall heat fluxes, the
mean temperature fields, the distributions of
Reynolds stresses and turbulent heat fluxes.
A good agreement of heat transfer data was
achieved for Ra numbers up to 5-1012, but reliable turbulence data were obtained for several Rayleigh numbers in the range 5-106-j5-108. In particular, the calculated Nusselt number, temperature distribution within
the fluid layer and temperature fluctuations
are in good agreement with the experimental
data of Kulacki et al. [2], [10]. Also, the calculated turbulent heat fluxes agree well with
those predicted by the analytical model of
Cheung [11].

Dependence of R on Pr numbers shows the effect of transport properties on dissipation time
scales of fluctuating temperature and velocity
fields. The larger the Pr number, relatively larger
is the viscosity, which provides faster damping of
fluctuating velocity and a shorter dissipation time
scale TU. This leads to the increase of the thermalto-mechanical dissipation time scale ratio R.
— « Pr=0.«;
FK7.0; Ra=5.0E+06
• — • Pr=OJS; Ra=9 JE+07
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CONCLUSIONS

2. The turbulence data obtained are important
for developing Reynolds stress-type correlations and finding reliable methods for describing turbulent natural convection heat
transfer to the isothermally cooled upper surface in an internally-heated liquid pool.

0.9

Figure 22: Dissipation time scale ratio R.

The calculated turbulent characteristics
(Reynolds stresses and turbulent heat fluxes)
indicate significant anisotropy of turbulent
transport properties. So, the isotropic eddy
diffusion approach cannot be used to describe
turbulent natural convection heat transfer
under unstable- stratification conditions.

The above analysis of the major assumptions, employed in Reynolds stress-type turbulence models, indicates the failure of the algebraic
turbulent heat flux model, of the truncated model
of thermal variance and of the simplified approach
to model the triple correlation w'Tn and the sink
term [e^; eq.(10)]. Strong dependencies on Ra
and Pr numbers of turbulence constants as well
as their non-uniform distributions across the fluid
layer were observed. These features pose the principal difficulties if developing a generic higher order turbulence model for an unstably-stratified

Analysis of the thermal variance balance
showed an important role of diffusive transport of T'2 and remarkable non-equilibrium
of thermal variance ET- Turbulence constants, needed for modelling of turbulent diffusion and dissipation of thermal variance,
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are shown to be strong functions of Rayleigh
and Prandtl numbers, and are non-uniformly
distributed in the fluid layer. Thus, developing a higher order turbulence model for this
type of flow, is not straightforward.

T'

yv2
U,V, w

x,y,z
Greek letters
a
Thermal diffusivity, m 2 / s
Coeff. of ther. expansion, 1/K
P
6
Kroenecker delta
Ther. boundary layer thickness, m
6TJa
Dissipation rate of k, m 2 / s 3
Dissipation rate of thermal
variance, K 2 / s
Kolmogorov lengh scale, m
V
K
Heat conductivity, W/m-K
fl
Dynamic viscosity, Pa-s
V
Kinematic viscosity, m 2 / s
Density, kg/m 3
P
AT
Temperature difference, eq.(5)
Ax,Ay,Az Spatial steps, m
Superscripts
Fluctuating component
Time-averaged parameter
Dimensionless value
Subscripts
ave
Averaged
dn
Down
cond
Conduction
meas
Measurement
rms
Root-mean-square
t,T
Turbulent or Thermal
tr
Truncated form
up
Upper
w
Wall
List of abbreviations
B.C.
Boundary conditions
DNS
Direct Num. Simulation
Gibson and Launder
GtL
KkE
Kulacki and Emara

Two fluid Prandtl numbers (Pr = 7 and
Pr = 0.6) were investigated. Similar thermal
fields were obtained for different Pr numbers,
however, remarkably different hydro-field results were calculated. As a consequence, important turbulence parameters and constants
are shown to be strongly dependent upon the
fluid Prandtl number.

Finally, it is worth mentioning that the numerical method and simulation approach, utilized in
the present work, are sufficiently robust and general. The technique can, therefore, be used for
studies of turbulent natural convection flows with
complex geometries.

NOMENCLATURE
Arabic letters

dblob

D
Fo
g
H
k
Nu
P-e
Pr
qup
R
Ra
t
T

Dimensionless T,T* — —• -H
Diffusive transport of thermal
variance, K 2 /s
Thermal variance, K2
Velocity components, m / s
Coordinates, m

Turbulence constants
Turbulence parameters
Turbulence parameters
Blob size, m
Periodicity length, m
Non-equilibria of n and T'2
Fourier number, Fo = jj%
Gravitational acceleration, m / s 2
Fluid height, m
Kinetic turbulence energy, m 2 / s 2
Mixing length, m
Nusselt number, Nu = K(X"F-T )
Generation of T'\ K 2 /s
Prandtl number, Pr = vja
Volumetrical heat source, W / m 3
Upward heat flux, W / m 2
Thermal-to-mechanical dissipation
time scale ratio
Rayleigh number, Ra =
time, s
Temperature, K

Acknowledgments:
The authors appreciate the
support and guidance of our Professor B.R. Sehgal
during the course of this work.
59

References

on Computational Fluid Dynamics "3D Complex
Flows", Lausanne, Switzerland (1995).

[I] T.N. Dinh and R.R. Nourgaliev, On Turbulence
Modeling in Large Volumetrically Heated Liquid
Pools, Int. J. Nuclear Engineering and Design (accepted March 1995, in press).

[13] T.N. Dinh, R.R. Nourgaliev, and B.R. Sehgal,
On Heat Transfer Characteristics of Real and Simulant Melt Pool Experiments, Proceeding of the
Seventh International Topical Meeting on Nuclear
Reactor Thermal Hydraulics NURETH-7, Saratoga
Springs, NY, September 10-15, 1995, NUREG/CP0142, Vol.2, pp.827-845 (1995).

[2] F.A. Kulacki and M.Z. Nagle, Natural Convection
in a Horizontal Fluid Layer with Volumetric Energy
Sources, Transactions of the ASME, J. Heat Transfer, Vol.97, pp.204-211 (1975).

[14] M.M. Gibson and B.E. Launder, On the Calculation of Horizontal Turbulent Free Shear Flows under
Gravitational Influence, Transactions of the ASME,
J. Heat Transfer. Vol.98, pp.81-87 (1976).

[3] F.A. Kulacki and R.J. Goldstein, Eddy heat Transport with Volumetric Energy Sources, Proceedings
of Fifth International Heat Transfer Conference,
Tokyo, Vol.3, pp.64-68 (1974).

[15] K. Hanjalic and S. Vasic, Computation of Turbulent Natural Convection in Rectangular Enclosures
with an Algebraic Flux Model, Int.J. Heat Mass
Transfer, Vol.36, pp.3603-3624 (1993).

[4] B.E. Launder, On the Computation of Convective
Heat Transfer in Complex Turbulent Flows, Transactions of the ASME, J. Heat Transfer, Vol.110,
pp.1112-1128 (1988).

[16] K. Hanjalic and S. Vasic, Some Further Exploration of Turbulence Models for Buoyancy Driven
Flows, in Turbulent Shear Flows, Vol.8, pp.319-341
(1993).

[5] G. Grotzbach, Direct Numerical and Large Eddy
Simulation of Turbulent Channel Flows, In: Encyclopedia of Fluid Mechanics, Vol.6, pp. 13371391, Ed.: N.P. Cheremisinoff, Gulf Publ. Houston
(1987).
[6] F.A. Kulacki and R.J. Goldstein, Thermal Convection in a Horizontal Fluid Layer with Uniform
Volumetric Energy Sources. J. Fluid Mech. Vol.55,
part 2, 271-287 (1972).
[7] B. Roux, Numerical Simulation of Oscillatory
Convection, Notes on Numerical Fluid Mechanics,
Vol.27, Vieweg, Braunschweig (1990).
[8] M. Worner and G. Grotzbach, Analysis of Thermal Variance equation for Natural Convection of
Air and Sodium, Intern. Symposium on Turbulence,
Heat and Mass Transfer, Lisbon, Portugal, paper
9.3.1 (1994).
[9] CFDS-FLOW3D, Release 3.3, User Manual, June
1994.
[10] F.A. Kulacki and A.A. Emara, Steady and Transient Thermal Convection in a Fluid Layer with Uniform Volumetric Energy Sources, Journal of Fluid
Mechanics, Vol.83, part 2, pp.375-395 (1977).
[II] F.B. Cheung, Natural Convection in a Volumetrically Heated Fluid Layer at High Rayleigh Numbers, Int.J. Heat Mass Transfer, Vol.20, pp.499-506
(1977).
[12] R.R. Nourgaliev, T.N. Dinh, and B.R. Sehgal,
Natural Convection in Volumetrically Heated and
Sidewall Heated Melt Pools: Three-Dimensional Effects, Proceedings of the IMACS-COST Conference

60

Paper 3:

On Heat Transfer Characteristics of
Real and Simulant Melt Pool Experiments

61

ON HEAT TRANSFER CHARACTERISTICS OF
REAL AND SIMULANT MELT POOL EXPERIMENTS
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Abstract
The paper presents results of analytical studies of natural convection heat transfer in
scaled and/or simulant melt pool experiments related to the PWR in-vessel melt retention
issue. Specific reactor-scale effects of a large decay-heated core melt pool in the reactor
pressure vessel lower plenum are first reviewed, and then the current analytical capability
of describing physical processes under prototypical situations is examined. Experiments
and experimental approaches are analysed by focusing on their ability to represent prototypical situations. Calculations are carried out in order to assess the significance of some
selected effects, including variations in melt properties, pool geometry and heating conditions. Rayleigh numbers in the present analysis are limited to 1012, where uncertainties
in turbulence modeling are not overriding other uncertainties. The effects of fluid Prandtl
number on heat transfer to the lowermost part of cooled pool walls are examined for square
and semicircular cavities. Calculations are performed also to explore limitations of using
side-wall heating and direct electrical heating in reproducing the physical picture of interest.
Needs for further experimental and analytical efforts are discussed as well.

PHENOMENA AND MODELING
A large melt pool might form in the reactor core, in the lower plenum of the reactor pressure
vessel, or in the containment, during a severe light water reactor accident. Most notably at the
moment, the feasibility of external vessel flooding as a severe accident management measure,
and the phenomena affecting the success in retaining molten core material inside the vessel,
are under active study. For this case, the assessment of the potential for a vessel-coolant heat
transfer crisis and a subsequent vessel failure requires knowledge of heat transfer from the melt
pool to the vessel lower head wall. The local heat fluxes are of specific importance. Despite the
fact that some experimental studies have been performed, it is not possible to experiment with
the real situation involving large scales x, different three-dimensional geometries of the reactor
lower head and melt pool and real core melt properties (small Prandtl number, temperaturedependent properties, non-Newtonian fluid). In order to confirm the reactor applicability of the
experimental results obtained with simulant materials in various lower head models, there is a
clear need for confirmatory experimental and analytical studies.
The phenomenology of the issue involves a wide spectrum of physical processes. A comprehensive overview of reactor-specific features and related phenomena can be found in Ref.[l].
Large uncertainties are associated with in-vessel accident progression and phenomena (volume
and composition of core melt pools, stratification of melt, physico-chemistry of core melt-vessel
interaction, late in-vessel water supply above the pools). The safety margins available, and
'The most important scaling criterion are the Rayleigh numbers (Ra), which are proportional to length scale
(H) in power of 5, Ra oc Hb.
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thereby also the acceptable uncertainty level, depend strongly on the reactor design under consideration. A systematic approach to problem resolution by the ROAAM was presented in
Ref.[2], analysing the effects of a metallic top layer, core melt natural convection heat transfer,
thermal and mechanical behavior of vessel lower head, and ex-vessel boiling heat transfer.
Numerical studies of natural convection heat transfer in large self-heated liquid pools have
been limited to the two-dimensional formulation [3],[4],[5],[6]. In addition, natural convection
flows in internally heated cavities distinguish from external natural convection flows by consisting of unsteady multi-vortex flow fields in the region near the top wall and stably stratified
layers near the bottom wall; see observations by the holographic interferometry in Refs.[3],[4].
Consequently, the fluid flow problems in question require the use of fine computational grids and
mesh organization in such a way that locally significant flow variations are properly modeled.
The physics and modeling aspects of turbulent convection in large volumetrically heated liquid
pools are discussed in detail in Ref.[7]. Only a summary of computational modeling can be given
here. Fig. 1 presents results of calculations performed by using different low-Reynolds-number
(LRN) k — e turbulence models for the upper surface of internally heated liquid pools with
isothermal surfaces: a square slice in experiments of Steinberner and Reineke [4] and torospherical slices in the COPO experiments [8]. It can be seen that the laminar model is able to predict
(with errors less than 25%) heat transfer rates up to the transition-to-turbulence region, i.e.
Ra ~ 1012 in square cavities. In addition, most of the well-known LRN k - e turbulence models
applied are capable of predicting heat fluxes to the pool's side walls due to the convectiondominated nature of descending flows along cooled vertical surfaces. However, these models
fail in describing heat fluxes to the top and, also, to the bottom surface of the liquid pool.
It was shown that the turbulent Prandtl number, Prt, and turbulent viscosity, i/t, have to be
re-formulated to take into account specific effects of turbulence generation in buoyancy-induced,
strongly stably and unstably stratified flows in the lower and upper regions of the liquid pool,
respectively [7]. Although some empirical correlations for Prt and vt (as functions of the local
Richardson number) have been proposed to describe data of specific experiments, there exist
no reliable methods to predict related reactor-scale processes. The resolution of the in-vessel
melt retention issue, up to now, depends on experimental observations, data and correlations,
and whether those are relevant to prototypical situations.
In the present paper, we consider natural convection heat transfer regimes, whose Rayleigh
numbers are below 1012. Experimental and analytical works have been indicating that internally heated liquid pools behave, in integral sense, in a quite similar way both at high Ra
numbers and at low Ra numbers. In fact, the dimensionless heat transfer laws (JVu, = f(Ra))
obtained at lower Rayleigh number were, with success, extended to higher Rayleigh numbers in
square cavities and hemi- and torospherical pools [4], [8],[9],[10]. The differences are within the
uncertainties. Thus, the trends observed at low Ra numbers may hold at higher Ra numbers
also. That is why it is not irrelevant to establish the integral picture for Ra = 1012, where the
uncertainties of the turbulence model are not overriding other uncertainties. Also, since the
real material tests have been and probably will continue to be performed at small scales with
Rayleigh numbers limited to 1012, it is crucial to assess their scaling and design effects (e.g.,
Lorentz force, side-wall heating, melt properties). Similar analyses have to be performed for
higher Rayleigh number conditions (1014 - 1016), after a reliable turbulence model has been
developed and validated against the existing data base. In thix context, one can utilize the
computational approach that has been found suitable for low Rayleigh numbers.
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Figure 1: Calculational results vs. experiments for internally heated water pools.
2

POTENTIAL EFFECTS OF NON-PROTOTYPICAL CONDITIONS

Experimental investigations of heat transfer under conditions of interest might be classified into
two main groups: (i) simulant experiments and (ii) small-scale real material tests.
In the past, simulant experiments of the first group were conducted at low Rayleigh numbers,
except for the Steinberner and Reineke experiments in square cavities [4], where Ra numbers
were up to 3 • 1013. Related natural convection heat transfer experiments were carried out
in internally heated fluid layers, square and semicircular cavities with isothermal walls (see
e.g. Refs.[l],[9],[10], for relevant reviews). Even though several three-dimensional experimental
studies have been performed, uniformity of volumetric heat generation rate and/or conditions
of isothermally cooled top, side and bottom surfaces were not achieved in such experiments.
From the heat transfer point of view, most experiments were two-dimensional, with adiabatic
face and back surfaces. Since the previous simulant experiments are not necessarily - in every
detail - representative of a molten corium in the pressure vessel bottom head, new simulant
experiments have recently been pursued. Heat transfer data were obtained for high Rayleigh
number conditions (1014 < Ra < 1016) in the two-dimensional torospherical slices of the COPO
experiments [8] and in the three-dimensional hemispherical pool of the UCLA experiments [10].
Such simulant experiments employ water (Pr = 2.7-7.2) or Freon R-113 (Pr = 5.2-13) as working
fluids. Some other simulants (salts, glass-type oxidic melts) have also been considered, yet such
experiments have not been carried out so far. Also, there exist other uncertainties related to
physical properties of core melts such as multi-component and non-Newtonial fluid behavior,
and temperature dependence of core melt properties. Perhaps in future, when related core melt
data and observations will become available, such effects could be accounted for in experimental
modeling by selection of appropriate simulants. In general, simulant material experiments have
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many advantages as they are inexpensive, easy in performance and can provide quantitative
heat transfer data. In addition, the convection conditions can be made free of several potential
distortions (Rayleigh numbers, geometry, heating methods), compared to reactor situations.
The second group is formed by small-scale experiments, employing various oxidic/metallic
compositions of the prototypical core melt as the working fluid. Such experiments have a
confirmatory character rather than providing data needed for natural convection heat transfer
[1]. Earlier small-scale experiments using joule-heating of molten UO2 at Argonne National
Laboratory (ANL) had found higher downward heat fluxes than what had been predicted on the
basis of correlations developed using low temperature simulant liquids [11], [12]. Explanations
of such discrepancies were given to radiation properties of pure molten UO2, Lorentz forces
and heat generation in the lower crust. In contrast, enhanced upward heat flux was observed
in in-core small-scale experiments with 5 kg molten UO2 at Cadarache (France) [13]. Several
mechanisms have been proposed to explain the data [13],[14]. Core melt experiments, as a
rule, are small-scale and comprise significant distortions due to pool geometry and heating
methods applied, not to mention the fact that such experiments can suffer from uncertainties
in measurement and data reduction, definition of the real geometry of crust-surrounded melt
pools, and knowledge of the high-temperature melt properties. Also, there are possibilities
of gas gap formation between the top crust (anchored to the vessel wall) and free surface of
small-scale melt pools. Concerning also other aspects than natural convection flows and heat
transfer, there exist uncertainties in predicting the behavior of multi-component melt under
high Ra number and low Ra number conditions [14]. While changing the physico-chemistry of
core melt-vessel interaction by possible precipitation of the denser phase near cold boundaries,
the low-Rayleigh-number natural convection would also promote component stratification and
affect strength characteristics of the core melt crust.
Despite the potential problems, one has to acknowledge the importance of experiments with
prototypical core melt, providing more confidence in the current understanding of the general
physical picture. Even though there are no exist straight-forward methods to control important phenomena (such as non-Newtonian fluid behavior and temperature dependent properties,
etc.) in experiments with prototypic core melts, their results are crucial to validate the simulant
experiments. For example, sould the results from the real material experiments verify natural convection heat transfer correlations obtained in simulant, Newtonian fluid-experiments,
one could conclude insignificance of such specific effects (non-Newtonian fluid, temperaturedependent properties) in reactor-scale melt pools, where Rayleigh numbers are higher and,
therefore, turbulence dominates the flow behavior. In particular, such real material tests are
to be performed in the RASPLAV program under the OECD/NEA sponsorship [15]. Oxidic/metallic core melts will be employed as working fluids in the small-scale natural convection
heat transfer experiments (Ra numbers are limited to 1010). The direct electrical heating and
side-wall heating are being considered as methods for simulating decay power generation in core
melts. Both a semicircular slice and a hemispherical pool are included as test sections. Several aspects determining the relevance and usefulness of such natural convection heat transfer
experiments may be foreseen: the uniformity of power generation rate, the absence of gas gap
formation and melt-vessel physico-chemical interaction during flow development and heating
transients, the sufficiency of melt superheat over freezing point (to avoid mushy regime), the
influence of secondary effects on natural convection flows and heat transfer (Lorentz force or
side-wall heating, two-dimensionality of test sections).
It is clear from the above considerations that careful scaling and other design considerations
are crucial for planning and analysis of the core melt tests, and to assess the applicability of
simulant experiments to prototypical situations. In general, one has to consider three classes of
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experimental scaling and design effects, caused by (1) physical properties of working fluids, (2)
geometrical peculiarities of liquid pools, and (3) boundary, heating and transient conditions.

3

QUANTIFICATION OF SELECTED PHENOMENA

In this section, we discuss in more detail some selected experimental vs. reactor processes.
Calculations have been performed to examine the effects of using simulant materials and small
scales. However, since no well validated turbulence model for natural convection with high
Rayleigh number is available, numerical studies are limited so far to the range of Ra < 1012. The
NARAL-2D program has been employed to produce most of the results presented in the paper.
In the NARAL code, the set of mean flow equations in complex domains is solved by using
the technique of two-dimensional algebraic coordinate transformation developed earlier and
described elsewhere [16]. The control volume methodology and the SIMPLE solution procedure
for pressure-linked equations [17] are adopted for numerical treatment. The dependent variables
are the contravariant velocities, pressure and temperature. The NARAL code results have been
compared to natural convection experiments of heat generating fluid (radioactive tritium) in
closed vertical cylinders with Ra numbers ranging from 103 to 106, as well as experiments of the
volumetrically heated semicircular cavity of Jahn and Reineke with Ra numbers up to 5-1011
[3]. The NARAL model has successfully predicted the average Nu numbers on all isothermal
walls of an internally heated square cavity for Ra numbers up to 1011. Further, the calculated
local heat fluxes are in good agreement with available experimental data [7]. A picture of the
computational errors can be obtained from Figures 2,3 and 4, which present the calculational
results of the average top, side and bottom Nusselt numbers in square cavities (water, aspect
ratio 1:1). One can see that, for Rayleigh numbers up to 1012, the discrepancies between the
calculated results (water line, Pr = 7) and the experimental correlations are not larger than
25% for Nuup or 12% for Nusd and Nudn. The general CFD program CFDS-FL0W3D [18]
also has been used to calculate 3D flows when such computations are required. The laminar
model of FL0W3D in semicircular cavities has been subjected to extended validation efforts [7].
Transient simulations are used in the computational modeling, and aspects of flow development
and stabilization are taken into account as well.

3.1

Physical properties of working fluids

In a real reactor situation, some aspects of the melt properties might have a unique effect on
natural convection heat transfer in a large melt pool. Firstly, the Prandtl number of the core
melt can be much lower than that of simulant material used in experiments, which will lead,
in the reactor case, to a thicker thermal boundary layer, smaller temperature gradients and
less significant stratification effects. A separate reactor-specific consideration of the thermal
and dynamic boundary layers is thus needed. Secondly, in near-wall (crust) regions the melt
viscosity can change two or three orders of magnitude due to the melt temperature approaching
the solidus point. This phenomenon causes an additional laminarization, makes the effect of
unstable stratification less important and affects the heat flux distribution.
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3.1.1

Fluid Prandtl number

In order to examine the effects of the fluid Prandtl number, we have carried out computations
for natural convection heat transfer in square cavities. General tendencies were obtained by
systematic examinations for Pr = 0.08, 0.8, 1.2, 2 and 7. The benchmark problem is the water
(Pr = 7) experiments and experimental correlations (validated up to Ra = 1014 and presented
in the paper of Steinberner and Reineke [4]) in the range of the Rayleigh number from 106
to 1012. In the same range of the Rayleigh number, computations were carried out for core
melt pools, employing oxidic core melt (Corium-A, Pr = 0.8) and oxidic/metallic core melt
(Corium-B, Corium-C, Pr = 0.08) as the working fluids. From the figures, one can see a good
agreement of the calculated Nusselt numbers with experimental correlations obtained from water
experiments. Also, for the range of applications, the experimental correlations, Nuup = f(Ra)
and Nusd = f(Ra), derived from the above-mentioned water experiments, are suitable for
presenting calculated data for fluids with much lower Prandtl numbers 2. Underpredictions
(see Figs. 2,3) of corium curves compared to water curve are not more than 25%. More
importantly, the curves do not diverge with increasing Rayleigh numbers. In contrast to this,
significant effects of the fluid Prandtl number were observed for the bottom surface, Fig. 4.
Higher Nusselt numbers to the bottom surface (as much as two times for Ra — 1012) are related
to both the physics of stably stratified layers in the lower region of the melt pool and to the
decrease of heat fluxes to the top and side surfaces, which can affect the heat flux to the bottom
surface through the energy balance. Since heat conduction is the dominant mechanism of heat
transfer from strongly stably stratified layers to the bottom surface, a relative increase in heat
conductivity due to decrease of the Prandtl number is able to intensify heat transfer rates to
the bottom surface. This effect of stable stratification is defined here as the a-phenomenon.
Another significant effect, named as the v-phenomenon, was observed at peripheral regions,
where boundary descending flows penetrate into the stably stratified layers. The lower are the
viscosities v of the fluid layers (i.e. fluid Prandtl numbers), the easier it is for descending flows
to destabilize such layers, and the more heat is transferred to the bottom cooled wall. This
physical picture can be seen in Fig. 5, depicting local Nusselt numbers for different Prandtl
numbers. The higher are the Rayleigh numbers (due to higher coefficient of thermal expansion,
for example), the stronger is the effect of stable stratification (Ri), and, therefore, the effect of
the fluid Prandtl number. Most notably, the relationship between the Prandtl number and its
effect (for the considered range of Pr 0.08-7) is not linear. A more or less sudden change is
observed between Pr = 0.5-1.
Calculations have been performed also for semicircular cavities with Rayleigh numbers up
to 1012. Similarly, a and v-phenomena were observed at the lowermost part of the semicircular
cavity and at regions of interaction between descending flows and stably stratified layers (angle
6 < 30°), respectively (see Figs. 6-7). Areas where a-phenomenon dominates are decreased
with increasing Rayleigh number. For the bottom part of semicircular cavities (6 < 30°),
the ratio between local Nusselt numbers calculated for Pr = 7 and Pr = 0.6 increases with
increasing Rayleigh number in the examined range of Ra = 10 9 -10 12 . Penetration of descending
flows into the stably stratified layers in a melt pool with Pr = 0.6 can be seen from Fig.
8, depicting temperature field results calculated for Ra = 1O10. Calculations performed for
the torospherical slice cavity have also confirmed the above observations for square and
semicircular cavities. As can be foreseen, the a-phenomenon areas in torospherical cavity were
larger than those of semicircular cavities. Also, the f-phenomenon effects on the curved surface
of the torospherical cavity are qualitatively similar to those of the semicircular cavity.
2

For Corium-B and Corium-C, the fluid Prandtl numbers are the same, but corresponding values of kinematic
viscosity, v, and thermal diffusivity, a, of the fluids differ as much as three times. However, the Nusselt numbers
are unchanged, indicating universality of the fluid Prandtl number for problems considered (see Figs. 2,3 and 4).
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It can be concluded for the examined range of Rayleigh numbers that the relative effects of
a-phenomenon on heat transfer characteristics are less than those of ^-phenomenon. Because
no experimental data are available for low-Prandtl-number fluids typical for core melt, there
are clear needs for well-defined core melt experiments and/or simulant experiments employing
low-Prandtl-number fluids.

3.1.2

Temperature dependence of melt viscosity

In order to estimate the effects of temperature dependence of fluid viscosity, additional computations have been performed for a core melt, whose viscosity is considered to change drastically
in the mushy region, ATmushy, near the temperature, Tmpj, of the freezing boundary of melt
pools. This phenomenon is represented by the second term of correlation (1). Thus, the viscosity of Corium-D is changed to about 100 times higher in the temperature range of about
10K near the solidus point, Tmpj = 2850K. The first term of correlation (1) is based on similar
correlations that have been widely used in reactor safety studies; see e.g. [19].

KT) =

+ Hmushy = 1-675 • 10" 4 • exp ( ^ T H + 4.23 • 1O"1 • exp(TmpJ

-T)

(1)

Table 1 presents the Nusselt numbers, Damkohler numbers and temperature range, ATmax,
of melt pools for both constant and variant viscosities, /x. The Damkohler numbers as well as
inverse temperature difference, -^—> represent level of mixing in liquid pools. Some decrease
of the Nusselt numbers (~ 20%) can be seen for the case with lower melt superheats (larger
height and lower heat generation rates for the same Ra number, Ra = 10 12 ). For small-scale,
core melt experiments, the calculational results indicate that low power generation rates, qv, in
cavities of height 0.2-0.4m (low-Rayleigh-number tests) lead to limited melt superheat above
the solidus point, ATmax, creating large uncertainties in defining bulk viscosity and including
significant effects of temperature dependence of melt properties. For prototypical situations, we
feel that the effects of the temperature dependence of melt viscosity on thermal characteristics
(Nu, Da) might have to be considered, should the temperature difference between the solidus
and liquidus points (150-200K) be comparable to the temperature range of melt pools, ATmax
(50-250K). Under high Rayleigh number conditions, very good mixing also could occur in the
central region of internally heated liquid pools. Therefore, the effects of fluid viscosity are
perhaps suppressed in boundary layers. Furthermore, decrease in heat transfer coefficient could
be compensated by a corresponding increase in the driving pool temperature difference, leading
to only minor viscosity-induced changes to heat flux distribution.
Table 1: Effects of temperature dependence of melt viscosity on the cavity walls Nusselt numbers.

NZ
1
2
3
4

Fluid
Corium-A
Corium-D
Corium-A
Corium-D

Pr
0.8
0.9
0.8
0.9

H, m
0.2
0.2
0.4
0.4

KT)

Ra

const

1

10 *

Eq.(l)

10 l a
10 la
10 la

const
Eq.(l)
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Nuup
150
135
145
120

Nusli
138
128
140
117

Nudn
36
34
34
30

Da
330
322
310
275

ATmax, R
136
140
17
20

Certainly, similar analyses have to be carried out for reactor-scale Rayleigh-number regimes,
as soon as a reliable method of computational modeling is available. Moreover, experiments
are needed to examine effects of non-Newtonian fluids and to provide valuable data on natural
convection heat transfer of fluids with temperature-dependent viscosity.

3.2

Geometrical effects

Figs. 2,3 and 4 present results of computations performed for Corium-A melt cavities with
varying sizes and aspect ratios. For processes in square cavities of the same Rayleigh numbers,
the Nusselt and Damkohler numbers remain unchanged for varying heights of cavity (H = 0.2,
0.4, 0.8m), implying that the Rayleigh number is the only representative dimensionless group
of natural convection heat transfer, at least, for the fluids with constant physical properties.
Small influence (20%) of the aspect ratio were found, when calculating processes in cavities
with aspect (height-to-width) ratios 1:1, 2:3 and 1:2. The effects of the lower head geometry
(forms, sizes) in molten corium-vessel interaction were estimated elsewhere by using the 2D
transformation technique of the NARAL code developed for fluid flow and heat transfer in
complex domains [16]. Putting together calculation results, recent experimental data from [8]
and [10], and previous experiments in semicircular and square cavities, e.g. [3] and [4], one could
imagine that the physics of natural convection heat transfer in internally heated liquid pools
is not sensitive to the geometrical factors. In such a case, the relevant data base supporting
modeling efforts is wider. However, experiments in liquid pools with representative geometry
of reactor lower head are preferred to provide data on local heat flux distributions for reactor
applications.
We want to point out that most of the experiments (except for [10]) and analyses performed
so far are two-dimensional. Fig. 9 presents results of computations by the FL0W3D code
[18] performed both two and three-dimensional formulation to investigate influence of threedimensional slice cavities on heat transfer characteristics. The 3D results (NU^D) are compared
to results of 2D calculations, which assume no flow effects of the adiabatic face and back walls
of the slice cavity. For the case of Ra = 107 calculated, one can see a significant decrease in
the Nusselt number to the cooled top and side-wall surfaces, when the slice thickness-to-height
ratios of the slice cavities are decreased. It is due to the flow diminishing effects of the face
and back walls. An analysis of calculated 3D flow fields for a number of processes up to Ra
= 1010 shows that there may exist also other physical mechanisms affecting flow fields of a
multi-vortex structure. When narrowing the slice width, the buoyancy-induced vortexes could
start interacting, which eventually intensifies the heat transfer rates. It is worth noting here
that most slice experiments (low and high Rayleigh number) belong to the affected range of the
slice thickness-to-height ratios, Ax/H < 0.25). The two-dimensional computational modeling
is the other extra reason for unsatisfactory comparison between calculated results and data
obtained from slice geometry experiments, causing thus additional difficulties in understanding
the physics of the processes. However, calculated results, for the range of Rayleigh number
up to 1012, create a feeling that the effect of two-dimensionality is limited to 25%. Further
3D numerical studies are planned to assess the effects of two-dimensionality in higher Rayleigh
number experiments. Also, three-dimensional experiments can be strongly recommended.
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3.3

Boundary, transient and heating conditions

Up to now, no studies have been performed to provide a firm basis for designing experiments with
prototypical core melts. Uncertainties and possible distortions may be caused by the boundary,
transient and heating conditions of core melt pools. For example, the boundary temperature
of a naturally convecting melt pool with freezing is yet to be quantified. An appearance of
a gas gap due to anchored top crust in small-scale melt pools, and, therefore, reduced heat
transfer rates from the free surface of the melt pool, has to be avoided. It is also known that
the smaller is the Rayleigh number, the longer is the time period required for heating transients
(Fo ~ Ra~02) [20]. In this sense, one has to consider competing thermal-hydraulic and physicochemical processes when planning small-scale core melt experiments. Such considerations are
important to understand, interprete and analyse the experimental heat transfer data. In the
present paper, we focus attention on effects of heating methods, which, in our opinion, are the
dominant factors in designing small-scale core melt experiments.

3.3.1

Flow distortions by heating elements

A number of (electrical, microwave, etc.) methods have been proposed to simulate volumetric
power generation in liquid (melt) pool. For high-temperature core melt experiments, the direct
electrical heating by alternate currents, inductive heating, or using external and internal heaters,
are considered as the most potential technical approaches.
Calculations have been performed for small-scale core melt experiments in slice geometry
facilities, using side-wall heating elements. The idea is to examine distortions offlowfields(and
heat transfer) due to power supply from the side (face and back) walls by comparing to the
equivalent-in-power, Q = qv • V = 2qs • S, process with internal energy sources. Flow fields in
the central planes of slices are shown in Fig. 10 for internal heating and in Fig. 11 for side-wall
heating. It can be seen that flows are descending in the lower core region in case of side-wall
heating, and rising in case of internal heating. Temperature fields are also different for two
cases (Fig. 12 and Fig. 13). It is clear that the side-wall heating involves two-loop structures
with convection-dominated heat transfer to the top and side cooled surfaces. When the slice is
deep enough, the Nusselt number to the cooled bottom and side surfaces are similar to those of
internal heating. For Ra = 1010 and a slice thickness-to-height ratio is 1/4, the Nusselt number
to the top surface of the side-wall heated cavity is as much as two times higher than that of an
internally heated cavity.
Naturally, the use of an internally installed heating plate could also affect flow fields in the
regions near the bottom surface by destroying the stably stratified layers. In this sense, the
method of using heating rods has some advantages. Other effects on crust behavior due to its
internal heating and heat fluxes from side walls were out of the current modeling efforts. In
general, no straight-forward conclusion can be made about the capability of external heating
methods or internal heating elements in physical simulation of natural convection heat transfer
in self-heated core melt pools. The side-wall heating method can be employed in separate effects
studies such as examination of downward heat fluxes. For instance, the ^-phenomenon of fluid
Prandtl number effect might also be explored in the melt pool with side-wall heating. However,
as it can be seen from Figs. 12-13, a-phenomenon would not be reproduced properly in the
side wall-heated melt pool, which involves less stratification in lower regions of the pool. One
has to keep in mind the above analysed physical picture in two cases with internal heating and
side-wall heating, when interpreting data obtained from the latter one.
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3.3.2

Flow distortions by electromagnetic forces

Direct electrical heating is a very useful method to provide internal power generation. At
the same time, the electromagnetic field introduces additional body forces. Most notably, the
ponderomotive force arises from current crossing magnetic field lines as
F=J xB

(2)

where F is the force (N/m 3 ), J is the current density (A/m 2 ), and B is the magnetic field
density (Tesla). The magnetic flux density, B, is calculated as follows

In this section, we limit our considerations to a case of a slice-geometry pool with side {face
and back) walls serving as electrodes. An algorithm for calculating the space distribution of
the electromagnetic force including those caused by the secondary currents has been developed.
Effects of three-dimensionality of the magnetic field induced are assumed negligibly small in
this scoping analysis. Then, the program calculates the magnetic flux density in arbitrary 2D
domains [Eq.(3)], including square and semicircular cavities. It can be shown that analytical
solutions (4) obtained for infinite cylinder can be used to describe the magnetic flux density in
the infinite square slab with errors less than 12% for the important components.

By = -l*m^Z;

Bz = Hm-^V

(4)

where Az, Ay are distances from the symmetry point (origin) of the magnetic field, B.
When experimenting with water or its salt solutions, the electromagnetic forces are negligibly
small due to their electrical conductivities (a ~ 2 • 10~4 ri~1m~1 for distilled water and 10~2
Q~1m~1 for water salt solutions). Instead, electrical conductivity for representative core melts
can range from 103 to 105 n" 1 m~ 1 for oxidic (UO2 - ZrO?) core melt and metal-rich (UO2 —
ZrO2 — Zr — SS) core melts, respectively. This necessitates an accurate analysis of the effects
of the electromagnetic (Lorentz) force on natural convection flows and heat transfer. We are
not aware of any previous work reporting modeling efforts under these conditions. From present
analysis several notes can be made: (a) the Lorentz force is generated mostly by the externally
applied electrical current; (b) the Lorentz force has maximum values at the boundary layers of
liquid pools; (c) the total Lorentz force is always centrifugal, even though the electrical current
is alternate. Assuming a joule-heating rate determined as qv = J2/cr(T), from Eqs.(2,4) we
have

Further, we introduce the coefficient of thermal variation of electrical conductivity, /3ff, as
follows
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Performing appropriate algebraic operations for pressure (P) and body forces in the NavierStokes equations by including the heat transfer solution-independent part of the electromagnetic
body force into the static pressure, we have

Ft = Fmtl + pgt - ~
=

= taS^L[a0

- f3aa0{T - To)\ + 9l[p0 - 0po{T - T0)\ -

fimqvAzj
dP
2
P°ao{T ~ 1o) ~ 9iPPo{T - To) - [—

nmqvAzi

^

a0 - pogi\

(7)

Thus, real contributions of the electromagnetic forces on natural convection depend on nonuniformity of temperature field in melt pool and thermal variation of electrical conductivity.
Eqs.(8-9) present the approximate formulas of electromagnetic forces acting on natural convection flows in square cavity.

(8)

*V,m ~

^

^ < T V- / ~ lo)

(9)

As can be seen, the effects of the electromagnetic force depend on both electrical conductivity
and its temperature variation. It is worth noting that there are large uncertainties in assessing
j3a iov high-temperature core melts. However, we recognize the fact that (3O is negative for
oxidic melts and positive for metallic liquids. Therefore, the electromagnetic forces of interest
are centripetal for oxidic core melt and centrifugal for metal-rich oxidic core melt. Probably,
there are oxidic/metallic compositions with /3ff —> 0, which would, of course, be favourable for
experiments considered. Order-of-magnitude analytical assessments of the electromagnetic force
on natural convection flow fields and heat transfer performed show that (a) the electromagnetic
force could become comparable with the inertia and buoyancy forces for metal-rich core melts;
(b) the ratio between the magnetic Rayleigh number, Ram, and the buoyancy Rayleigh number,
Ra, is linearly proportional to the power generation rate, qv, and, therefore, increases with the
Rayleigh number. For small size (H = 0.4m) core melt pools, the magnetic Rayleigh number can
even be of the same order as the buoyancy Rayleigh number for qv = 1 MW/m3 for metal-rich
corium. In order to demonstrate phenomenological tendencies of the electromagnetic influence
on natural convection flows and heat transfer, we have performed computational modeling for
extreme, hypothetical cases with the negative magnetic Rayleigh number (Fig. 15, Ram —
-10 11 ) and the positive magnetic Rayleigh number (Fig. 16, Ram = 1011), when the buoyancy
Rayleigh number is 1010. Comparing to flow field results for the case without influence of the
electromagnetics (Fig. 14, Ra = 1010), the centrifugal force of electromagnetics destroys the
stable stratification in the lower region (Fig. 15), and by doing that intensifies heat fluxes.
Inversely, the centripetal force stabilizes flows in the upper and side-wall regions and, therefore,
significantly reduces heat transfer rates; see Table 2. Also, electromagnetic forces affect mixing
levels in core melt pools. It can be seen by comparing temperature differences, ATmax, and
Damkohler numbers for the three cases under consideration.
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Table 2: The electromagnetic influence on heat
transfer characteristics
Ram
Ra
Nuup
Nusd
Nudn
Da
ATmax, K

0
1O10
60
53
17
130
3.2

-1011
10 10
72
58
44.5
185
2.2

10n
10 l u
48.8
13.6
6.1
26.3
17

Figure 16: Temperature field in core melt pool
with the positive magnetic Rayleigh number,
ATmax = 17K.
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In the above considered case, the ratio between the magnetic Rayleigh number and buoyancy
Rayleigh number was Ram/Ra = 10. Such ratios can be experienced at high (buoyancy)
Rayleigh numbers, when large electrical currents are required and the corium is metal-rich.
Nevertheless, our assessments allow us to conclude that from the electromagnetics point of view,
there exist possibilities of having negligible effects of the electromagnetics for low-Rayleighnumber experiments. In such a case, the ratio Ram/Ra can even be less than 0.1 for oxidic
core melt. As already mentioned, there exist large uncertainties in melt viscosity (i>) near the
solidus point. In order to quantify the test regime, i.e. the Rayleigh number (~ £), one has
to operate the core melt experiments with sufficient melt superheat (ATmax > 30K), providing
representativity of experimental melt pools (compared to prototypical core melt pool with higher
superheat). The melt superheats, ATmax, however, depend on the Rayleigh number (ATmax ~
qv-Ra~02 ~ Ra08). Due to such complications, the selection of test conditions and performance
(based on extensive analysis of the results of 2D-3D computational modeling of convection
in gravitational and electromagnetic fields) as well as improved data on thermo-physical and
electrical properties of core melt, are required. For example, the quality of test facility design
calculations and subsequent experiments would largely depend on whether uncertainties related
to a and /3a for high temperature core melts can be reduced. Limiting values of buoyancyinduced Rayleigh numbers have to be determined by optimising height-to-power ratios.

CONCLUSION
As the in-vessel melt retention is becoming an important safety measure for some existing plants
and for some advanced, medium-power light water reactor designs, care has to be taken when
studying various phenomenological aspects relevant to issue resolution. The basic objective
of the past and current experiments and analyses, related to the large core melt pools in the
reactor vessel lower plenum, is to obtain insight into the physics of the heat transfer process
under prototypical conditions of interest. The common approach is to conduct simulant material
experiments and to generalize experimental data in the form of correlations, Nu = f(Ra). In
addition, small-scale core-melt experiments, as a rule, involve problems to demonstrate their
relevance to reactor processes, due to applied heating methods, slice geometry of melt pools,
low values of the Rayleigh number, and other measurement and test performance problems.
Analytical and computational modeling has not, so far, been proved to be the reliable method
to describe turbulent natural convection flows and heat transfer in large volumetrically heated
liquid pools. Moreover, the set of identified, important physical phenomena and effects involved
in melt pool thermal hydraulics requires separate effects analyses by experiments and/or modeling. Certainly, the highest priority has to be given to the phenomena, that could have the
largest effect on heat fluxes imposed on melt pool boundaries.
In the paper, an overview was given of the scaling and other design effects of internally
heated natural convection heat transfer experiments. The most reliable calculations performed
have modeled relatively low-Rayleigh-number regimes (Ra up to 1012). These are sufficient to
predict thermal hydraulics in small-scale core melt experiments, and to assess sensitivity of heat
fluxes to selected separate effects. However, for Ra > 1012 there are several phenomena whose
significance can only be judged. We have performed original computations for liquid pools with
internal energy sources to quantify the general tendencies of the effects of various parameters.
First, calculations performed for Ra < 1012 in square and semicircular cavities indicated that
descending boundary flows are able to penetrate into the bottom part of liquid pools with small
fluid Prandtl numbers (Pr = 0.6-1.2), rendering thus conditions for destabilization of the lower
fluid layers and, therefore, enhancing heat transfer to the lowermost part of cooled pool walls.
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Further experimental and computational studies are needed to quantify this effect. Second, it
was shown that effects of temperature dependence of physical properties have to be taken into
account only when melt superheat over the melt solidus point is small which could be the case in
small-scale core melt experiments. Thirdly, slice thickness-to-height ratios, Ax/H, more than
0.25 can be recommended for slice experiments in order to eliminate wall effects of face and
back surfaces. Fourthly, the side-wall heating method would be useful for separate effects studies
with prototypical core melts, should related design effects be accounted for in data processing
and interpretation. Finally, it was shown that uncertainties in assessing effects of the Lorentz
force are related to both electrical conductivities and their temperature variations. In order to
achieve conditions where electromagnetic influence on natural convection flow and heat transfer
is minor, the height-to-power and oxide-to-metal ratios have to be chosen by means of design
calculations. For this purpose, an appropriate analysis method was developed in the paper.
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NOMENCLATURE

Arabic letters
A
Aspect (heigh-to-width) ratio, A — H/W
Da
Damkohler number, Da = -%&•—
Fo
Fourier number, Fo = g0g
Gravitational acceleration, m/s2
H
Height of pools or cavities, m
Nu
Nusselt number, Nu = %'J?
Pr
Prandtl number, Pr = u/a
qv
Volumetrical heat generation rate, W/m3
r
Distance, m; Eq.(3)
Ra
Rayleigh number, Ra = ^—gfi
Ram
Magnetic Rayleigh number, Ram =
^
T
Temperature, K
y, z
Horizontal and vertical coordinates, m
W
Width of pools or cavities, m
Greek letters
j3
Thermal expansion coefficient , 1/K
K
Heat conductivity , W/m-K
//
Dynamic viscosity, Pa-s
/i m
Magnetic permeability, ~ 47rxlO~7 V-s 2 /C-m
v
Kinematic viscosity, m2/s
p
Density, kg/m 3
Subscripts
dn
i
o
sd

Bottom surface
i-direction
Referred value
Side wall surface
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up

Upper surface

List of abbreviations
CHM
CHM+PrT,VIST
CHM+Y
COPO
FL0W3D
J&LM+Y
J&R
LM
L&SM
L&SM+PrT(Ri,Ne)
NARAL
S&R

Chien model
Modified Chien model, using Prt(Ri,y+) and vt(Ri,y+) [7]
Chien model, including Yap term
Conditions of COPO experiments
Calculations by using FL0W3D program
Jones and Launder model, including Yap term
Jahn and Reineke
Laminar model
Launder and Sharma model
Launder and Sharma model, using modified formula for Prt [7]
The present work
Steinberner and Reineke
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Abstract
The paper presents calculational results of three-dimensional analysis of flows and heat
transfer in internally and side-wall heated naturally convecting melt pools. Both slice-type
semicircular cavities and hemispherical pools are considered. Physical aspects of simulation
of internal energy sources by sidewall heating are discussed. In case of internal heating it is
shown that heat transfer rates to the cooled upper pool surface in the 3D simulations are
higher than those obtained from 2D computational modeling. Also, the result indicates some
differences in local heat flux distribution on the cooled bottom pool surfaces of 2D semicircular
cavities, 3D semicircular cavities with different slice thicknesses, and 3D hemispherical pools.
All examined cases (Ra ~ 1012) experience convection induced effects of low fluid Prandtl
numbers.
Keywords: natural convection, heat transfer, internal energy source, side-wall heating, effects
of fluid Prandtl number, stable and unstable stratification, three-dimensional effects.

1

Introduction and problem formulation

Natural convection is the major mechanism of heat transfer in a liquid (melt) pool with internal
energy sources. There are in existence various technical and geophysical processes that experience
volumetrically heated natural convection. For instance, hypothetical severe (meltdown) accidents
in nuclear reactors might lead to a formation of core melt pools with nuclear decay heat generation.
This is also the application motivating the present CFD analysis (for relevant review see [1]). A
hemispherical geometry is the most probable configuration of melt pools in reactor situations of
interest. Since solidification of core melt occurs at a pool-crust interface, isothermal boundary
conditions are used for both the upper and downward (curved) surfaces of the melt pool. Due to
their technological advantages, semicircular slice-type cavities have been proposed for use as test
sections in experimental investigations of thermal-hydraulic and physico-chemical phenomena. In
order to fully represent major physical mechanisms of interest, appropriate slice thicknesses must
be selected. The role of the slice thickness has been addressed in the recent work of Dinh et al.
[2], in which three-dimensional computations were performed for square slice-type cavities. These
computations had been limited to rather low Rayleigh numbers (Ra oc 107 — 1010).
Physical similarity to prototypical conditions requires providing the isothermal conditions at
the upper and downward surfaces of the semicircular cavity. Furthermore, the nuclear decay
heat generation must be simulated. Direct electrical heating (DEH) and side-wall heating (SWH)
have been considered as the major candidates for energy supply in high-temperature experiments
(2400-3000K). In the first case (DEH), the face and back surfaces of the slice cavity must be
thermally isolated. The second case (SWH) employs the face and back surfaces of the cavity for
heat supply with heat fluxes defined as qfaCe,back = 1v • Az/2, where Az is the cavity thickness.
Thus, cases of the internal heating (IH) and side-wall heating (SWH) are equivalent in terms
of energy input. The Rayleigh (Ra) number in the side-wall heating case is defined by means
of the equivalent volumetric heat generation rate qv. Non-prototypical conditions in simulant
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and real melt pool experiments (including those due to methods of simulating of nuclear energy
sources) have recently been disscused by Dinh et al. [2]. In order to support the design of
experimental facilities using side-wall heating, natural convection in side-wall heated melt pools
must be analysed. Previously, it has been shown that, for Ra < 1010, Nusselt (Nu) numbers at
the vertical and bottom walls of square cavities are similar to the cases of side-wall heating and
internal heating [2]. The Nu numbers at the upper surface in side-wall heating cases are, however,
as much as two times larger than those of the internal heating cases. In the present work, we focus
our analysis on more complex flows in semicircular cavities and under higher Rayleigh number
conditions.
Dinh et al. have provided 2D analyses of fluid-Prandtl-number effects on the local heat flux
distribution [2]. From computational results it was found that the fluid Pr number has small
effect on the averaged Nu numbers in the convection dominated regions. The decrease of the
Pr number causes a decrease of Nu numbers on the top and side walls of cavities up to 30%
in the considered Pr number range (Pr oc 0.2 -r 7). In the conduction dominated regions two
phenomena, namely v— and a —phenomena were identified (see fig.l). Higher heat transfer rates
were predicted for lower Pr numbers. These effects depend on the cavity geometry (curvature)
and the Ra numbers. Essentially, the question is whether the Pr number effects, predicted by 2D
modeling in semicircular cavities and found to be significant for Ra = 1012, exist in 3D case and
in hemispherical cavity.
Summarizing, the objectives of the paper are (1) to assess effects of geometry and threedimensionality in semicircular and hemispherical pools; 1 (2) to provide the detailed computational comparative analysis of natural convection flows and heat transfer in internally heated and
side-wall heated three-dimensional liquid pools; and, (3) to investigate Pr number effects in 3D
semicircular and hemispherical internally heated pools.

2

Features of CFD-analysis

The mathematical model of the problem at hand is based on the set of the 3D governing equations
for mass, momentum, and energy conservation. The continuity equation:
=0

(1)

The momentum equation:
^

+ V • (pV ® U) = B + V • [-P6 +Ms

(VU)]

(2)

where B is a body force (gravitational force pg is the only body force in the present study). The
energy equation:
^ + V • (pVh) - V • [Xeff (VT)] = ^ + qv
(3)
Since the Ra number of interest (1012) indicates that the natural convection flows in question
might be turbulent, turbulence modeling must be considered. In eqs.(2,3) fxe/f = /z + fit and
Xejf = X + Xt are the effective viscosity and conductivity, respectively. Here jj,t and Xt represent
turbulence transport properties. Accurate description of such complex flows seems to require at
least the second-moment closure level with low-Reynolds-number corrections in order to ensure
]

Up to date, no systematic studies of effects of geometry and three-dimensionality in semicircular and hemispherical pools with internal energy sources have been reported.
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predictions of non-standard behaviour pertinent to the flow of interest (see Dinh and Nourgaliev,
[1]). Therefore, in the present work the low-Reynolds-number n - e turbulence model of Launder
and Sharma [3] is employed.
In the present work the general-purpose CFDS-FL0W3D code [4] has been employed to solve
the governing equations. Body-fitted coordinates are included in CFDS-FL0W3D to allow the
treatment of arbitrary complex geometries. Coordinate transformation is given numerically. The
basis of the code is a conservative finite-difference method with all variables defined at the centre
of control volumes which fill the physical domain being considered. To avoid the chequerboard
oscillations in pressure and velocity the improved Rhie-Chow interpolation method is used. The
third-order accurate CCCT differencing scheme for advection term treatment, fully implicit backward difference time stepping procedure and SIMPLEC velocity-pressure coupling algorithm, have
been utilized. The multi-block approach is used to design a computational mesh with about 105
nodes. An unsteady approach is used to obtain the time-dependent flow and temperature fields
and heat transfer characteristics. The results are then averaged over time intervals to produce
the quasi-steady values of heat transfer characteristics.
Experience in 3D computations of similar unsteady-state problems shows that numerical solutions can be obtained on modern workstations with reasonable computer times, if discretization
nodes are of order 105. In general, both single-block and multi-block approaches can be used
to design the computational mesh. However, the single-block grid is hardly an optimal one in
describing the physics of fluids in liquid pools with curved downward walls. In fact, in order to
be capable of modeling heat transfer to the isothermally cooled walls, very dense grids must be
used in near-wall layers. Also, it is known that natural convection flows, in an internally heated
liquid pool, involve stably stratified layers at the lower region of the pool and mixing region in
its upper part. Complex three-dimensional flows take place in the mixing region, necessitating
refined nodalization in order to properly describe momentum and heat transfer in buoyant plumes
and thermals generated by the upper cooled pool surface. Furthermore, we are interested in the
local heat flux distribution on the curved downward surface of core melt pool. In particular, heat
fluxes at the lowermost part of the hemispherical pools are of paramount importance for the application (reactor safety) motivating this work. Description of such effects would require refined
grids along the curved wall at the bottom region of the semicircular pools. Computational errors
and loss of important information (local heat fluxes at the very bottom) may be caused by using
single-block mesh generation, assuming node numbers are limited to 105. In the present work,
we employ the computational mesh design method which is based on multi-block methodology,
implemented in the CFDS-FL0W3D computer code. The grid system used in three-dimensional
computations of natural convection flows and heat transfer in semicircular cavities is presented
in fig.2.
In order to assess the quality of the computational meshes used to solve the governing equations, grid analyses have been performed. For semicircular geometry, five grids have been used
for the [x, y]-plane. Both the numbers of blocks and nodes have been varied. Results of 2D the
computations employing these computational meshes are presented in Table 1. It can be seen that
the G-4/3975 and G-12/3988 grids can be used to describe natural convection flows on the [z,?/]plane. These grids are utilized in further 3D computations of semicircular slices in the present
work.
A 3D computational mesh has been generated for a hemispherical pool, comprised of 14
blocks and about 0.8-105 grid points. Fig.3 depicts the computational mesh in a plane through
the symmetry line of the hemispherical pool. Even though there exist differences in design of
the computational meshes, nodalization in both the near-wall layer and the core region of the
hemispherical pool has been made in the same manner as that of the semicircular cavities. In
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particular, because of the importance in describing recirculation and stagnation regions of descending boundary flows, a very fine grid has been utilized for the lower poo] portion.

3

Results and discussion

3.1

3D effects in internally heated semicircular cavities

Apparently, detailization of computational meshes depends much on the specific features of the
transport processes under consideration. In particular, the nodalization on the [rr,^]-plane of the
upper surface is of paramount importance, since heat transfer to the upper surface is governed by
the interaction between that surface and ascending plumes and by the generation and departure of
cooled (denser) blobs from the isothermal wall. There are no experimental observations available
to quantify whether large tongues or small blobs dominate heat transfer to the cooled upper
wall. At least there exist a lot of blobs which potentially can fall down to the mixing region.
Based on the direct numerical simulation (DNS) of free convection in a fluid layer cooled from the
top and heated within, Nourgaliev and Dinh [5] formulated requirements for grid nodalization in
horizontal direction as (Az,Ax) oc H • Ra~0-272. This scale becomes sub-mm for core melt pools
of H = 0.4m and Ra = 1012. Such a requirement is out of capability of modern workstations.
Quantification of subgrid phenomena is yet to be addressed in future parallel computations. It is
assumed here, however, that the heat removed by subgrid blobs is relatively small.
In this paper, time and surface-average Nu numbers are the most important heat transfer
characteristics. Unfortunately, no heat transfer data is available for internally heated semicircular
cavities and hemispherical pools with Ra = 1012. Table 2 summarizes some of the prediction
results. It can be seen that 3D computations resulted in higher (about 30%) 2 Nusselt numbers
on the upper pool surface Nuup, and therefore, lower temperature differences driving the pool
convection. It is perhaps instructive to note that 2D computations of internally heated pools
were the only option available in the past due to computing time and memory requirements of 3D
modeling. In many cases the 2D problem formulation looks acceptable, since heat is generated
uniformly inside the liquid pool. However, an assumption of zero ^-velocity might reduce the
freedom of naturally convecting flows. Most notably, interaction between cooled blobs falling
down (thermals) and ascending buoyant plumes is a three-dimensional phenomenon. In this sense,
the 2D numerical treatment of the flow in question is able to suppress transport and exchange
processes in the mixing region and, therefore, reduce heat removal rates to the upper cooled pool
surface.
Similarly to [2], the Nuup numbers in cases with Pr = 7 are about 15-20% higher than
those obtained for Pr = 0.6. Temperature and velocity fields obtained in the 3D computational
modeling of natural convection flows in semicircular cavities are qualitatively similar to those of
2D ones. Figs.l and 4 present temperature fields in the semicircular cavity for 2D computation
and 3D slice with thickness-to-height ratio 1 : 25. The mixing region in the upper pool portion is
larger and the ^-phenomenon is less notable in the 3D cavity. Probably, the better mixing in the
upper region is related to enhanced heat transfer to the upper surface. Consequently, the stratified
layers are more suppressed, reducing the driving temperature differences for descending boundary
flows along the cooled curved walls. Nevertheless, the local Nu numbers in the downward surface
of the 2D and 3D semicircular pools behave in a similar way. Most notably, there exists a
convection-induced local increase of Nudn in the lowermost part of the 3D semicircular cavities
2

Such a percentage must be considered as a trend rather than a strict numerical conclusion concerning the effect
of three-dimensionality, until effects of sub-grid phenomena can be quantified.
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with Pr = 0.6 (see fig.5).
Qualitatively similar flow and temperature patterns were also obtained for the relatively thin
slices with slice thickness-to-height ratio in the range 1:40 - 1:15. The surface-averaged Nudn
changed only slightly with slice thickness. A very thin slice might suppress the free convection
in the upper pool portion. One can see differences in the velocity field of the slice with slice
thickness-to-height ratio 1:25 and that of the 1:40 slice (fig.6). A symmetric pattern of large
ocsillating vortices is found in the thicker slice, whereas an asymmetrically fixed vortex structure
is presented in the thinner slice due to a reduced degree of freedom. In addition, there might be
less significant Pr-number effect on Nudn in a very thin slice (see curve Nudn = /(</>) in fig.5 for
the 1:40 slice. Perhaps in the cases of small slice thickness, the side walls are capable of damping
recirculation flows of the v-phenomenon.
It must be noted here that most experiments in the past have employed relatively thin slices
as test sections when studying natural convection heat transfer in internally heated fluid layers,
square and semicircular cavities, [2]. Slice thickness-to-height ratios were typically in the range
0.04-0.15, allowing holographic observations of flow structure and temperature pattern. Even
though the face and back surfaces of the slices were thermally isolated, wall effects (primarily on
flow structure) might be present, affecting, ultimately, heat transfer on the isothermally cooled
surfaces of the slice cavity. Most of the previous computational work analysing natural convection
flows in square and semicircular cavities have also been performed in a 2D formulation, presuming
no flow effects of the adiabatic slice surfaces and, more importantly, zero W-velocity in the indirection, [2]. Most of the 2D computations underpredict the Nu number on the upper cooled pool
surface for intermediate (say, 1012) and higher Ra numbers ([1]). This fact has been related mainly
to the underprediction of turbulence generation in the upper pool portion by the turbulence models
employed. The results of the above analysis indicate, however, that validating computational
models on data from slice experiments, one must take into consideration the 3D and wall effects
of slice test section.

3.2

Hemispherical cavity

3D computations for hemispherical pools have also been performed in the present work. Analysis
of the calculational results indicate qualitative similarity of the flow and heat transfer behavior in
semicircular and hemispherical geometries. Time and surface average Nu numbers on the upper
and curved downward walls of the hemispherical pools are nearly identical to those of semicircular
slices with slice thickness-to-height ratios higher than 1:15 (see Table 2). The computations
performed for Pr = 0.6 indicate that the i^-phenomenon is more notable in the hemispherical
geometry (fig.7). It can be seen that the mixing area in the hemispherical pool is larger (in
height) than that of the slice-type semicircular cavities. This fact, of course, agrees well with
the essence of the ^-phenomenon. A major feature of the hemispherical geometry is that the
cooled curved pool wall converges at its bottom, enabling the possibility for interaction between
descending boundary flows at the lowest spherical segment. Since cross areas decrease towards
the pool bottom, heights of stably stratified layers affected by penetration flows are larger at the
lowermost part of the pool. Consequently, relative enhancements of the heat transfer rate must
be the largest at the pool bottom. This can be seen in fig.8 which presents local Nu numbers
Nudn = f(<f>) for two selected fluid Pr numbers. Also, the ratios ^n\p^w
of the hemispherical
pool are larger than those of the semicircular slices for angles <f> < 30°. In this sense, the present
3D computational modeling indicates that the heat transfer effect of fluid Prandtl number is even
more significant in the hemispherical cavity than in the semicircular ones.
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3.3

Side-wall heating vs. internal heat generation: comparative analysis

Table 3 presents the geometry and heating conditions for a comparative analysis of internal and
side-wall heating. The calculated integral heat transfer characteristics in the internally heated
and side-wall heated melt pools are presented in Table 4. It can be seen that Nu numbers on
the downward surface, Nudn, in the internally heated and side-wall heated melt pools are quite
similar. Nu numbers on the upper surface Nuup in the side-wall heated melt pools are as much as
~ 1.5 times larger than those of the internally heated pools. Correspondingly, the volume-averaged
driving temperature differences ATav in the internally heated pools are larger than those of the
side-wall heated ones.
Enhanced heat transfer to the upper isothermal surfaces in the side-wall heating cases is related
to their flowfields. In such cases, flows ascend along the heated side walls and transfer the heat
to the upper isothermal surfaces. Then the cooled fluids descend down in both the center upper
pool portion and along the cooled curved walls. In the SC-S-0.1 case, the temperature field in the
upper-half pool portion is very uniform. In addition, theflowfieldsin the examined cases of the
side-wall heating (SC-S-0.1; SC-S-0.4) are transient and of complex structure. This is in contrast
to flowfields calculated previously for Ra = 1010 (see ref.[2]), where the flow patterns were of
two-loop structure. In this sense, the flow structure in the side-wall-heated melt pools become
similar to those of the internally heated melt pools, in which the mixing region in the upper pool
portion is caused by the ascending plumes and falling down blobs. Fig.9 also indicates nearly
identical local distributions of the heat transfer characteristics at the bottom part (<f> < 45°) of
the curved surfaces in cases SC-I-0.1 & SC-S-0.1. Even though the general pictures are almost
the same in these two cases, one can note, from calculated temperature fields, differences in the
temperature gradients in stably stratified layers in the internally heated melt pool and side-wall
heated melt pool.
The above agreement of heat transfer in cases SC-I-0.1 and SC-S-0.1, cannot be viewed as
a general law applicable to all side-wall and internal heating cases with equivalent power input
and slice thickness. From fig.9 one can see that the slicewise and depthwise distributions of the
heat transfer characteristics on the downward curved surface of the 0.4m thick internally heated
pool coincide with that of 0.1m thick one. Temperature and velocity fields obtained for the
semicircular cavity with Az — 0.4m are quite similar to those of the semicircular cavity with
Az= 0.1m, indicating no significant effects of the side walls and of the slice thickness in internally
heated natural convection flows. This feature is the major difference in the thermal hydraulics
of internally heated and side-wall heated melt pools. When increasing the slice thickness, the
heat transfer rate to the bottom part of the curved surface decreases significantly in side-wall
heating cases. Even though the averaged Nu numbers (see Table 4) are quite similar for the
side-wall heated melt pools with Az = 0.1m and Az = 0.4m, the differences of the local Nusselt
numbers Nudn = f(4>) might reach 200-250% for <j> < 30°; see fig.9. Although the volume
averaged temperatures are nearly the same (11.6K for Az = 0.4m and 11.7K for Az = 0.1m),
the maximum temperature difference in the 0.4m-thick pool is much higher. From the isotherm
pattern of the 0.4m thick side-wall heated semicircular cavity, one can see that the temperature
gradients in the vertical direction (^£) in the stably stratified layers are much smaller than that of
the internally heated or 0.1m thick side-wall heated pools. Moreover, calculational results indicate
no velocities in the middle part in the bottom half of the 0.4m thick side-wall heated pool. This
observation is important because heat conduction is the major heat transfer mechanism in the
stable stratification region. Thus, the larger the slice thickness (Az), the smaller the thermal
conduction to the middle section of the melt pools. Therefore, heat transfer from the heated walls
to the middle section is limited. Furthermore, in the side-wall heating case there is remarkable
peaking of the heat transfer in the heated wall regions. The uniformly distributed internal energy
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sources allow for better conditions for heat removal to the bottom wall, whereas heat supplied
from the side walls is directed mainly upwards through the ascending boundary flows. That is
why the physical dissimilarity becomes significant for the side-wall heated pools with a larger slice
thickness (Az).

4

Summary

Computational modeling has been carried out in order to explore the geometrical and 3D effects
on very complex flows and heat transfer characteristics in naturally convecting volumetrically and
side-wall heated melt pools. Rather high Ra numbers (oc. 1012) were selected for the numerical
analysis. Under such Ra number conditions, uncertainties in turbulence modeling did not override
other uncertainties of interest. On the other hand, it is believed that the flow situations modelled
are quite representative of the physics of fluids in an internally heated melt pool in a wide range
of Ra numbers. Nevertheless, extrapolation of the summary given below to Ra numbers higher
than 1012 must be made with caution.
1. 3D computations of naturally convecting flows are capable of providing higher heat transfer
rates to the cooled upper pool surface than 2D simulations. Therefore, 3D computational modeling
is recommended for the analysis of a limited number of existing experiments.
2. The 3D modeling results confirm the presence of fluid Pr number related convection phenomena
and the significance of such effects on heat transfer characteristics on the curved surface of major
interest for the reactor safety application motivating this CFD analysis. The most significant
effect of fluid Pr number on heat transfer rate distribution in the lowermost part of the curved
wall is observed in the hemispherical pool. This is related to the simultaneous actualization of
penetration phenomena of descending boundary flows and influence of convergent geometry of the
spherically bottomed cavity.
3. The numerical analyses performed, have provided a more solid basis for obtaining insight into
the physics of side-wall heated natural convection flows and heat transfer. They have also resolved
the question whether side-wall heating is a good method of simulating of volume heat generation.
4. The calculational results indicate significant 3D effects in the side-wall heated melt pools when
varying slice thicknesses. Minor effects of the slice thickness variations are found for the internal
heating case.
5. Heat transfer data in experimental facilities using side-wall heating are irrelevant to heat
transfer characteristics and their local distributions in decay-heated core melt pools of reactor
safety applications.
6. If the purpose of related experiments is not to obtain safety relevant natural convection heat
transfer data but to investigate physico-chemical behavior of core melt and melt-vessel interaction,
one could use side-wall heating to simulate internal energy sources, since the flow and temperature
fields in the side-wall heated melt pools involve similar flow field structure. Furthermore, it is
possible to select such slice thicknesses that the heat transfer characteristics at the downward
surface are similar in the side-wall and internal heating cases.
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Nomenclat ure

Arabic letters
h
Total enthalpy, (J/kg)
Height of semicircular cavity, (m)
H
q.H
Nusselt number, Nu =
Nu
Pr
Prandtl number, Pr = vja, (-)
Volumetric heat generation rate, (W/m 3 )
Greek letters
Thermal diffusivity, (m 2 /s)
Coefficient of thermal expansion, (1/K)
Heat conductivity, (W/m-K)

it
Ra
T
U
x,y,z

Radius of semicircular cavity, (m)
Rayleigh number, Ra = ^^-g?,
(-)
Temperature, (K)
Velocity, U = (U, V, W), (m/s)
Co-ordinates, (m)

H, v
p

Dynamic, kinematic viscosity, (Pa-s, m 2 /s)
Density, (kg/m 3 )
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Figure 1: Temperature fieids in the semicircular cavity (Prandtl number effect), 2D computation, Ra = 10 12 , [2].

Figure 4: Temperature fields in the semicircular cavity, slice thickness-to-height ratio: 1:25,
Ra = 10 12 , Pr = 0.6.
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Figure 2: Computational meshes in [y,x]-plane Figure 5: Slicewise distribution of the depth(2500 nodes ~ 50 x 50) and in [y,z]-plane (50 x wisely averaged Nusselt number on the curved
22) of the 3D slice-type semicircular cavity.
surface of the semicircular cavity, Ra = 10 12 .

Figure 3: Computational grid in a piane Figure 6: Effect of slice thickness on the velocity
through the symmetry line of the hemispheri- field in the semicircular cavity, Ra = 10 12 , Pr =
cal pool.
0.6, Az/H =1:25 and 1:40.
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Table 1: Integral heat transfer characteristics:
results of2D-grid analysis, ita=10 1 2 , Pr=0.6.
Grid
G-4/3975
G-4/7200
G-4/21000
G-12/2485
G-12/3988

# blocks
4
4
4
12
12

# nodes
3975
7200
21000
2485
3988

Nuup

Nudn

116
112
112
120
116

96
97
97
96
98

Figure 7: Temperature Reids in the hemisperical
pool with all isothermally cooled walls, Ra =
Table 2: Some 3D results for semicircular and
10 12 , Pr = 0.6 and 7.
hemispherical pools, iJa=10 12 .
Cases
Semicircular slice
Semicircular slice
Hemispherical pool
Hemispherical pool

Pr
0.6
7
0.6
7.

2D semicircular cavity
2D semicircular cavity

0.6
7

Nuup

Nudn

142-148
164
135
153
112
136

95-92
94
104
110
97
100

0
-30 -25 -20 -15 -10 -5 0 5 10 15 20 25
angle(degree)

Table 3: Geometry and heating conditions for
Figure 8: Local Nusselt numbers on the low- side-wall vs. internal heating analysis.
ermost part of the hemispherical pool surface,
Ra
Cases
Heating
Az, m H, m
Ra = 10 12 .
SC-I-0.1
SC-S-0.1
SC-I-0.4
SC-S-0.4

Internal
Side wall
Internal
Side wall

0.1
0.1
0.4
0.4

0.4
0.4
0.4
0.4

10"
10"
10"
10"

Table 4: Integral heat transfer characteristics.
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Figure 9: Slicewise distribution of the depthwisely averaged Nusselt number on the curved
surface of the semicircular cavity.
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Nudn

Case

Nuup

SC-I-0.1
SC-I-0.4

160
146

97
97

ATmax, K
19.1
23.6

SC-S-0.1
SC-S-0.4

248
248

89
91

21.4
35.

AT™, K
14.8
15.2
11.7
11.6

Paper 5:

Simulation and Analysis of Transient Cooldown Natural
Convection Experiments
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Brinellvagen 60, 10044 STOCKHOLM, SWEDEN
Fax + (46)(8) 790-76-78, e-mail: robert@ne.kth.se

Abstract

1

The characteristics of natural convection heat
transfer during transient cooldown in threedimensional fluid layers and hemispherical cavity have been investigated by means of a finitedifference numerical method. It was found that
the turbulent structure and heat transfer characteristics of the unstably-stratified upper wall
region are similar for internal heating (IH) case
and transient cooldown (TCD) case, except near
the cooled bottom wall of fluid layer, and for
a small region (<f> < 15°) near the bottom of
the hemispherical cavity. For most of the surface area of the spherical cavity, there is excellent agreement between the heat fluxes calculated for the IH and the TCD cases. Calculations
showed that pseudosteady-state natural convection (PSSNC) is a better model for simulation of
volumetric energy sources. Finally, the computations, performed for a fluid with low Prandtl
number (Pr = 0.6), indicate that the storage of
cold fluid in the lowermost portion of the hemispherical pool, and the associated lower level of
heat removal in the TCD case, reduce the earlier
found effect of the Prandtl number on the wall
heat flux distribution.

This study is motivated by an interest in arresting the progression of a hypothetical severe accident in a nuclear power plant (NPP) by flooding
the reactor cavity [1]. In such a case, a decayheated corium pool is postulated to be reside in
the reactor pressure vessel lower head, which may
have either hemispherical or torospherical geometry forms. In order to assess the success of
in-vessel melt retention strategy, the characteristics of heat transfer from internally-heated liquid
pools must be determined.

Keywords: natural convection, heat transfer, internal heating, transient cooldown, Prandtl
number effect, pseudosteady-state, numerical
simulation.
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INTRODUCTION

Even though natural convection heat transfer
in volumetrically heated liquid pools has been the
study subject in geophysics, astrophysics and engineering, the data base, until recently, was insufficient to support the reactor safety analysis
in question; see e.g., [2]. In particular, data for
the hemispherical geometry in the high Rayleigh
number range, typical for reactor accident conditions (Ra up to 1016), has started to accumulate only recently [1]. In order to obtain the
necessary heat transfer data, a new experimental program, named ACOPO, has been initiated
by Theofanous et al. [1]. The basic concept is
to make use of the data, obtained from transient
cooldown (TCD) experiments, in which the sensible heat (Qsh = Pcp^) simulates the internal
source of heat, rejected at the pool boundaries.
The cooldown transient is assumed to be slow

enough to allow the process to pass through a series of quasi-steady states, that approximate corresponding steady-states, with heating rates equal
to the instantaneous cooling rates in the experiment [1]. Chow and Akins [3] have also employed a similar approach named pseudosteadystate natural convection (PSSNC) for sphere geometry, which was later analyzed numerically for
cylindrical geometry by Lin and Akins [4]. The
main difference of the PSSNC approach from that
of TCD is that the driving temperature difference
inside liquid pool, AT = Tmax — Tw, is maintained unchanged during the course of PSSNC
experiment. This avoids the low cooling rate requirement, associated with TCD. However, there
may exist technical difficulties in keeping constant
temperature difference during a PSSNC experimental run. Moreover, only a single data point in
the {Ra; Nu} number space can be obtained during one PSSNC experimental run, whereas one
TCD experimental run is capable of producing a
"curve" Nu = f(Ra) over a range of Rayleigh
numbers.

The results of the mini-ACOPO experiments
(correlations 1 and 3) were used by Theofanous
et al. to evaluate the thermal margins for the invessel melt retention strategy [1]. Understanding
the physics of the transient cooldown will complement the experimental studies made by Theofanous [1].
So far, no detailed theoretical and numerical
analyses have been performed to support the transient cooldown concept, except for the scoping
analysis by Schmidt [8]. Manipulating with energy and momentum equations, he showed that
the transient cooldown and internal heating cases
are equivalent, if 1) the heat loss from the system
is approximately constant over the time range,
when the data are taken; and 2) the rate of
change of the temperature difference AT(t) =
Tw — Tb(t) is small relative to the time scale ta
over which the thermal hydraulics of the system
can respond. Applied to the mini-ACOPO conditions, Schmidt's estimates indicated that the
first condition is approximately satisfied near the
end of experiment ("self-similar stage of transient
cooldown").

To provide the validity of transient cooldown
approach, Theofanous et al. have performed miniACOPO experiments [1] and compared the data
with existing experimental and theoretical correlations, and with the data from the UCLA microwave heating experiments of Asfia and Dhir
[5]. Data of mini-ACOPO Nusselt number on the
downward curved surface were generalized as
Nudn = 0.0038 • Rd 0.35

The present study aims to explore physical
similarities and differences between the transient
cooldown and internal heating processes. Since a
fluid layer is the simplest geometrical configuration of the problem at hand, and there exist a reliable computational and experimental data base
for internally- heated fluid layers, the similarity of
the transient cooldown and internal heating processes is first examined in a fluid layer. Thereby,
we expect to obtain insight into the physics of the
TCD processes by analyzing the simulation results in fluid layers. Next, the features of the TCD
method are investigated for hemispherical geometry by direct comparison of computational results
obtained for TCD and IH cases. In the present
work, direct numerical simulation (DNS) was employed to obtain heat transfer, flow and temperature field data. The description and validity of
the chosen numerical method are presented in section 2. The results of the analysis are discussed in
sections 3-5. Specifically, the capability of TCD
experiments to reproduce the Prandtl number ef-

(1)

which shows somewhat higher dependence on Ra
number than that of the calculational correlation
of Mayinger [6]
Nudn = 0.55 • Ra 0.2

(2)

However, the estimates provided by eqs.(l) and
(2) are very close to each other. The data of Nusselt number on the upper flat surface are found
to be in good agreement with the Steinberner and
Reineke correlation [7]
Nuup = 0.345 • Ra0233

(3)
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Table 1: Matrix of numerical experiments, performed in this work.
Run#
FL-A(l)

Approach
TCD

Geometry

B.C.

Pr

FL

T$> = const
qdn = 0

-7

FL-A(2)

TCD

FL

FL-B(l)

IH

FL

FL-B(2)
HC(1)

TCD

TCD

HC(2)
HC(3)
HC(4)

TCD
TCD
PSSNC

FL
HC
HC
HC
HC

7,7 = const
~7
qdn = 0
T^P = const
T*n = const
T£p - const
~7
T*n = const
Tw = const ~ 8
Tw = const - 0 . 6
Tw = const ~0.6
Tw = F(t) ~0.6
i-f

Ra{

Purpose
Similarity of IH and TCD cases
~10 1 2
in unstably-stratified regions
Similarity of IH and TCD cases
- 1.5 109 in unstably-stratified regions
DNS (for comparison
~ 4 • 10 6
and method validation)
Similarity of IH and TCD cases
~ 5 • 10 8
in stably stratified regions
1 4
Geometry effect
-510
~2'1014
Pr number effect
~l-10ia
Geometry and Pr number effects
Similarity of IH and PSSNC cases

fects is investigated in section 5. Additionally,
in section 6, the pseudosteady-state natural convection experimental approach is examined for a
hemispherical cavity and the results are compared
with both TCD and IH numerical simulation results. Finally, a summary is provided.

y.v
g

/

/ \

/

l^^J Tw= const,/

The program of numerical analysis, performed
in the present study, is summarized in Table 1.
Two configurations of fluid layers were selected:
FL-A - with cooling from top surface, and FL-B
- with cooling from both horizontal surfaces. The
computations of natural convection in internallyheated fluid layers and hemispherical pools, whose
results are used for comparison in the present
analyses, were performed in the related studies
[9] and [10].

Tb(t),Ra(t),Qv=Qfem/H
H

^ _.

/

/
z,W/

VQt,(t),
T w = const

Figure 1: Problem formulation for fluid layer.

three-dimensional governing equations of energy
and motion were solved:

2
2.1

TECHNICAL APPROACH

(4)

dp\J
-r-V-(pUxU) = Pg + S7-(-P6 + /xVU) (5)
dt
dph

GOVERNING EQUATIONS

= ^ +s

The system under consideration consists of a fluid
body, enclosed between horizontal surfaces (FL
case, fig.l) or in a hemispherical cavity (HC case,
fig.2). The fluid is assumed to be viscous and incompressible. In order to obtain time-dependent
flow and heat transfer characteristics, complete

(6)

where h is the total enthalpy, P is pressure, U
= [U, V, W] is the velocity vector, and S is the
source term for energy equation (5 = qv in IH
case, and S = 0 in TCD and PSSNC cases). Except for the density variation with temperature,
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y.v

putational results as a length scale of "spots" on
the upper wall of fluid layer with local heat flux
larger than the surface-average one.
x,U

2.2

z,W

NUMERICAL METHOD AND
COMPUTATIONAL GRID

Code - Numerical integration of governing equations (eqs.4-6) was performed using the generalpurpose CFDS FL0W3D code (release 3.3) [11].
The basis of the code is a conservative finitedifference method, with all variables defined at
the centre of control volumes, which fill the physical domain being considered. Body-fitted coordinates are included in CFDS FL0W3D to allow
the treatment of arbitrarily complex geometries.
Coordinate transformation is given numerically.
The SIMPLEC pressure-velocity coupling algorithm is used for the determination of pressure
and velocity fields. The linearized momentum and
energy equations are solved using Stone's method
and the liner solver; while the pressure correction
equation is solved using the preconditioned conjugate gradients method.

Q«m(t,<t>),
T w = const
T b (t) - T ™SNC(t) = const

Figure 2: Problem formulation for hemispherical
cavity.
the fluid properties were constant. The Boussinesq approximation was assumed for the buoyancy force.
Boundary and initial conditions - No-slip boundary conditions were applied to all velocity
components at the walls of hemispherical cavity
and fluid layer. In case of fluid layers, periodic
boundary conditions were imposed in two horizontal directions (x,z), and it was assumed that
both hydro- and thermo-fields have the same periodicity length in the horizontal directions. Pool
walls were kept at uniform temperature. The bottom wall of fluid layer in FL-A case was adiabatic. Initially, the system was motionless and at
a uniform temperature. Suddenly, the temperature of walls underwent a step change, AT,. After that a transient period started, during which
the wall temperature was maintained unchanged,
Tw = const, and pool bulk temperature, Tb,
slowly decreased. In PSSNC case, driving temperature difference in the pool was kept constant,
ATP = Tb(t) - Tw(t) = const.

Turbulence modeling - Direct numerical integration is used in the present work. This means
that the turbulence is simulated directly, without any empirical models. Such an approach
necessitates specific requirements for nodalization. All relevant flow and temperature structures must be adequately resolved by the chosen space and time grids. Moreover, in order to
minimize numerical diffusion, it is absolutely necessary to use space discretization schemes of at
least second order accuracy. Therefore, in the
present investigation all terms, apart from the
advection terms, in all equations are discretized
in space using second-order centered differencing.
The upwind difference CCCT scheme for convection term treatment, which is a modification of
the QUICK scheme; with specific adjustments to
eliminate possible non-physical overshoots, is employed in the present study. The fully implicit
backward Euler differencing scheme is chosen for
time advancement. Time step At during the "self-

During the whole course of pool cooling, the instantaneous local heat flux on the walls, temperature and sensible heat distributions at the centerlines, averaged heat fluxes on the walls, and
averaged blob length scale were registered. The
characteristic blob size was determined from com96

similar" stage of TCD simulation is adjusted as
At = JTWT, where SBL and ||U|| are the characteristic blob size and maximum velocity in the pool,
respectively.

not significantly affect the heat transfer results.
The chosen numerical method and the computational meshes have been employed for DNS
studies in internally-heated fluid layers and hemispherical pools. The validity of the approach has
been demonstrated by comparison against available experimental heat transfer and turbulence
data in fluid layers [9]. Thus, we assume that the
above described method is capable of modeling
and capturing major features of TCD processes
in fluid layers and hemispherical pools.

Computational grids - All calculations for fluid
layers were performed using a 35 x 35 x 74 (90650
nodes) rectangular grid. The mesh was uniform
in the horizontal directions (x,z). A factor of
geometrical progression (from 1.01 to 1.25) was
utilized for the j/-mesh generation, because a very
dense grid is required in the vertical direction,
y, near the layer's upper and bottom surfaces.
Periodicity length, D, was equal to H for FL-A
case, and 2H for FL-B case.
™
KAE, correlation range
• ™ » KAE, experimental correlation
• DNS, DIG
TCD-
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Figure 4: Development of "self-similar" stage of
TCD for fluid layer FL-A: a) time evolution of
Rayleigh number; b) variation of Nusselt number
with Rayleigh number.
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Figure 3: Variation of Nusselt number with
Rayleigh number for fluid layer FL-A.
A three-dimensional body-fitted computational
mesh was generated for hemispherical cavity,
comprised of 14 blocks and about 8 • 104 nodes.
The grid was chosen to be more dense near the
walls, where the strong temperature gradients occur. The chosen grid and method have been successfully applied to internally-heated hemispherical pools with Ra number up to 1012 [12]. In the
present study, they were used for simulation of
transient cooldown processes with "starting" Ra
numbers up to 5 • 1014. In such a case, the chosen
grid in horizontal plane in the turbulent-mixingcore region of the pool may not be able to resolve
the smallest turbulence scale. We believe, however, that such a loss in subgrid information does

TRANSIENT COOLDOWN
IN FLUID LAYERS
3.1 FLUID LAYER WITH AN ADIABATIC BOTTOM AND AN
ISOTHERMAL TOP SURFACE
Since fluid layers cooled from above can fully represent flow situation in the upper portion of a
more complex geometry pool with volumetric energy sources, the comparative analysis of TCD
and IH was performed for the fluid layer of con97

stage development of TCD, namely (i) formation
of thermal boundary layer, (ii) establishment of
flow structure, and (Hi) the "self-similar" stage.

figuration FL-A. Due to its good mixing properties, unstable stratification is expected to provide the physical similarity between the IH and
TCD cases. Fig.3 presents results of the DNS
study, performed for internally-heated fluid layers cooled from above [9]. The computed Nusselt numbers are in an excellent agreement with
experimental correlation by Kulacki and Emara
[13]1. Results of computations, performed for two
TCD cases, are also presented on fig.3. The difference between the Kulacki & Emara correlation
and the variations of Nu with Ra, obtained during the course of the TCD simulations, is within
5% range.

0.07

0.02

It is of interest to follow the transient behaviour
of Rayleigh number in TCD case. Assuming that
all sensible heat is removed through the cooled
surface, the Rayleigh number can be determined
in terms of heat, extracted from the top wall of
fluid layer. Therefore, in this case, the Ra number is explicitly dependent on instantaneous heat
removal rate, Ra ~ Qrem- Fig.4a shows the time
evolution of Ra number. Under ideal conditions
of TCD, the highest heat removal rate is observed
at the first instant, when the hot fluid of uniform
temperature is suddenly bounded by the cooled
isothermal surface. A steep change of Ra number, seen in the first stage, may be related to the
penetration of the thermal front into fluid layer
and, hence, establishment of a thermal boundary layer. Due to the buoyancy effect, flow field
within the fluid layer starts to develop during the
second stage. The "self-similar" stage of transient cooldown begins after the first cooled blobs
reach the lower parts of the fluid layer, and, subsequently, are replaced in the upper region by the
hot fluid. Due to the transient nature of turbulent natural convection in the unstably-stratified
region, the surface-average heat flux on the upper wall of fluid layer oscillates in time. This
explains the oscillating behaviour of the Nusselt
number in the {Ra; Nu} number space; as seen in
fig.4b. Thus, the present work quantifies a three-

0.01 <-

10"

10"
Ra

Figure 5: Fluid layer FL-A: a) variation of averaged blob length scale with Rayleigh number; b)
instantaneous Nusselt number distribution on the
top surface.
Structure of local heat transfer on the top
wall of fluid layer and related blob formation/departure mechanisms can be seen in fig.5.
Blob size, oscillating in time within 20% range,
does not change with Ra number during the
course of TCD simulation. Even though the computed blob size in TCD case correlates reasonably
well with that of IH case, the TCD process seems
to conserve its flow structure. This behaviour
may be partly due to the relatively small value
of periodicity length (D = H), which restricts
any significant re-organization of flow structure
within the fluid layer. The other probable cause
for the observed independence of blob size on Ra
number is associated with the transient nature of
cooldown processes, which tends to keep a memory of flow structure, initially developed in fluid
layer. In order to clarify this point, effects of periodicity length and longer time of TCD simulation must be additionally examined. Interestingly, the mixing properties (Nusselt number) in
TCD and IH cases are unaffected, or, at least,
not determined by the above mentioned blob size
behaviour.

J

The original correlation, Nv = 0.389 • Ra° ™ ± 15%,
employed the Rayleigh number Ra,, defined as Ra, =
Ra
2
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Summarizing, the results of computations, performed for fluid layers with isothermal upper
wall, demonstrated that the transient cooldown
approach is an excellent method to investigate
heat transfer in internally-heated and unstablystratified layers.

3.2

Analysis of TCD simulation results shows that
the upper wall Nusselt number in fluid layer,
cooled from both surfaces, Nuup, is quite similar to that of IH case. The lower wall Nusselt
number, Nudn, is, however, much less than that
of IH case. Consequently, energy split is different
for IH and TCD case. Fraction of downward heat
removal, rj, in TCD case is much less than that of
IH case; see fig.6b.

FLUID LAYER WITH ISOTHERMALLY COOLED TOP AND
BOTTOM SURFACES

TRANSIENT COOLDOWN DA TA:
Ra=e.2E*07
Ra=4.1E+07

Ram2.tE*07

In this section, the results of computations, performed for a fluid layer, cooled from both horizontal surfaces, are analyzed in order to explore the
effect of stable stratification on physical similarity
between IH and TCD cases.

INTERNAL HEATING DATA:

Ra=1.7E+07

DNS. Ra=4.E*0S
'
• KSQ EXPERIMENTAL DATA

•

ACCUMULATION OF COOL FLUID
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Figure 7: Vertical distribution of the horizontally
averaged temperature in fluid layer FL-B.
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In order to pinpoint the reasons, leading to the
difference in heat removal rate on the bottom of
fluid layer for IH and TCD cases, a detailed analysis of temperature profile (fig.7) and flow structure (fig.8) was conducted. It was found that
cool fluid had accumulated in the lowermost region (0.01% of fluid height) on the bottom wall.
Converse to IH case, there is no volumetric energy source in the fluid in TCD case. Therefore,
the lowermost layer of liquid has no heat addition, and consequent ascending flow movement.
A zoomed picture of temperature distribution is
shown in fig.7. The cooled layer of fluid, having almost wall temperature, serves as a thermal
shield in TCD case, reducing thus the fraction
of heat, removed downwards. While the temperature gradient within this cooled layer is nearly
zero, the surface average heat transfer rate is still
slightly higher than the conduction one (Nuh.c =
4); see. fig.6a. Fig.8 indicates that there exist regions, where the major part of heat, transported

10'

Ra

Figure 6: a) Variation of Nusselt numbers with
Rayleigh number; and b) fraction of downward
heat removal. Fluid layer FL-B.
In the present study, DNS was performed for a
IH case with Ra = 4-106, Pr ~ 6. The results are
in good agreement with Kulacki and Goldstein
experimental correlations [14]2 , and the results
of DNS, performed by Grotzbach under similar
physical conditions [16]; see fig.6a.
Correlations Nttup = O.Z29-Ra° 236 and Nudn = 1-428Ra * were obtained in electrically heated water layers
for Ra number range from 3.7 • 104 to 2.4 • 107. Similar
correlations, Nuup = 0.345 • Ra° 233 and Nudn = 1-388 •
Ra009i were obtained by Jahn and Reineke [15], also in
water layers, for Ra number range from 105 to 108.
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Figure 9: Fluid layer FL-B: a) variation of averaged blob length scale with Rayleigh number; b)
instantaneous Nusseit number distribution on the
top surface, Ra = 2.4 • 10 7 .

T

Figure 8: Temperature and velocity fields in a
vertical cross-section, and heat flux contours on
the bottom surface of fluid layer FL-B. Transient
cooldown, Ra = 2.4 • 107.

tern on the top wall is found to be more structured
in FL-B case (fig.9b), and the actual blob size is
also larger (jj ~ 0.1 for FL-B and ~ 0.05 for FL-A
cases) under lower Ra number conditions.

to the bottom surface, is transferred through.
These regions can be seen from the picture of heat
flux contours (fig.8), and associated with areas,
where the large cooled blobs (thermals) are impinging upon the stably stratified layer. Within
the blob impinging areas (BIA), the cooled layer
is attacked by hot impinging fluid and, consequently, transfers the heat to the cooled surface.

Summarizing the analysis of fluid layers, cooled
from both top and bottom surfaces, one may conclude that the stable stratification region in TCD
case may experience the storage of cool fluid on
the bottom surface. This phenomenon, together
with the absence of volumetric energy source,
causes the change of energy split (lower rate of
heat transfer to the bottom surface in case of
TCD).

Fig.9a presents the blob size variation with Ra
number. As in FL-A case, the heat transfer structure on the top wall remains unchanged during an
initial period of the "self-similar" stage of transient cooldown process, Ra = 108 —• 2 • 107.
A tendency of slight increase of blob size is observed at the end of FL-B TCD simulation, which
had relatively wide Ra number range in the "selfsimilar" stage, Ra = 108 -> 6 • 106. It is worth
noting, however, that although the periodicity
length was chosen as D = 2H for FL-B case, the
Rayleigh number range in this case was also much
lower than that of FL-A case. Therefore, a direct
comparison of blob size behaviour between cases
is difficult to make. In general, the heat flux pat-

HEMISPHERICAL
CAVITY
In this section, transient cooldown approach is examined for hemispherical geometry. Three TCD
simulations were performed in hemispherical cavity. Among them, only run HC(1) simulated conditions of the mini-ACOPO A3 experiment [1],
with initial Rayleigh number ita,- = 5 • 10 14 , and
Freon as working fluid (Pr — 8). Under such high
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Figure 10: Variation of upward Nusselt number
with Rayleigh number. Hemispherical cavity.

Figure 11: Variation of downward Nusselt number
with Rayleigh number. Hemispherical cavity.

Ra number conditions, the computational grid
employed may be too coarse to capture all subgrid turbulence in the mixing-core region. Similar problem were experienced in fluid layers with
Ra > 1O10. It was found, however, that if sufficiently dense grids are generated for near-wall
regions, the heat transfer results can be well predicted (fig.3).

In our numerical simulations, we have also
noted that a.) the sudden establishment of the
isothermally-cooled wall temperatures would lead
to a larger effect of the formation of the thermal boundary layer on the Nusselt number than
would occur in the experiments, and b.) the "selfsimilar" stage of the pool convection may not develop for about 10 minutes in a TCD experiment.

Figs.10 and 11 show that the differences between the calculated TCD results for the surfaceaveraged Nuup(Ra) and Nudn{Ra) are within the
uncertainties of the measured data in the MiniACOPO tests experiments. They are also within
the uncertainties of the experimental correlations
of Steinberner and Reineke for Nuup(Ra), of
Mayinger for Nudn(Ra) and of the UCLA data
for both Nuup(Ra) and Nudn(Ra)- In addition,
the calculated TCD results are in good agreement
with the calculated IH results. Thus, we confirm
the validity of the transient cooldown experimental method to investigate the energy splits and the
surface-averaged heat transfer data in a decayheated corium pool.

The dimensionless centerline temperature profiles, calculated for several cases, are compared in
fig.12 to measurements obtained in Mini-ACOPO
and the UCLA experiments. It is seen that the
agreement between the results of the calculations
performed with Pr = 7 and 8 and the measurements (also for Pr ~ 8) is excellent, within the
uncertainties of the measurements.
Comparing the temperature distributions in
fig.12 for the case DNS, IH, Pr = 7, Ra = 1012
and HC(1), it appears that near the bottom part
of the vessel ( V < 0.1), the TCD distributions
may be much more flat than the IH distribution.
This implies an accumulation of cold water near
the pool bottom, as was found for the TCD case
in a fluid layer. Perhaps, the absence of internal
heating in the TCD method may reinforce and increase the height of the stably-stratified cold fluid
layers at the pool bottom. This may result in relatively lower measurements for the Nv.dn((f>) in

Figs.10 and 11 also indicate that the TCD
simulations in the hemispherical cavity experience the same three-stage development as in fluid
layers: effect of the formation of the thermal
boundary layer can be noticed for both Nuup and
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Figure 12: Dimensionless centerline temperature
profile. Hemispherical cavity. Self-similar stage.

Figure 13: The heat flux distribution on the lowermost bottom of the hemispherical cavity.

the range 0 < <f> < 15° for the TCD experimental
method, in comparison with that for the IH experimental method. This is seen in fig.13, where the
data reported for the Mini-ACOPO [1] and the
UCLA experimental correlation are shown, along
with the calculated distributions for the IH and
TCD cases, in the angle range 0 < 4> < 30°. We
believe, that such differences could be expected.
We recommend, however, that numerical simulations should be performed for the actual experimental scale and conditions, and the differences
between the two experimental methods, near the
pool bottom (0 < 4> < 15°), quantified.

heat flux distribution in the region of <j) < 20° for
Pr = 0.6 case was calculated to be 200% greater
than that of Pr - 7 [10]. The so-called a - and
v— phenomena, associated with Pr = % number, were identified. The a—phenomenon is due
to the fact that the fluid with lower Pr number
has relatively higher thermal diffusivity, a, and,
consequently, provides higher heat removal rate
in the stably stratified, conduction-dominated regions. The v—phenomenon is well described by
fig.14: fluid with lower Pr number (Pr = 0.6)
has relatively lower kinematic viscosity and, consequently, the stably stratified regions can be disturbed more easily, rendering, thus, higher heat
removal rates in a convection-dominated regime.
In order to answer the question whether the Pr
number effects on the local heat transfer characteristics in the hemispherical cavity can be reproduced within the transient cooldown experimental
approach, runs HC(2) and HC(3), with corium as
working fluid, Pr = 0.6, were performed.

EFFECTS
OF
FLUID
PRANDTL NUMBER
Effects of fluid Pr number on the heat transfer characteristics in the internally-heated liquid
pools of different geometry were numerically investigated in [2] and [10]. It was found that
Prandtl number has a negligibly small effect on
the surface-average heat removal rates. However,
analysis of the temperature fields in the hemispherical pool with varying Pr number revealed
a difference in the stratification pattern in the
lower pool portion; seefig.14. As a result, the

Analysis of the computational results shows
that, similar to IH cases, no effect of fluid Prandtl
number on the averaged heat transfer characteristics, Nuup and Niidn, is observed in TCD cases
(figs.10,11). However, unlike the IH case, the effect of the Pr number on the local heat flux distribution near the bottom part of the vessel was
found to be quite small, fig.13.
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Figure 14: Temperature field in the hemispherical
pool. Internal heating. Ra = 1012, Pr = 0.6 and
7.

Figure 15: Temperature and velocity fields in
the hemispherical pool. Transient cooldown "selfsimilar" stage, Pr — 0.6 and 8.

PSEUDOSTEADY-STATE
NATURAL CONVECTION
EXPERIMENT
As discussed in the section 1, the pseudosteadystate natural convection (PSSNC) approach attempts to maintain a constant AT = Tmax — Tw
during the experiment. This experimental approach was modeled in the run HC(4) to determine, if keeping AT constant provides different
heat transfer rates at the hemispherical boundary, compared to the TCD approach, in which
the temperature at the hemispherical wall is kept
constant during the experiment.

The flow distributions calculated for Pr = 8
and Pr = 0.6 for the "self-similar" stage of the
TCD method are shown in fig.15, to compare
with those shown for the IH cases infig.14. It
is seen, that there is a much larger volumetric region disturbed by the descending flows for the IH
Pr = 0.6 case than it is for the TCD Pr = 0.6
case. Perhaps, much denser cold fluid, accumulated at the vessel bottom, tends to effectively resist the penetration of the descending flows, and
the Pr number effect, seen in the IH case, may not
be reproduced. We must note, that the magnitude of the Pr number effect must depend on the
Ra number of the pool. Thus, estimates of this
effect for both IH and TCD experimental methods should be made for the actual experimental
scale and conditions.

The case calculated was for Ra = 1012 and
Pr = 0.6, and the averaged values of Nuup and
Nu,in obtained are shown in figs.10 and 11, where
they are compared to those obtained for the TCD
and IH representations. It is seen that the PSSNC
aproach provides essentially the same results.
The calculated local heat flux distributions for
the PSSNC, Ra = 1012 Pr = 0.6, are compared
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with those for the TCD and IH representations
infig.13, where we see that the PSSNC approach
provides much closer distribution to the IH case,
than the TCD case. The low Pr number effect
appears to be represented more realistically in the
PSSNC experimental method, seefigs.13 and 16.

2. The stably stratified regions near the pool
bottom, whose volume may depend upon the
Ra number, may not be as well represented.
The heat flux from those regions to the pool
wall is determined primarily by conduction
and not by the boundary layer flows, as in the
unstably stratified regions. The absence of
the volumetric heat source in the TCD case,
and the low level of fluid motion there, may
result in storage of cold fluid on the cooled
bottom, resulting in lower heat flux measurements. These remarks are derived from the
results calculated for Ra = 1012 to 1014. It
is possible that for Ra = 1016, prevalent in
the prototypic accident conditions, the extent of the stably stratified region may be
smaller than that found in this study, i.e.
0 < <t>< 15°.

I35E-D2
>793E-O2
436E-O2
>O77E-O2
I7IBE-O2
391E-O3
OOOOE+OO

3. The large effect of the Pr number, below
Pr = 1, on the calculated heat flux from
the stably stratified region of the pool, found
earner for the internal heating simulation,
may not be represented well by the TCD
method. However, the PSSNC calculation
agreed much better with the IH calculation.

Figure 16: Temperature and velocity fields in the
hemispherical pool. Pseudosteady-state natural
convection. Ra = 1012, Pr = 0.6.

7

1. The transient cooldown method provides an
excellent representation of the internal heating in the unstably stratified regions of the
pool, since it provides equivalent mixing level
and turbulent motion length scale;

SUMMARY

A recently developed experimental approach to
determine natural circulation heat transfer characteristics of a volumetrically heated liquid pool,
namely, transient cooldown, was examined numerically. Thefinite-differencemethod was employed to obtain the heat fluxes in thefluidlayers and in a hemispherical cavity under transient cooldown conditions, which were compared
to those obtained with internal heating experimental method. The pseudosteady-state experimental technique was also examined and the results obtained were compared with those of transient cooldown and internal heating cases. The
results of analysis can be summarized as follows:
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4. We believe that the numerical method developed here provides good estimates and trends
for the characteristics of the liquid pool natural convection heat transfer. An analysis of various experimental options can be
performed. The simulations described here,
however, do not extend to the conditions of
Ra = 1016, where the turbulence effects are
large [18], and whose general representation
in the 3D numerical calculation has not been
achieved so far.
5. We recommend that an experimental comparison of the IH, TCD and PSSNC methods, e.g. in the COPO test facility with
Ra ~ 1016, be performed. The heat fluxes in

the vessel wall region, where stably-stratified
liquid layers may develop and accumulate,
should be examined experimentally.
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Abstract
This paper presents an analysis of effects of fluid Prandtl number on natural convection heat transfer in volumetrically heated
liquid pools. Experimental and computational studies performed in the past are reviewed, with a particular emphasis on the
analysis of PT number effects. As a practical exercise, numerical analysis is performed for two-dimensional square, semicircular
and elliptical enclosures and for three-dimensional semicircular and hemispherical cavities to investigate the physics of the effect
of Pr number on heat transfer in internally-heated liquid pools with Rayleigh numbers up to 1012. It was found that the fluid
Prandtl number had a small influence on heat transfer in the convection dominated regions (near to the top surface and to
side walls) of the enclosures. The decrease of Pr number leads to the decrease of top and side wall Nusselt numbers. Effects
of Pr number on the Nu number at the bottom surface of the enclosures are found to be significant and they become larger
with the increasing Rayleigh numbers. Two physical mechanisms, namely a and v— phenomena have been proposed to explain
fluid Prandtl number effects. Calculational results have been used to quantify the significance and the area of influence for each
mechanism. Also, strong dependence on the geometry (curvilinearness) of the downward cooled pool surface has been found.
Keywords: naturai convection, heat transfer, internal energy source, stable and unstable stratification, fluid Prandtl
number, two-dimensional, three-dimensional computations.

1

Progression of a postulated severe accident in a
PWR assumes that core meltdown and core relocation occur and a large molten corium pool with freezing/melting boundaries may form in the lower head of
the reactor pressure vessel. In order to assess the potential for in-vessel melt retention, one should know
the characteristics of heat transfer from the melt pool
to the reactor pressure vessel walls. The local heat
fluxes are of particular importance. Comprehensive
overviews of reactor specific features and related phenomena have been presented by Okkonen [23] and
Turland [30].

Introduction

Natural convection heat transfer in liquid pools with
internal energy source has been the subject of a considerable number of fundamental and applied research
programs. This process occurs and determines the
thermal and fluid dynamic behaviour of many natural and man-made systems, e.g. earth's mantle, welding pools, electrically-heated melt pools in metallurgy
and material processing, etc. Recently, the natural
convection heat transfer in internally-heated liquid
pools has been studied to determine the consequences
of severe (meltdown) accidents in light water reactors
and to device accident management schemes.

In the past, a considerable number of experimental and analysis efforts were focused on obtaining the
heat transfer correlations for natural convection of
internally-heated fluids in many geometries, e.g. fluid
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layer, rectangular, semicircular and elliptical 'slicetype' cavities, cylindrical and hemispherical pools.
Although an exhaustive review will not be presented
here, Tables A-l, A-2 and A-3 (see appendix) provide
a representative sampling of correlations, which have
been developed experimentally and computationally
or theoretically, to determine the averaged Nu numbers on the cooled surface. One can see that the dependencies Nuup(Ra) for upper surface are quite similar for different geometries (fluid layer, rectangular,
semicircular and elliptical cavities). Although only
a limited number of three-dimensional experiments
have been performed, they seem to indicate that twodimensionality of the cavities does not play a dominant role in determining the surface-averaged downward heat transfer characteristics 1. More interestingly, the heat transfer correlations JVu, = f(Ra), at
all cooled surfaces, are applicable in the entire range
of Ra numbers (106 ~-1016). This leads us to assume
that there is a similarity in the physical mechanisms
governing natural convection flows and heat transfer
in internally-heated liquid pools in the laminar and
turbulent regimes.

They lead to a 37% variation in the Nuup for Pr number range (0.04 -f 10) in the Mayinger calculation and
a 22% variation for Pr number range (0.054-20) in the
Emara and Kulacki's calculation. Kulacki and Emara
[16] measured heat flux on the upper surface of the
fluid layer and generalized the data with the correlation Nuup ~ Pr 0 2 3 3 which implies a significant fluid
Pr-number-effect. If this correlation were applied to
corium (Pr ~ 0.6), it would lead to 100% decrease
in Nuup, in comparison to that for water (Pr ~ 7).
However, Kulacki and Emara [16] have noted that
most of the data were obtained with Pr ~ 6.5, and
they recognized that the data-base was insufficient to
support such a strong dependence.
Returning to the in-vessel melt retention issue, we
should note that the fluid layer data may not be relevant to the geometry of the reactor vessel (hemispherical or torospherical pools, with aspect ratio ~ 1/2)
and the boundary conditions of isothermal downward
curved surface. In this connection, new experimental programs have also been pursued to obtain necessary data, and support extrapolation of existing correlations to the prototypical conditions. In particular, Theofanous et al. [29] concluded that fluid Pr
number has negligibly small effects on high-Ray leighnumber natural convection heat transfer. They based
their analysis on heat transfer data from transient
cooldown experiments (ACOPO), in which heat capacity was used to simulate internal energy sources.
More notably, Pr numbers were varied in a four-fold
range (Pr ~ 2.5 4-11).

The fluids mostly used in simulant experiments are
water and freon. The Pr number range for these simulant fluids (Pr ~ 2.5 -§- 7 for water and Pr ~ 8 -j-11
for freon) is one order of magnitude greater than the
prototypic Pr number for reactor accidents ( for instance, Pr ~ 0.1 for metallic and Pr ~ 0.6 for oxidic
core melts). So the question arises, whether the heat
transfer correlations obtained in simulant material experiments are applicable to nuclear reactor prediction.

So far, only a limited number of small-scale experiments employing oxidic core melt (UO2) as working
fluid have been performed. The Pr number was in
the range 0.36 -j-1.53. Such experiments have a confirmatory character, rather than providing data in the
Ra number range, needed for natural convection heat
transfer (see Okkonen [23]). Earlier small-scale experiments using joule- heating of molten UO2 at Argonne National Laboratory (ANL) had found higher
downward heat fluxes than had been predicted on the
basis of correlations developed using low temperature
simulant liquids (see Baker et al. [2] and Stein et
al. [27]). These discrepancies have been ascribed

Mayinger et al. [21] and Emara and Kulacki
[8] have conducted a computational analysis of heat
transfer in fluid layers with isothermal upper surface
and adiabatic bottom and side walls. The results
of calculations showed a small effect of Pr number
on Nuup. The Pr-number-dependencies Nuup(Pr)
are Nuup ~ pro.O85 -m Mayinger's correlation and
Nuup ~ Pr 0 0 4 1 in Emara and Kulacki's correlation.
1

Potential effects of non-prototypical conditions (such as
physical properties of working fluids, geometrical effects, boundary, transient and heating conditions) of existing relevant experimental methods were discussed in the work of Dinh et al. [7].

109

to (1) radiation properties of pure molten UO?, (2)
the Lorentz force and (3) the heat generation in the
lower crust. We believe, that the low Pr number of
core melt could be an additional reason for excessive
heat transfer in the downward region. In contrast, enhanced upward heat flux was observed in the in-core
small-scale experiments with 5 kg of molten UO2 at
Cadarache (France) ([15]). Several mechanisms have
been proposed to explain the data ([15], [30]).
Kelkar et al. [12] have performed numerical analysis
of laminar natural convection in internally-heated fluids in a hemispherical cavity. The calculations covered
Ra numbers, up to 108, for fluids with Pr numbers
of 0.1, 1 and 10. The calculations did not show a significant change in the average heat transfer with Pr
number changing from of 0.1 to 10. However, it could
be seen from the local heat flux distributions that the
heat flux over the curved surface of the cavity, in the
angle range <j> < 70°, for Pr = 0.1, is higher than that
for Pr = 10; the reverse is true for the 70° < <f> < 90°.
In addition, a 10% increase in the upward Nu number was found by variation of fluid Pr number in the
range 1 -H 10. The last agrees with the results of the
calculations made by Mayinger et al. [21] and Emara
and Kulacki [8] for fluid layers.
Two-dimensional formulation was employed by
O'Brien and Hawkes [24] to calculate natural convection of core melt in the hemispherical cavity.
The standard high-Reynolds-number n — e turbulence
model, with so-called wall functions, was used. Since
such turbulence models can not describe the fluid
flows under consideration ([6]), the calculated streamlines appeared to indicate the presence of a single
large convection cell of turbulent natural convection,
with upflow near the centerline and downflow along
the hemispherical boundary. This result conflicts with
experimental observations, which have indicated multiple convection cells. Turbulent natural convection
heat transfer in hemispherical and semicircular cavities has also been investigated by Kelkar et al. [14]
and Chai et al. [3] for Pr = 1; 1.4 and 5. They conclude that the dependence of the heat transfer characteristics on the Prandtl number is quite weak.

Summarizing, the relevant experimental and computational studies did not systematically examined
the effects of the fluid Pr number, on the averaged
and local heat transfer characteristics. The purpose
of this paper is to provide a detailed computational
analysis of the Pr number effects on the heat transfer
characteristics in internally-heated fluid natural convection. Five melt pool geometries are considered:
(1) 2D square; (2) 2D semicircular, (3) 3D semicircular, (4) 2D elliptical and (5) 3D hemispherical;
with top, side and bottom isothermally-cooled walls.
The first configuration (2D square cavities) is chosen
due to its large relevant data base, and to separate
the effects of the fluid Prandtl number, from those
caused by the curvature of the downward cold surface. The second to fifth configurations of liquid pools
are chosen to represent existing light water reactors,
which have, either a hemispherical, or a torospherical lower head. Also, we consider natural convection
heat transfer for Ra numbers up to 1012. Experiments
and analyses works have indicated that internallyheated liquid pools behave quite similarly, at high
and low Ra numbers. In fact, the dimensionless heat
transfer laws (Nui = f(Ra)), measured at lower Ra
numbers, have been successfully reproduced in experiments with higher Ra numbers in square and in the
hemi- and torospherical cavities. The differences are
within the range of uncertainties. Thus, the trends
observed at low Ra numbers may also hold at higher
Ra numbers. That is why, it is not irrelevant to establish these for Ra = 1012. In this a case a computational approach, based on the laminar flow model,
is quite suitable for analysis. Certainly, these results
would have to be verified for higher Ra number conditions (1013 —1017), after a reliable turbulence model
is developed, and validated, against the relevant data
base.
The technical approach is briefly described in section 2. Section 3 discusses results of the numerical
analysis for 2D square, 2D and 3D semicircular, 2D
elliptical and 3D hemispherical cavities. Finally, in
section 4, a summary is provided.
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2

Technical approach

2.1

2.3

Governing equations

Properties of water are used for the high-Pr-number
fluid calculations, while for low-Pr-number fluid,
properties of core melts are employed. Melt phase
properties (density, conductivity, viscosity, specific
heat and coefficient of thermal expansion) of the
UO2/ZrO2 compound are calculated as recommended
in [25]. To obtain intermediate Pr numbers, viscosity and conductivity are varied. In order to examine the validity of the Rayleigh and Prandtl numbers to represent similarity behaviour, we have performed several comparative calculations, in which
the fluid Prandtl numbers are the same, but corresponding values of kinematic viscosity, v, and thermal diffusivity, a, of the fluids differ as much as
three times. For the same range of Rayleigh numbers, the computed results indicate that the Nusselt
numbers are unchanged [7]. It was also shown in
ref.[7] that the heat transfer correlation Nu{ = f(Ra)
does not depend on power-to-height ratios in the heatgenerating fluids, whose physical properties can be
assumed temperature-independent. Such results were
found, primarily, in the laminar natural convection
heat transfer regime. In the present paper, dimensionless groups (Ra and Pr), rather than separate
properties, are, therefore, the main subject of numerical investigation. Isothermal (Tw = 293 K for water pool and Tjreezing = 2830 -j- 2850 K for corium
pool) and no-slip boundary conditions are employed.
Unsteady equations are solved to obtain the timedependent flow and temperature fields and the heat
transfer characteristics. The results are then averaged
over time intervals to produce the quasi-steady values.

The mathematical model is based on the set of governing conservation equations. These are, the continuity
equation
^ + V • (PV) = 0

(1)

the momentum equation
dpV
dt

+ V • (PV ® U) = B +
(2)

and the energy equation

^

v-(Kvr) = ~ + «fc,

(3)

where h is the total enthalpy and B is a body force
(in this case it is the gravity force pg).

2.2

Fluid properties and boundary conditions

Solution procedure

In the present study, the general-purpose CFDSFL0W3D code [4], has been employed to solve equations (l)-(3). Body-fitted coordinates are included
in CFDS- FL0W3D to allow the treatment of arbitrary complex geometries. Coordinate transformation
is given numerically. The basis of the code is a conservative finite-difference, or finite-volume, method,
with all variables defined at the centre of control volumes, which fill the physical domain being considered.
To avoid chequerboard oscillations in pressure and velocity, the improved Rhie-Chow interpolation method
is used. The hybrid differencing scheme for advection term treatment, the fully-implicit backward difference time stepping procedure, and the SIMPLEC
velocity-pressure coupling algorithm have been utilized. Assessments of computational errors are given
in section 2.4, where the sufficiency of nodalization is
discussed, and in section 3, where the numerical results are validated against existing experimental data
on heat transfer, obtained in the relevant simulant
tests.

By introducing dimensionless temperature (9), time
(Fo), pressure (P), velocity (U) and co-ordinates (af,
y, ~z) the conservation equations can be rewritten in
the following dimensionless form:
V-(U) =

dFo

(4)

Pr

+V • [-P6 + VTJ)
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Figure 1: Coordinate system and computational domain for square cavity.

Figure 2: Coordinate system and computational domain in [x,y]-plane of semicircular cavity.

implemented in the CFDS-FLOW3D code, showed remarkable flexibility in modelling complex two- and
three-dimensional flows. As can be seen from fig.4,
we constructed a 2D elliptical domain by 'glueing' 7
mesh domains. For the semicircular cavity we built
12- and 4-block meshes, while hemispherical computational mesh consists of 14 blocks 'glued' together.
In order to model heat transfer to the isothermally
cooled walls, very dense grids were used in the nearwall layers. Also, it is known, that natural convection flows in an internally-heated liquid pool involve
stably-stratified layers at the lower region of the pool,
and a mixing region in its upper part. Complex flows
taking place in the mixing region, also, require fine
nodalization to properly describe the momentum and
heat transfer in buoyant thermals and plumes near
the upper cooled surface. Further, we are interested
in the local heat flux distribution on the curved surface of the pool. In particular, heat fluxes at the very
bottom of the hemi- or torospherical pools are important, since heat removed at the vessel outer wall may
be least efficient there. Description of the local heat
flux distribution on the curved surface requires fine
grids along the curved wall, and at the bottom region,
of the hemispherical/elliptical/semicircular pools.

Boundary conditions can be expressed in the following
form
U

all wails

= 0

(7)

hop, bottom, side walls = 0

36
dz face, back walls

= 0

(8)

(9)

From the above equations, it is clear that only the
Rayleigh (Ra) and the Prandtl (Pr) numbers govern
the similarity of the flow field.

2.4

X

Grid system and related physical aspects

The grid systems used in the computations of the
natural convection flows, and the heat transfer, for
2D square, 2D elliptical, 2D semicircular, 3D semicircular and 3D hemispherical cavities are presented on
figs. 1-6. The 2D grid sizes are 70 x 70 for square, 3200
nodes for elliptical and 3988 nodes for the semicircular cavities. The multi-block approach for grid design,
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Figure 3: Coordinate system and computational domain in [y,z]-plane of semicircular cavity.

Figure 4: Coordinate system and computational domain for elliptical cavity.

3

A grid independence study was carried out for the
square and the semicircular two- dimensional cavities.
The calculated heat transfer characteristics obtained
with 50 X 50 and 100 X 100 grids for square, and
four grids, (see Table 1), for semicircular cavities were
compared. Differences between the computed Nusselt numbers at the square cavity walls for the chosen
grids were within 5%. The results of grid analysis
for semicircular enclosure are presented in the Table
1 and on fig.7, where the wall averaged Nusselt numbers, and their local distributions for four different
grid systems are compared. The differences between
the computed Nusselt numbers for grids G-12/2485
(2485 nodes) and G-4/7200 (7200 nodes) are within
7%. We have employed grid G-12/3988 with 3988
nodes for the investigation here.

3.1

Results and discussion
2D square cavities

The calculated averaged Nu numbers for a square cavity of heat generating fluids, with different Pr numbers, along with the Steinberner's and Reineke's [28],
Jahn's (quoted from [28]) and Jahn's and Reineke's
[11] experimental correlations are presented in figs.810. From the figures, one can see a reasonable agreement of the calculated lines of Nu numbers for Pr = 7
with the experimental correlations (for Pr = 6 -r 7) in
the range of Ra numbers up to 1011. Small discrepancies might be related to experimental errors, including uncertainties due to wall effects of the face and
back surfaces of 'slice-type' cavities (see [7]). With
increasing Ra number (Ra > 1011) turbulence modelling becomes necessary. The results of computations
with the standard low Reynolds number K — e turbulence model of Launder and Sharma showed that
the laminar-to-turbulence transition occurs between
Ra = 5 • 1011 and Ra = 1013 for square cavity (see
[6]). The laminar approach for Ra = 1012 may lead
to underprediction of the upward and downward Nu
numbers by ~ 30%, and of side wall Nu number by

For the three-dimensional semicircular pool calculations we used a grid with 3975 nodes (G-4/3975)
in the [x,y]-plane and 22 nodes along the z—axis.
For the three-dimensional hemispherical cavity we
designed a grid with 70464 nodes by 'glueing' 14
blocks. Three-dimensional computations were performed to confirm Pr number effects, discovered by
two-dimensional calculations, but we did not conduct
grid sensitivity analyses.
113

Table 1: Mesh sensitivity analysis for 2D semicircular cavity (Ra — 1012, Pr = 0.6J.

Grid
G-4/3975
G-4/7200
G-12/2485
G-12/3988

#
blocks

#
nodes

Nuup

Nudn

Da

4
4
12
12

3975
7200
2485
3988

116
112
120
116

96
97
96
98

365
356
356
369

Figure 5: Coordinate system and computational domain in [x,y]-plane of hemispherical cavity.

Figure 6: Coordinate system and computational domain in [z,x]-plane of hemispherical cavity.

~ 20%. These assessments of the differences between
the computational results and the measurements are
an adequate basis for employing the model and the
computer code to provide the estimates of fluid Pr
number effects in the range of Ra numbers up to 1012.

down along the vertical (or curved) walls (descending
flow convection-dominated region), and (Hi) a stratified lower pool portion (stably-stratified conductiondominated region).
As can be seen from figs.8-9, the decreasing fluid
Pr number leads to a decrease in the averaged Nu
numbers on the top and side walls by up to 30%,
for the range of Pr number 0.6 -j- 7. This tendency
is in accordance with the measurements of Kulacki
and Emara [16], and the computations of Mayinger
et al. [21] and of Emara and Kulacki [8] for upper
wall. The increasing Pr numbers leads to a thinner

The calculated flow field (see fig. 11) illustrates
the key aspects of the natural convection flows
in heat-generating pools. These include: (i) inverted thermals descending from the upper boundary, creating a relatively well-mixed upper pool
region (unstably-stratified convection-dominated region); (ii) a thin/steep boundary layer descending
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Figure 7: Mesh sensitivity analysis: local distribution
of the Nusselt number around the bottom of the 2D
semicircular cavity (Ra = 1012; Pr = 0.6).

Figure 8: Variation of the averaged Nu number over
the top wall of the square cavity with Ra number.
decrease of the Prandtl number, should enhance heat
transfer rates to the bottom surface. This conduction effect of the stable-stratification is defined here
as a-phenomenon. On the other hand, lower viscosity
of stably-stratified layers provides weaker resistance
to penetration forces of both the descending flows on
the cooled side walls, and of the thermals released
from the cooled upper surface. This effect, named
v-phenomenon, can be seen from the calculated temperature fields, presented for differents fluids on fig.ll.
The lower the fluid Pr number, the deeper the descending flows penetrate, at the peripheral regions,
into the stably-stratified layers. Thus, the lower the
viscosities v (i.e. Prandtl numbers) of the fluid layers,
the easier it is for descending flows to destabilize such
layers, and, therefore, larger heat transfer occurs at
the bottom cooled wall. However, it is worth noting
here, that, there is not a linear relationship between
the Prandtl number and its effect on heat transfer for
the considered range of Pr number (Pr — 0.2 ~ 7).

thermal boundary layer in the convection-dominated
region and this should enhance the heat transfer. Similar to the computed results of Emara and Kulacki [8]
for the fluid layer, our calculations, also, showed that
the formation and release of thermals at the upper
boundary are delayed for higher Pr numbers.
The effect of fluid Pr number on the averaged Nu
number on the bottom wall is more significant. The
calculated deviations of Nu numbers increase with decreasing fluid Pr number (see fig.10). Moreover, the
deviations become larger with increasing Ra number.
The calculated higher Nusselt numbers to the bottom
surface (as much as two times for Ra = 1012) are related to both the physics of stably-stratified layers in
the lower region of the melt pool and to the decrease
of heat fluxes to the top and side surfaces, which can
increase the heat flux to the bottom surface (according to the energy balance). If working fluids have low
Prandtl number (Pr = %), they have (a) relatively
low viscosity, and (b) relatively high thermal diffusivity (and, therefore, conductivity). Since heat conduction is the dominant mechanism of heat transfer
in the strongly stably-stratified layers at the bottom
surface, a relative increase in heat conductivity, due to

Physical effects of separate mechanisms can also
be seen from fig. 12, depicting local Nusselt numbers
for fluids with different Prandtl numbers. The higher
plateau of the local Nusselt number Nudn is related
to a-phenomenon of fluid with lower Prandtl number.
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Figure 9: Variation of the averaged Nu number over
the side walls of the square cavity with Ra number.

Figure 10: Variation of the averaged Nu number over
the bottom wall of the square cavity with Ra number.

The higher peakes of Nudn at periphery are related to
the ^-phenomenon of fluid with lower Prandtl number. Thus, the results of numerical analysis provide
a fairly plausible basis to explain the physical mechanisms which increase heat transfer to the lower wall
as the fluid Prandtl number decreases.

3.2

2D semicircular cavity

formulation.

Although data obtained for square cavity with
isothermal walls are important and useful to provide
insight into the physics, most of the geometries of
practical relevance are more complex. For instance,
most of the existing PWR-type reactors have a hemispherical lower head, whereas VVER-type reactors
employ an elliptic bottom in the torospherical lower
head. The majority of reliable experiments accounting for reactor-specific geometry have been performed
in semicircular slice-type cavities (Sonnenkalb, [26]).
Two-dimensional semicircular cavity appears to be a
good thermal hydraulic representation of the hemispherical pools ([29], [1], [26]). The effects of fluid
Prandtl numbers for hemispherical pools could, therefore, be explored in a semicircular two-dimensional

Figs.13-14 present the calculated averaged Nu
numbers on curved and flat walls for different fluids (Pr=0.6; 1.2; 1.4 and 7.0) together with the experimental correlations of Jahn and Reineke [11] and
of Mayinger [21], and the computational results of
Kelkar et al. [14]. The calculation results for Pr — 1
agree well with the experimental correlations up to
Ra = 1011. Beginning from Ra = 1010 the calculated upper wall Nu number deviates from experimental correlations. But the discrepancy does not
exceed 30% for Ra = 1012. The calculated local distribution of Nu number on curved bottom surface for
Ra = 1010 is compared to Jahn and Reineke's [11]
experimental data in fig.15. Again, the computed results are in good agreement with experimental data.
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Figure 12: Effect ofPr numbers on the local heat flux
distribution over the bottom wall of the square cavity
for Ra = 10 10 , Pr = 1.2 and Pr = 7.0.

Ra=l.E+10; Pr=1.2

dominated region, (in)) is lower for the higher Pr
numbers (fig.15). These dual effects compensate each
other in determining the independence of the averaged
Nudn on the Pr number. Again, one can observe v—
and a — phenomenon. Fig. 16 shows the calculated
temperature fields for Ra = 1010 and Pr = 7.0; 1.2
and 0.6. Fig. 17 presents the calculated temperature
fields for Ra = 1012 and Pr = 7.0 and 0.6. It can
be seen that regions of stably-stratified layers (Hi)
are diminished, in size, with decreasing Pr number.
Fig.18 presents the calculated Nu number distribution around the bottom for Ra = 10 12 . There is a
related to the a — •phenomenon peak in the Nu number distribution in the pole of cavity (-5° < <f> < 5°)
for Pr = 0.6. The increase of Nu number in the regions 5° < <j> < 45° and -45° < <f) < - 5 ° is the result
of the v — phenomenon. The two overt hollows in the
regions 5° < <f> < 15° and -15° < <f> < - 5 ° may be
related to flow stagnation. The effects of Pr number
on heat flux distribution increase with increasing Ra
number. While for Ra = 1O10 the v — phenomenon
causes the variations of Nudn numbers up to 70% and
the a-phenomenon changes Nudn up to 30% (fig.15),
for Ra = 1012 the local variation of Nusselt number
dn can reach 200% due to change in Pr numbers

v-phenomenon

Figure 11: Effect of Pr number on the isotherm patterns in the square cavity (Ra = 10 10 , Pr = 7.0 and
Pr = 1.2;.
The calculated averaged upward Nuup number
(fig. 14) slightly increases with increasing fluid Pr
number (about 10% in the Pr number range 0.6 to
7), while the averaged downward Nu number is not
affected by Pr number (fig.13). However, we observe
significant effects of fluid Pr number on local distribution of Nudn- While the Nu number in the upper
part of curved bottom (convection-dominated regions,
(ii)) is higher for higher Pr number, the Nu number on the very bottom part of cavity (conduction117
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Figure 13: Variation of the averaged Nu number over
the curved downward wall of the semicircular cavity
with Ra number.

Figure 14: Variation of the averaged Nu numbers over
the top wall of the semicircular cavity with Ra number.

in the range (0.6 -r 7); cf. fig.18. In contrast, heat
transfer at the upper part of the curved surface (ii)
is governed by convection. There, the lower Prandtl
numbers lead to thicker thermal boundary layers, decreasing, therefore, the corresponding Nusselt number.

were performed for the range of Ra numbers of
1014-hl015 in Finland [20]. We attempt to validate the
calculated natural convection heat transfer results in
elliptic cavities by comparing them to the Steinberner
and Reineke correlations (seefig.19). The computed
top and side wall Nu numbers are in good agreement with the Steinberner and Reineke correlations
(±30%). However, the side wall Nu number dependence on Ra number is sharper than that of the top
wall. This is explained by underestimation of upward
heat flux by laminar approach for -Ra = 1012. The
calculated, averaged, bottom wall Nu number is lower
than that predicted by the Steinberner and Reineke's
correlation, because of the difference in length scale
of the bottom parts of elliptical and square cavities.
Although, the Ra number range for the present calculations is two orders of magnitude lower than that of
COPO experiments, the calculated local distributions
of Nu numbers on the vertical and bottom walls are
in agreement with the COPO data (figs.20-21). The
absence of a peak close to the top wall, and the more
flat distribution on the vertical walls for the COPO
data may be explained by the higher Ra number (and
higher mixing in the upper region) achieved in the
COPO tests. In addition, a peak in the sidewards

3.3

2D elliptical cavity

Natural convection flows and heat transfer in elliptical cavities are quantatively similar to those in
semicircular cavities. However, the elliptical cavity has a larger horizontal portion of the downward curved surface than that of hemispherical or
semicircular cavities and, as result, it has larger
conduction-dominated region (Hi), and relatively
smaller convection-dominated part (ii). It is, therefore, expected that separate effects of a— and v —
phenomena in elliptical cavities are modified in comparison to those in semicircular cavities.
The COPO experiments, using water (Pr = 2.5—7)
as the working fluid in elliptical slice-type cavities
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riod of Nuup oscillations for Pr = 7. The same effect
is observed for Nusd variations. Probably, the higher
viscosity of the stratified bottom wall region accelerates its response to the penetration attack of the descending flows on vertical walls. Therefore, the time
periods of the Nusd oscillations for Pr = 7 are smaller
than that of for Pr = 0.6 (see fig.24). On the other
hand, the amplitude of Nusd variations for Pr = 0.6
is larger than that for Pr = 7. This might be related
to the less 'stiff' character of stratified fluid layers
with lower Pr number (lower viscosity) and higher
heat conductivity. More noticeable oscillations of the
local Nu numbers in fluid with lower Pr number can
be seen from figs.12, 15, 18 and 23, where t\ and <2
represent the extreme instants, when the overall heat
balance in the cavity is maximum or minimum.
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Figure 15: Effect of Pr number on the dimensionless
local heat flux distribution over the curved wall of the
2D semicircular cavity (Ra = 1010j.

3.4

heat flux near the top surface may not be determined
from the COPO measurements, in which nine cooling
units were used for the vertical part.
Effects of Pr number on the local Nu number distribution are similar to those of the semicircular cavity. However, because the stably-stratified region (tit)
for the elliptical cavity is larger than that for the
semicircular cavity, there is also an effect on the averaged bottom wall Nudn number (increase up to
10% with change of Pr number from 7 to 0.6 for
Ra — 1012). With decreasing Pr number the increase of Nu number in the conduction dominated
part (in) surpasses the decrease of that in the convection dominated part (ii). Fig.22 presents the temperature field for Ra = 1012. Local distributions of
Nusselt numbers on the curved bottom of the elliptical cavity are depicted in fig.23 for Rayleigh numbers
1010 and 1012. The time variations of the averaged
Nu numbers on cavity walls are presented in fig.24.
Because of the relatively higher viscosity for fluid with
Pr = 7, the thermals on the top wall appear more often (unsteady-state flow configurations in the upper
part of the cavity change more frequently) than for
fluid with Pr = 0.6. This leads to smaller time pe119

Three- dimensional semicircular and
hemispherical cavities

In order to confirm the Pr number effects discovered
by two-dimensional computations, three-dimensional
calculations for semicircular and hemispherical enclosures were performed.
The effects of threedimensionality on natural convection heat transfer,
and on the Pr number effects, are discussed in detail
in ref. [22]. Here, for sake of completeness, we provide
a summary of the main results.
The temperature plots in the middle z—crosssection of 3D semicircular cavity with slice thickness
of dz* = 0.25, Ra = 1012 and fluid Pr numbers 7 and
0.6 are presented in fig.25, while the Nu number local
distributions around the very bottom are depicted in
fig. 18. The freedom of movement in the z—direction
in 3D case results in smearing of the a—phenomenon
related peak observed prominently from 2D computations. Nevertheless, the f—phenomenon for 3D calculations has the same strong effect on local heat flux
distribution as that of 2D calculations.
From the temperature field in the z—cross-section
of hemispherical cavity (fig.26) and from the around
the bottom local Nusselt number distribution (fig.27),

one can observe that the Pr number effects are very
strong for hemispherical pool. A major feature of
the hemispherical geometry is that the cooled curved
pool wall converges at its bottom, enabling the possibility for interaction between descending boundary
flows at the lowest spherical segment. Since cross
areas decrease towards the pool bottom, heights of
stably-stratified layers affected by penetration flows
are larger at the lowermost part of the pool. Consequently, relative enhancements of the heat transfer rate should be largest at the pool bottom. This
can be seen in fig.27. Also, the ratios N ^ ° ^
of the hemispherical pool are larger than those of the
semicircular slices for angles <j> < 30°. In this sense,
the present 3D computational modeling indicates that
the fluid Prandtl number effect on the heat transfer is
even more significant in the hemispherical cavity than
in the semicircular ones.

4

Conclusion

The aim of this paper was to analyse of the physics
of natural convection in internally-heated fluid pools
with different Pr numbers, in isothermally bounded,
two-dimensional closed square, semicircular and elliptical cavities and three-dimensional semicircular and
hemispherical enclosures.

wall region and falling thermals from the unstablystratified top wall region. So some parts of the bottom layer for low Pr number fluids may not be stablystratified. In such cases, flow convection may become
the dominant heat transfer mechanism, leading to
higher Nu numbers. The other effect is from the relatively higher thermal diffusivity- a-phenomenon in
fluids with low Pr number. This leads to the higher
heat conduction rates in the stably-stratified regions.
The size of stably-stratified regions, and, therefore,
the extent to which separate phenomena dominate,
are very much dependent on the cavity geometry (curvature of the bottom wall) and the Ra number.
The Nusselt number around the bottom surface of
the square cavity is, thus, affected by the fluid Pr
number. Both the averaged Nu number and its local
distribution on the bottom wall are higher for lower
Pr number fluids. The curved downward wall of the
semicircular cavity can be divided into the convectiondominated part and the stably-stratified part. The
Nusselt number is lower in the convection-dominated
part and higher in the conduction-dominated part, as
the fluid Pr number decreases. These effects, however, cancel each other on the average and the overall
bottom wall Nu number is not significantly affected
by the fluid Pr number. Similar behaviour of the bottom Nu number was observed in cases with elliptical
cavity.
Three-dimensional computations for semicircular
and hemispherical cavities confirmed the fluid Prandtl
number effects discovered by two-dimensional computations. The geometrical 'convergence' of the curved
bottom wall in hemispherical enclosures leads to
stronger Pr number effects than those in a semicircular cavity.

From computational results it was found that the
fluid Pr number has small effects on the averaged
Nu numbers in the convection dominated regions.
The decrease of Pr number may cause the decrease
of Nu numbers on the top and side walls of cavities up to 30% for the Pr number range considered
(Pr ~ 0.2 -j- 7). In the conduction-dominated regions
(stably-stratified bottom part of enclosures) the influence of fluid Pr number on heat transfer is more
significant and it grows with increasing Ra number.
Fluids with lower Pr number have relatively low viscosity and high thermal conductivity in comparison
to those for fluids with higher Pr number. The low
viscosity (u-phenomenon) leads to the weak resistance
of the stratified layers to the penetration-attack of the
descending flows from the convection-dominated side

We recomend that simulant experiments using lowPrandtl-number fluids and pool configurations of interest, such as semicircular, elliptical or hemispherical cavities be performed. The objective will be to
validate the local Nu number effects found in this paper, and to account for them in correlations for the
averaged Nu numbers and their local distributions.
Computational analysis similar to that presented in
120

the paper has yet to be performed for high Ra numbers (10 13 -r 10 17 ), when a reliable turbulence model,
verified by an experimental data base, will be available.
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Nomenclature

V

P
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Arabic letters
Aspect ratio, H/W
A
Dammkohler number,
Da
DaKi^T.,e)
dz
Slice thickness, m
dz*
Dimensionless slice thickness,
dz* = %
Fo
Fourier number, Fo = at/H2
Gravitational acceleration, m/s 2
g
Total enthalpy, J/kg
h
Height of cavity, m
H
Height of the curved part of the
He
elliptical cavities, m
Nu
Nu = ,/rr^'^r
Averaged Nusselt number at cavity walls,
Nuup> Nu,d, Nudn
Relative Nusselt number,
Nu*

Is

R
Re

Ra
Rac
t
T
W
U

u
Y*

(T-T^)K

q, H3

Heat conductivity, W/mK
Dynamic viscosity, Pa-s
Kinematic viscosity, m 2 /s
Density, kg/m 3
Angle position on the SC, EC
or HC curved wall, °

Subscipts
ave
c
dn
i
sd
w
up

averaged
curved
bottom surface
either down, side or upper surface
side wall surface
wall
upper surface

List of abbreviations

COPO

Nu* = Nu/Nui
P
P
Pr

Thermal diffusivity, m 2 /s
Coefficient of thermal
expansion, 1/K
Kroenecker's delta
Dimensionless temperature,

Pressure, Pa
Dimensionless pressure, P = ^—Prandtl number, Pr = vja
Heat flux, W/m 2
Volumetric heat generation rate, W/m 3
Radius of cavity, m
Equivalent radius of curvature for
elliptical cavity (see [20]), m
Rayleigh number, Ra = ^ K | | g/3
Rayleigh number, Rac = ^J-gP
Time, s
Temperature, K
Width of cavity, m
Velocity, m/s
Dimensionless velocity, U = vH
Co-ordinates, m
Dimensionless co-ordinates,

EC
FL
HC
J
J&M
J&R
K&P
SC
SqC

S&R

Conditions of COPO
experiments
Elliptical cavity
Fluid layer
Hemispherical cavity
Jahn
Jahn and Mayinger
Jahn and Reineke
Kelkar and Patankar
Semicircular cavity
Square cavity
Steinberner and Reineke

References
[1] Asfia, F.J. and Dhir, V.K., 1994, Natural Convection
Heat Transfer in Volumetrically Heated Spherical Pools,
Proceedings of the OECD/ CSNI/ NEA Workshop on
Large Molten Pool Heat Transfer, Grenoble, France,
March 9-11, 1994.

Dimensionless vertical co-ordinate,
Y* = y/{H - He)

121

[2] Baker, L.Jr., Chasanov, M.G., Gabor, J.D., Gunther,
W.H., Cassulo, J.C., Bingle, J.D., and Masoori, G.A.,
1976, Heat Removal from Molten Fuel Pools, Proceedings
of the International Meeting on Fast Reactor Safety and
Related Physics, Chicago, Illinois, October 5-8, 1976.

[13] Kelkar, K.M. and Patankar, S.V., 1993, Turbulent
Natural Convection in Reactor Core Melt. Final Report,
Phase I SBIR, U.S. Nuclear Regulatory Commission,
March 1993.
[14] Kelkar, K.M., Khankari, K.K., and Patankar, S.V.,
1994, Computational Modelling of Turbulent Natural
Convection in Flows Simulating Reactor Core Melt, Final Report Submitted to Sandia National Laboratories,
Albuquerque, NM, December 1994.

[3] Chai, J., Seigford, K., Kelkar, K.M., and Patankar,
S.V., 1995, Computational Modelling of ThreeDimensional Natural Convection in Hemispherical and
Semicircular Cavities, Final Report Submitted to Sandia
National Laboratories, Albuquerque, NM87115, January
1995.

[15] Keyser, G., 1994, The SCARABEE BF1 Experiment
with a Molten UOi Pool and its Interpretation, Proceedings of the OECD/CSNI/NEA
Workshop on Large
Molten Pool Heat Transfer, Grenoble, France, March 911, 1994.

[4] CFDS-FLOW3D, 1994, Release 3.3, User Manual, June
1994.
[5] Cheung, F.B., 1980, Heat Source-Driven Thermal Convection at Arbitrary Prandtl Number, Journal of Fluid
Mechanics, Vol.97, part 4, pp.743-758.

[16] Kulacki, F.A. and Emara, A.A., 1975, High Rayleigh
Number Convection in Enclosed Fluid Layers with Internal Heat Sources, U.S. Nuclear Regulatory Commision
Report NUREG-75/065.

[6] Dinh, T.N. and Nourgaliev, R.R., 1995, On Turbulence
Modeling in Large Volumetrically Heated Liquid Pools,
J. Nuclear Engineering and Design (in press).

[17] Kulacki, F.A. and Emara, A.A., 1977, Steady and
Transient Thermal Convection in a Fluid Layer with
Uniform Volumetric Energy Sources, Journal of Fluid
Mechanics, Vol.83, part 2, pp.375-395.

[7] Dinh, T.N., Nourgaliev, R.R., and Sehgal, B.R., 1995,
On Heat Transfer Characteristics of Real and Simulant Melt Pool Experiments, Proceedings of the Seventh International Topical Meeting on Nuclear Reactor
Thermal Hydraulics NURETH-7, Saratoga Springs, NY,
September 10-15, 1995.

[18] Kulacki, F.A. and Goldstein, R.J, 1972, Thermal Convection in a Horizontal Fluid Layer with Uniform Volumetric Energy Sources, Journal of Fluid Mechanics,
Vol.55, pp.271-287.

[8] Emara, A.A. and Kulacki, F.A., 1980, A Numerical Investigation of Thermal Convection in a Heat-Generating
Fluid Layer, Transactions of the ASME, J. of Heat
Transfer, Vol.102, August 1980, pp.531-537.

[19] Kulacki, F.A. and Nagle, M.Z., 1975, Natural Convection in a Horizontal Fluid Layer with Volumetric Energy
Sources, Transactions of the ASME, J. Heat Transfer,
1975, Vol.97, pp.204-211.

[9] Frantz, B. and Dhir, V.K., 1992, Experimental investigation of natural convection in spherical segments of
volumetrically heated pools, Proceedings of the National
Heat Transfer Conference, San Diego, CA, August 9-12,
HTD, Vol.192, pp.69-76.

[20] Kymalainen, O., Tuomisto, H., Hongisto, O., and
Theofanous, T.G., 1993, Heat Flux Distribution from
a Volumetrically Heated Pool with High Rayleigh Number, Proceedings of the 6th Int. Topical Meeting on Nuclear Reactor Thermal Hydraulics, NURETH-6, Grenoble, France, October 1993, pp.47-53.

[10] Gabor, J.D., Ellison, P.G., and Cassulo, J.C., 1980,
Heat Transfer from Internally Heated Hemispherical
Pools, Proceedings of the 19th National Heat Transfer
Conference, Orlando, FL.

[21] Mayinger, F. et al, 1976, Examination of Thermalhydraulic Processes and Heat Transfer in a Core Melt,
BMFT RS 48/1. In German.

[11] Jahn, M. and Reineke, H.H., 1974, Free Convection
Heat Transfer with Internal Heat Sources: Calculations
and Measurements, Proceedings of the 5th Int. Heat
Transfer Conference, Tokyo, Japan, Vol.3, paper NC2.8.
[12] Kelkar, K.M., Schmidt, R.C, and
1992, Numerical Analysis of Laminar
tion of an Internally Heated Fluid in
Cavity, Proc. National Heat Transfer
Diego, HTD, Vol.192, pp. 355-364.

[22] Nourgaliev, R.R., Dinh, T.N., and Sehgal, B.R., 1995,
Natural Convection in Volumetrically Heated and SideWall Heated Melt Pools: Three-Dimensional Effects,
Proceedings of the IMACS-COST Conference on Computational Fluid Dynamics "3D Complex Flows", Lausanne, Switzerland, September 13-15, 1995.

Patankar, S.V.,
Natural Conveca Hemispherical
Conference, San

[23] Okkonen, T., 1994, In-Vessel Core Debris Cooling
Through External Flooding of the Reactor Pressure

122

Vessel, An invited overview paper, Proceedings of the
OECD/CSNI/NEA Workshop on Large Molten Pool
Heat Transfer, Grenoble, France, March 9-11, 1994.

Pr=7.0
[24] O'Brien, J.E. and Hawkes, G.L., 1991, Thermal Analysis of a Reactor Lower Head with Core Relocation and
External Boiling Heat Transfer, AIChE Symposium Series, No.283, Vol.87., pp. 159-168.
[25] Rempe, L.J. et al., 1993, Light Water Reactor Lower
Head Failure Analysis, NUREG/CR-5642, EGG-2618,
USNRC, October, 1993.
[26] Sonnenkalb, M., 1994, Summary of Previous German Activities and Status of GRS Program on In-Vessel
Molten Pool Behavior and Ex-Vessel Coolability, Proceedings of the OECD/CSNI/NEA Workshop on Large
Molten Pool Heat Transfer, Grenoble, France, March 911, 1994.

Pr=1.2

[27] Stein, R.P., Baker, L.Jr., Gunther, W.H., and Cook,
C, 1979, Heat Transfer from Internally Heated Molten
UO2 Pools, Proceedings of the Fourth Post-Accident
Heat Removal Information Exchange, pp.1468-1472.
[28] Steinberner, U. and Reineke, H.H., 1978, Turbulent
Buoyancy Convection Heat Transfer with Internal Heat
Sources, Proceedings of the 6th Int. Heat Transfer Conference, Toronto, Canada, Vol.2, pp.305-310.
[29] Theofanous, T.G., Liu, C , Addition, S., Angelini,
S., Kymalainen, 0., and Salmassi, T., 1994, In-Vessel
Coolability and Retention of a Core Melt, Peer Review
Version: November 1994, DOE/ID-10460.
[30] Turland, B.D, 1995, Debris Retention in the Lower
Head of a PWR by Cavity Flooding, Proceedings of the
Workshop on Severe Accident Research in Japan (SARJ94), Tokyo, Japan, October 31- November 1, 1994.

v - phenomenon

Figure 16: Effect of Pr number on the isotherm patterns in the semicircular cavity (Ra = 1010, Pr = 7.0,
Pr = 1.2 and Pr = 0.6).

[31] Tzanos, C.P. and Cho, D.H., 1993, Numerical Predictions of Natural Convection in a Uniformly Heated Pool,
Transaction of ANS, Vol.68, Part A, p.504.

123

70
60

Pr=7.0

s 40

7
Z30

v

- — Pr=0.6; 2D
0—© Pr=0.6; 3D

\

«-««Pr=1.4;3D

\A
O*X

Pr=7.0;2D
B — B Pr=7.0; 3D

/\
A
r f/
jy

\

\
\

\
\

\

/t
*//

/
7 <•

w

20
10

v-phenomenon
0
-30 -25 -20 -15 -10 -5

0

5

10 15 20 25 30

•

2IE+02
01E+02
BIE+O2
6OE+O2
4OE+O2
2OE+O2
OOE+O2

Figure 18: Effect of Pr number on the variation of
local heat flux over the curved wall of the semicircular
cavity for Ra = 10 12 .

Pr=0.6

102

— — Nu-up (J4M, SC, exp. correlation, Pr=6)
Nu-up<J&R,FL,exp. correlation, Pr=7)
Nu-sd (S&R, SqC, e*p. correlation, Pr=«)
Nu-dn (JAM, SC.exp. correlation, Pr=6)
V " "VNu-op (PRESENT WORK, EC, Pr=0.6)
D " DNu-sd (PRESENT WORK, EC, Pr=O.6)
O - - <>Nu-dn (PRESENT WORK, EC, Pr=0.6)
V
^Nu-up (PRESENT WORK, EC, Pr=7)
- • — B N u - s d (PRESENT WORK, EC, Pr=7)
# — • N u - d D (PRESENT WORK, EC, Pn=7)

s

v-phenomenon
10"
Figure 17: Effect of Pr number on the isotherm patterns in the semicircular cavity (Ra = 10 12 , Pr = 7.0,
0.6;.

10°

10

10"

10'
Ra

10"

10'

10'

Figure 19: Variation of the averaged Nu numbers over
the top, side and bottom curved walls of the elliptical
cavity with Ra number.

124

Pr=7.0

0.4
0.2 f

• COPO exp. data (EC, Ra=6.79E+14, Pr=3)
X COPO exp. data (EC, Ra=1.43E+15, Pr=3)
PRESENT WORK (EC, Ra=l.E+12, Pn=0.6)
V — V PRESENT WORK (EC, Ra=l.E+12, Pr=7.0)
PRESENT WORK (EC, Ra=l.E+10, Pr=0.6)
©--€> PRESENT WORK (EC, Ra~l.E+10, Pr=7.0)

0.0 0.1 0.2 03 0.4 0.5 0.6 0.7 0.8 0.9
Y*
3.I247E
3.O923E
3.059 BE
3.O274E
2.9949E.
2.9625E
2.93OOE

Figure 20: Comparison of calculated Nu number local
distribution on side wall of the elliptical cavity with
COPO experimental data.

Pr=0.6
• COPO «p. data (EC, Rarf.79E+U. Pr=3)
X COPO tip. data (EC, Ra=1.43F.+15, Prd)
PRESENT WORK (EC, Ra*l.E+U, Pn=0.t)
^PRESENT WORK (EC, Ra=l.E+12, Pt«7A)
PRESENT WORK (EC, Ra.l.E+10, Pn=0.«)
G—ePRESENTWORK(EC,R«=l*-l(l,PI=7.0)

J.IO59E + O3
3.OA32E+O3
3.O2O6E+O3
2.9779E+O3
2.9353E+O1
2.8926E+O3
2*5OOE+O3

0.0*

0

10

20

30

40

50

60

70

80

Figure 22: Effect of Pr number on the isotherm patterns in the elliptical cavity (Ra = 1012, Pr = 7.0 and
Pr = 0.6).

90

Figure 21: Comparison of calculated Nu number local
distribution on downward curved wall of the elliptical
cavity with COPO experimental data.

125

70

')
•

»!U=l.E+10,Pr=7.0,t2')
Ri=LE+l«,Pr=0.6,U")
T- - -TRisl.E+10, Pr=0.6,0")
X — X R«=l.E+t2, Pr=7.0, II')

60
50
a40

*30
20
10

Pr=7.0

0
-90 -75 -60 -45 -30 -15 0 15 30 45 60 75 90

2.95OOE+O2
2.9467E + O2
2.9433E+O2
2.94OOE+O2
2.9367E + O2
2.9333E+O2
2.930OE+O2

Figure 23: Effect of Pr number on the local heat flux
distribution over the curved wall of the elliptical cavity for Ra = 10 10 and Ra = 10 12 .

4UV

180

At ./ ^

160 '
140,

r'' ! \/"' \

120

80

•''-,•'

^ ^

Nti-dn; Pi~7.0
^
Nu-np; Pi-7.0
Nu-sd (rlBht wall); Pr.7.0
No-sd (htl mil); Pf»7.0
O—ONu-dn; Pr=0.»
"

-. _ _ •

U/

-°

0
S

.

-

Pr=0.6

1

v-phenomenon

^
-ONu-ad (right w«U); PnA*
A - -ANu-ad (kft wall); Pnrf> 6

60 ( >-Q o—o—^—e—o—°—e—©—©—©--<3—©—©—©—=

2.S63OE + O3

S43E+OJ
l5O0E*03

40
20
0
0.0000

0.0004

0.0008
Fo

Figure 25: Effect of Pr number on the isotherm patterns in the middle z— cross-section of the threedimensional semicircular cavity (Ra = 10 12 , Pr = 7.0
and Pr = 0.6, dz* = 0.25).

0.0012

Figure 24: Time dependent heat transfer characteristics in the elliptical cavity (Ra = 10 12 , Pr = 7.0 and
Pr = 0.6).

126

Figure 26: Effect of Pr number on the isotherm patterns in the middle z— cross-section of the threedimensional hemispherical cavity (Ra = 1012, Pr =
7.0 and Pr = 0.6).
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APPENDIX: SUMMARY OF EXPERIMENTAL AND CALCULATIONAL (THEORETICAL) CORRELATIONS

Table A-l: Summary of previous computational &; theoretical studies.

Reference

1

2

3
4
1

2

Mayinger et al.
(1976)
[21]
Cheung
(1980)
[5]
Emara& Kulacki
(1980) [8]
Emara&Kulacki
(1980) [8]
Kulacki et al.
(1978), cited from
Kelkar et al. (1992)
[12]
Kulacki et al.
(1978), cited
from Kelkar
et al. (1992), [12]

1

Tzanos et al.
(1993) [31]

1

Mayinger et al. (1976)
[21]
Kelkar et al.
(1994) [14]

2

Nu
Fluid layer
N u u p = 0.399 • R o u ' i J
ATudn = 1.163-Ho 0107
Nuup = 0.34 • fla023 • Pr°°si
Nuup ~ Raa'"'
Nuup ~ H a 0 2 4 5
25

Nuup ~ Ra° °
Nuup = 0.385-Ha""
Nudn = 1.131 R a 0 1 1 9
Nuup = 0.477 • Ra"21 • Pru

u41

Ra

Pr

105 H- 10*

6.5
6.5
0.04-^ 10

105H- 10 11
1012 4- 1022
> 10 23
10s -j- 10*
5 • 10J -r 5 - 10"

Vertical cylinder
Nuup = 0.414 • fin""5
6 • 10* -r 10*
Nudn = 1.406 Ra009

Nuup
NuuP
Nu,d
Nudn

=
=
=
=

0.523 • Raumj
0.808 - H a 0 1 7 6
0.311 -Ra0217
1.204-Ha 0081

5 • 10* -=- 5 • 10b
5 -10 6 -r 108
6 • 10* -r 108
6 10* 4-10 8

Semicircular segments
7Vudn = 0.455 • flau-'
< 10"
Spherical segments
Nuup = 0.4 • Rau'
7 • 106 -H 5 • 10 15
Nudn = 0.55 • .Ra0-2
^ u u p = 0.18-Ra0"'
10« 4- 10J«
Nudn = 0.1 • Ra02b
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~ 6.5
0.05 -H 20

~ 7

~ 7

|

Notes
cooled top
and bottom walls
T h e o r . investigation
cooled top wall
adiabatic bottom wall
cooled top
and bottom walls
cooled top wall
adiabatic bottom wall
horizontal walls
are cooled;
adiabatic vertical walls
H/R= 1
all walls
are cooled;
H/R1

~ 6

all walls are cooled

0.5

all walls
are cooled
all walls
are cooled

1

|

Table A-2: Summary of previous experimental studies.

II"1

2
3
4

6
7

8

1

2

3

Reference

Ro

Pr

Notes

Nuup = 0.526 • Ha 0 2 2 8

2 • 10 5 -=-6 • 10 s

6 T 7

0.29 < A < 1.65
cooled top wall
adiabatic bottom wall

Nuup = 0.436 • Ra.""*
Nudn = 1.503-Ra 0095
JVuup =O.78.fio"- i
Nudn = 2.14-Ra01
Nuup - 0.405 • Rau-'JM
Nudn = 1.484 -Ha 0 0 9 5

4 10* -^•10''

Nu

Fluid layer
Fiedler&Wille (1971),
cited from
Kulacki&Emara
(1977) [17]
Kulacki&Goldstein
(1972) [18]
Jahn&Reineke
(1974) [11]
Mayinger et al.
(1976) [21]
Kulacki& Nangle
(1975) [19]
Kulacki&Emara
(1975) [16]
Kulacki&Emara
(1977) [17]
Jahn (1975), cited from
Steinberner&Reineke
(1978) [28]
Steinberner&Reineke
(1978)
[28]
Steinberner&Reineke
(1978)
[28]

5

5.76 -H 6.09

1 • 10 -i- 1 • 10"

~ 7

8- 10 4 -f 1 • 10 aa

~ 7

Nuup = 0.305 • Ho 0 2 3 9

1.5- 10 5 -H2.5- 10 9

6.21 -^ 6.67

Nuup = 0.34 • Raa ••""
Nuup = 0.223 • R a 0 2 2 3 • Pr 0 - 239

< 2 • lO1-'

2.75 -f- 6.85

Nuup = 0.389 • RaP22S

2 • 10 3 -r 2 • 10 1 2

6-H7

Rectangular cavity
Nuup = 0.345 • Ra02J3
~5-1010
Nu,d = 0.6 -Ra 0 1 9
^ u d n = 1.389-Ho 0095
TVuup = 0.345 • Ra°•'•>*
5 1O12 -H3- 10 1 3
Nusd = 0.85 • Ra0-19
Nudn - 1.389 Ra 0 0 9 5
W«,<i = 0.85 -Ra 0 1 9

5
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10 1 2 H-3

10 1 3

cooled top
and bottom walls
cooled top
and bottom walls
cooled top
and bottom walls
0.05 < A < 0.25
cooled top wall
adiabatic bottom wall
cooled top wall
adiabatic bottom wall
0.025 < A < 0.5
cooled top wall
adiabatic bottom wall

~ 7

all walls
are cooled

. 7

A =1
all walls are cooled

~ 7

A = 1; adiabatic
horizontal walls;
cooled vertical walls
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Table A-2: Summsuy of previous experimental studies (continued).

| NZ
1
2
3

Reference
Jahn&Reineke
(1974) [11]
Mayinger et al. (1976)
[21]
Jahn (1975),
cited from
Sonnenkalb (1994) [26]

Nudn

Nu
Ro
Semicircular segments
10 7 ^- 10 11
= 0.6 • Ra"-1

Pr

Notes

~ 7

all walls are cooled

Nuup = 0.36 • RauiJ
Nudn = 0.54 • Ra° 18

10' -H 5 • 10 JU

~ 7

ATUdn = 0.54.fia° 1 8 -(£) U ' b

10 7 H- 5 - 1 0 1 0

~7

all walls
are cooled
0.3 < H/R < 1
all walls
are cooled

N Udn = 0.55-fia 0 1 5 -(f) 1 1

2 10 1 0 - r 2 - 1 0 n

~ 3

Free surface

Nudn ~ 0.55 Ra u i !

1 0 ^ -j- 1 0 "

~8

•(%)"'*

10 11 ^-10 1 4

~8

free top surface;
cooled curved wall
free surface

•(£)""

10nH-1014

~ 8

1 0 " H-10 J5
10 1 2 H-10 1 5
10 1 2 4- 1 0 "
10 1 3 -r 10 1 5

2.5-H 11

Spherical segments
1
2
3

4
5

Gabor et al.
(1980) [10]
Frantz&Dhir
(1992) [9]
Asfia&Dhir
(1994) [1]
Asfia&Dhir
(1994) [1]
Theofanous et al.
(1994)
[29]

Nudn

= 0.54-Ra°*

Nudn

= 0.54- Ro°2

+5 -j- 10%
Nuup ~ 0.345 - Rau -™3 ± 10%
Nudn = 0.02 • Ra° 3
Nudn = 0.048 R o 0 2 7
Nu2^ = 0.0038 • R a 0 3 5
Elliptical

1

1

Kymalainen et al.
(1993)
[20]
Kulacki et al. (1978),
cited from
Kelkar et al.
(1992) [12]

adiabatic top wall;
all walls are cooled
transient
cooldown
experiment

cavity

Nuup ~ 0.345 • Ro° •"•* ± 30%
Nu,d = 0.85-Ra 0 1 9

10 1 1 -r 10 15

all walls are
cooled

Ar Udn ^0.54.Ra2-«.(£)° 26
Vertical cylinder bounded from below by a segment oj sphere
Afu up ~ 2.278-Ra 0127
5 10 7 T 6 - 1 0 9
2.1 -H 5.9
Nuup =; 2.53 • Ra° 125
2 • 10 8 -=-2 • 1 0 n
2.7-H 7
N u u p ~ 1.225 Ro 0 1 6 6
2 10 1 0 H-7 10 12
2.3-H 6.8
Nuup~ 0.328 Ra 0 2 2 7
3 - 10 11 -7-8- 10 1 3
1.9-r 5.8
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0.2 < ^ < 1.4
cooled top wall;
adiabatic side and
bottom walls
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